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PREFACE 


Since the discovery of resonance radiation by R. W. Wood 
in the early part of the present century, a considerable amount 
of work, both experimental and theoretical, has been done in 
this field. With the exception of a few articles in the various 
handbooks of physics, each summarizing a small part of the 
subject, no comprehensive account of the theories, experiments 
and interpretations connected with resonance radiation has 
up to the present existed. As a result, conflicts in notation, 
experimental method and evaluation of results have arisen 
which have tended to impede progress. It is the purpose of 
this book to remove these conflicts, wherever possible, by 
presenting the theories connected with resonance radiation 
in an orderly manner with a systematic notation, and by 
adopting a unified point of view, compatible with modern 
quantum theory, in discussing and interpreting the experi¬ 
ments that have been performed. Wherever possible, a histori¬ 
cal summary has been given, but on the whole, this book has 
not been written from the historical point of view, but rather, 
from a critical one. Many of the topics which are treated have 
their roots so deeply entrenched in classical physics that a 
historical survey was found both impracticable and un¬ 
necessary. Instead, special attention has been paid to the 
principles and limitations of various methods of studying 
resonance radiation, and the existing discrepancies and out¬ 
standing problems yet to be solved have been critically 
discussed. Mathematical theory has been introduced into the 
text wherever it was pertinent, hut in oases where a mathe- 
matical treatment might be too cumbersome in the text, it has 
been relegated to an appendix. The bibliographies at the end 
of each chapter contain references to the most important ‘ 
papers published in the field, but no attempt has been made 
to list all of the early papers, inasmuch as these may be found 
in an excellent bibliography at the end of '^Fluorescenz und 
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CHAPTER I 


IlSrTROBUCTION 
1. GENERAL REMARKS 

The study of ‘‘resonance radiation” and related prolblems is 
a powerful means of obtaining information concerning the 
interaction of light and matter. In most cases conditions are 
so simple that it is possible to get an insight into the beha-viour 
of individual atoms, molecules and light quanta, and thereby 
to form a foundation on which to build the complicated struc¬ 
ture of physics and chemistry. Since “resonance radiation” 
is, as the name implies, a form of Hght, and since it is intimately 
connected with atoms and their structure, it will be necessary 
to give a brief description* of the present theories of light, 
atomic and molecular structure, and the “spectra” exhibited 
by atoms and molecules, before proceeding to the phenomena 
connected with “resonance radiation”. 

Until the beginning of the present century ah the known 
properties of light could be explained by the classical electro¬ 
magnetic wave theory developed by Maxweh and later 
brought to perfection by H. A. Lorentz. On this theory light 
was considered as vibrations in the “ether”, the plane of the 
vibrations being perpendicular to the direction of propagation 
of the light. This theory was able to explain in a beautiful way 
the phenomena of polarization, reflection, refraction and 
dihraction of light waves. Light is Imown to be “coloured”, 
white light being a superposition of a number of colours, and 
the colour is intimately connected with the above wave 
picture. Thus, a given colour is usually defined by its wave¬ 
length A, the distance between crests of the ether waves con¬ 
nected with it, measured (for the visible region at least) in 

* Only a cursory description, of atomic structure can be given in a book 
of this scope. It is hoped that what is said wiU be enough to enable the 
reader to understand what is to follow in the book. A number of books on 
spectra, atomic structure and atomic dynamics are at hand and the reader 
win be referred to these where supplementary study is desired. 
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Angstrom units (1 A. = cm.). The visible region extends 

from 3800 A. (violet) to 7700 A. (red), the near ultra-violet 
from 2000 A. to 3800 A. and the infra-red beyond 7700 A. 

In viewing light emitted from an incandescent solid through 
a prism spectroscope the colours are spread out into a 
‘‘spectrum” from violet to red. If the intensity varies 
gradually from one colour to another, the spectrum is said to 
be continuous. The intensity distribution as a function of 
wave-length for light from a hot solid is a function of the 
temperature of the body (heat radiation). On the other hand, 
if the source is an electrically excited gas or an electric arc, 
bright lines are seen on a dark background. This type of 
spectrum is knowoi as a “hne spectrum”. Sometimes the 
lines are very close together and have a “fluted” structure, 
in which case the spectrum is known as a “band spectrum ”. 
If, however, the source is an incandescent gas, like the sun, 
it is possible to observe dark lines against the bright back- 
groimd of a continuous spectrum. The lines are known as 
absorption lines and the spectrum as an absorption spectrum. 
By far the most important types of spectra are “line” and 
“band” spectra. The former is the radiation given off by 
atoms and the latter that due to molecules. In the present 
work we shall be more interested in the line spectra of atoms, 
so that a brief discussion of this phenomenon will not be out 
of place here. 

2. INTRODUCTION TO LINE SPECTRA 

2a. Chabactbristics of Line Spectra.* In the early part 
of the nineteenth century Fraunhofer discovered that the 
sun’s spectrum contained a great many dark lines. Later, 
Bunsen and Kirchhpff discovered that certain elements, when 
heated in a flame, emitted a spectrum consisting of groups of 
bright lines. They found at once that the groups of lines 
obtained were characteristic of the element in the flame. They 
also were able to identify certain of the emission lines of the 
flame with absorption lines in the sun. Later developments 

* See L. Paialing and S. G-oudsmit, The Structure of Line S'pectrai McO-raw 
Hill Book Company, Inc. 
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showed that a greater number of lines could be produced by 
exciting the atom to emission in an electrical discharge than 
in a hame, the complicated groups of lines that appeared 
being characteristic of the emitting element. 

Most atoms show a rather complicated spectrum, certain of 
them, however, notably hydrogen and the alkalis, exhibit 
simpler spectra whose wave-lengths are characterized by 
series relationships. Hydrogen, the simplest element, exhibits 
several different series of lines, each lying in a different 


spectral region. The frequency sec7^ = ^^, or the analogous 


quantity, the wave number 
series is given by 


^Z^cm7^ = ^^, of any line in these 



In this formula jK is a constant, known as the Rydberg con¬ 
stant (i2=: 109,677 cm7^), and is the same for all series, the 
numbers n and m being integers. In a given series n is fixed 
and m may range from n-^\ to oo . The number is 1 for the 
Lyman (ultra-violet) series, 2 for the Balmer (visible), and 3 
for the Paschen (infra-red) series, and so on. It is seen at once 
that the frequency of any line in any series is given by the 

jR R 

difference of two terms —x and —^ (Ritz Combination Prin- 

71^ Wb^ 


ciple), the two quantities being called term values. 

As is well known, Rohr was the first to give a theoretical 
derivation of formula (1). On the assumption that the electron 
of the hydrogen atom can move in only certain of the classi¬ 
cally allowed orbits characterized by quantum numbers n, I 
and energy , and that when an electron jumps from one orbit 
of energy to another of energy light of frequency 

— h — . 


is emitted, he derived formula (1) for v with the correct 
value of B. The quantum number I characterizes the angular 
momentum of the electron in its orbit, and may take values 
0, 1, 2, ... n—1. The orbital angular momentum of the atom 





4 


INTRODUCTION 


is —, where Ji is Planck’s constant. The quantum number n 

may take all values from 1 to oo. The derivation further 
shows that the term values of Ritz (in cmr^), when multiplied 
by he, are actually the energy states given by Bohr. Further¬ 
more, Bohr showed by means of his Correspondence Principle 
that, whereas the energy states depend only on the principal 
quantum number n, only those lines appear in which the 
angular momentum quantum number I changes by ± 1. This 
is known as the Selection Buie for 1. 

From Eq. (1) itwiU be seen that the wave-number separation 
between two lines becomes less and less as m-^oo. When m is 
very large the lines are said to approach the series limit. At the 
series limit the electron is so far removed from the atom that the 
Coulomb attraction between it and the nucleus is exceedingly 
small. In this condition the atom is said to be ionized. 

The alkali atoms, on the other hand, exhibit a series of 
doublets instead of the single lines of the hydrogen series. 
Bumping the two components of the doublets as one, term 
values can again be found whose differences will give the 
wave numbers of the lines in question. There are certain 
quantitative differences between the alkali and hydrogen 
spectra. An alkali atom consists of a valence electron and a 
number of inner shells of non-radiating electrons. IDue to the 
electrical screening effect of the internal electrons on the 
charge of the nucleus, and the occasional penetration of the 
valence electron into this atom core, states with a given value 
ofand different values of Z may have quite different energies. 
In hydrogen, on the other hand, the energy differences 
between states of a given n and different Z’s are quite small, 
indeed zero if relativity corrections are neglected. It is there¬ 
fore necessary in the classification of complicated spectra to 
designate the state by both quantum nuinbers n and Z. In 
spectroscopic practice it is customary to designate states as 
S, P, D, F, etc., where the letters correspond to the values of 
Z as follows: 

S P D F 

Z = 0 1 2 3 ... 
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To designate the state further it is customary to indicate the 
total quantum number of the state by placing it before the 
letter designating the value of I, thus IS, 6 P, 7 S, etc. 
indicate states whose quantum numbers are, respectively: 

n = l,l~0; ?^=6, 7=1; ? 2 ,= 7, ? = 0; etc. 

Furthermore, the frequencies of the lines emitted in various 
series are designated by 

v = nB — m'B Principal Series, n is fixed, m — n,n+l, ... oo. 
v = 9^P —mD 1st Subordinate or Diffuse Series, 

m — n, n+1, ... oo. 

V = '?^P — mS 2nd Subordinate or Sharp Series, 

m^n, ^4-1, ... oo. 

This schematic representation shows that the frequency of a 
line is given by the difierences of two terms or energy states, 
the lower energy state always being given first, the higher 
second, the order of the terms being independent of whether 
the line is an emission or absorption line.* 

The doublet, or fine structure, of the lines was first cor¬ 
rectly described by Uhlenbeck and Goudsmitf on the hypo¬ 
thesis of the spinning electron. Their theory postulates that 
an electron spins while revolving in its orbit somewhat as the 
planets spin as they revolve about the sun. The angular 

momentum due to the spin is ~ , where s~ ± 1/2. The spin 

2i7T 

angular momentum s therefore adds itself vectorially to the 
orbital momentum 1 to give a total angular momentum j: 

j=l+s. 

Since a spinning electron is a rotating electric charge it is 
equivalent to a little magnet. There will, therefore, be a 
contribution to the energy of a given state due to the inter¬ 
action of the electron spin (spin magnet) with the magnetic 
field (equivalent to a current) of the electron revolving about 

* TMs scheme seems to be the most generally accepted one and ■will be 
used in this book. Some authors prefer to designate emission lines by 
wP-->%S and absorption lines by nS->mP. 

t G. E. Uhlenbeck and S. Goudsmit, Naturwiss. 4i7, 953 (1925); Nature, 
117,264(1926). 
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the nucleus. This energy is different, depending on whether s 
is parallel or antiparallel to 1. If one assumes that the resultant 
spin for all the electrons forming the atom core is zero, i.e. 
that the spins of the electrons in the core neutrahze each other 
in pairs, there remains only the spin of the valence electron, 
in the case of the alkalis. With the exception of S states, 
which can he shown to be single, all states are actually double. 
There are, therefore, two states for every value of I (except 
Z = 0) with total angular momenta 

We can label our states in the following way: 



1/2 

3/2 

5/2 

7/2 

0 





1 





2 


^^ 312 . 



3 



“^6/2 



where the value of j is written as a subscript, and the super¬ 
script 2 indicates that the state is double, or a doublet. The 
new selection rules are A^* = ±1,0, with the exception that 
the transition j = 0 -^j = 0 is ruled out. These considerations 
explain why the alkalis show a doublet spectrum. The series 
notation may now be written 

Principal Series Doublets, etc. 

The alkaline earths, in the second column of the periodic 
table, are divalent, and hence have two valence electrons 
situated at some distance from the atom core. To each 
electron is ascribed orbital angular momenta and Zg 
spins % and Sg* most cases one combines the two spins 
vectorially to give the resultant spin of the atom. Thus 

s = H- S2, 


or 


5=0 or 1. 
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The orbital angular momenta are also combined into a 
resultant orbital momentum 

1 = ll + I 2 5 

where I takes all integral values from | 4 ~ I I 4 + I • 
The total angular momentum j is then found by combining 
I and .s according to the scheme 

Por 5= 0, it is clear that there is only one value of for a given 
Z, so that in this case the states are single, and single lines 
result from combinations of these states. 

On the other hand, when s—l, there are three values ofj 
for every I (except I —0), thus J = Z—1,Z, Z + 1, and triplet states 
result. By combination of these various triplet states with 
each other, a multiplicity of lines results, called multiplets. 
Some of the strongest lines in the alkaline earth spectra are 
due to a combination of triplet S states (J=l) and other 
triplet states resulting in the formation of triplet lines. The 
above theory explains the well-known fact that the alkaline 
earths exhibit spectra in which the strongest lines are singlets 
and triplets. The various states are designated by writing 1 
or 3 as superscripts to the left of the letter designating I, to 
denote singlet and triplet states, thus 

iSo, "Si, "Po, ^Pi, ^P2,etc., 
and the lines are designated by 

71 ^Pi- m , etc. 

'^"P2- 

Atoms containing more than two valence electrons may be 
built up in a manner similar to the one given above. In these 
cases various types of states, such as quartets, quintets, etc., 
may arise, depending on the number of external electrons in 
the atom. The multiplicity of the state is designated as above 
by putting a superscript before the symbol denoting the value 
of 1. 
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The theory farther predicts that the relative separation of 
the states j'" of a given multiplet should be 

= {j' (/ + 1) + 1) + 1)}* 


This rule is known as the interval rule and is of great value in 
assigning the value of j to the various multiplet states. 
Another principle which is of importance in analysing spectra 
relates to the relative intensities of lines within a given multi¬ 
plet. A simple statement, known as the sum rule of Ornstein, 
Burgers and Dorgelo, is as follows: The sum of the intensities 
of all lines coming from a given upper level (j) of a multiplet 
state is proportional to 2J-i-1, the quantum weight of this state. 


2b^ Eisteugy Level Diagrams. It has been found con¬ 
venient to make a diagram connecting the energies of various 
states with the quantum numbers of these states. Usually 
the energy of various states (see Fig. 1) is plotted as ordinate 
against the designation of the terms as abscissa. Thus the 

levels are usually plotted under each other, all levels 
under each other, etc., and the triplet levels are usually 
separated from the singlet levels. All observed spectral lines 
are represented by hnes connecting the two energy states 
involved in the formation of the line. The energy levels 
are given on the right of the diagram in wave numbers (cmr^) 
with the ionization potential, or series limit, taken as the 
zero energy state. The lowest, or normal, state of the atom 
would therefore have the highest term value. In 1913 Franck 
and Hertz* showed that electrons, which had attained an 
energy by being accelerated through a potential differ¬ 

ence F, lost no energy on collision -with mercury atoms if 
their energy was less than 4*9 volts. If, however, they had 
been accelerated through 4-9 volts, a large fraction of them 
lost aU their energy and the mercury vapour was foimd to 
emit the linef 2537. This experiment gave a definite proof of 
the existence of stationary states. It also created the custom 

* J. EVanck and G. Hertz, VerJi. d. D. PTiys. Ges. 15 , 34, 373, 613, 929 
(1913); 16 , 12, 427, 512 (1914); 18 , 213 (1916). 

t Whenever a spectral line is referred to by a number, this number will 
stand for the wave-length in AngstrSm units. 
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Fig, 1. Energy levels of mercnry 
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of expressing energy levels in volts, IFrom the conservation 
of energy we have 

eV = 1/2 mv^ = hv. 


or r = 


12336 


A (Angstroms) 


In accordance with this scheme the energy in volts of the 
various states is also given on the energy level diagram, the 
zero point of measuring energy being taken as the lowest or 
normal state of the atom. These energies in volts are given on 
the left of the diagram. 


2c. Metastable States. It will be noticed that there are 
certain states given on the diagram which are not joined to 
any other states by lines representing spectral lines, the 
reason being that the selection rules mentioned above do not 
allow electron jumps between the two states in question. If 
an atom is in such a state that it cannot jump to a lower 
energy state and emit radiation it is said to be in a metastable 
state. The atom must therefore stay in this state until it can 
give up its energy to another body by collision. The 
and states in the diagram are metastable states. 


2d. ISfoTioiT OF Mean Life of an Excited State. The 
existence of stationary states and the idea that the emission of 
a spectral line is due to the atom jumping from one stationary 
state to another at once raises the question as to how long, on 
the average, an atom stays in an excited state before returning 
to a lower state with the emission of radiation. The average 
length of time an atom stays in an excited state before return¬ 
ing to a lower state (if isolated and not subject to disturbing 
influences such as collisions) is known as the mean life of the 
atom in that state. As will be shown in Chap, m, the atom may 
be considered to have a certain probabihty of leaving an upper 
state 71 and jumping to various lower states m, emitting radia¬ 
tion, If the probabihty of a transition from a state n to m is 
■^nmi then the mean life is defined as the reciprocal of the sum 
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of the transition probabilities from the state n to all lower 
states m. Thus 



1 


nin 


in 


The quantity A^^tt related to the intensity of the line of fre¬ 
quency , and in some cases may be calculated theoretically. 

These probability considerations now allow us to make a 
slightly different interpretation of the selection rules. Instead 
of stating that a transition from one state to another in which 
AZ = 0, for example, is forbidden, it is more correct to say that 
the probability of a transition between the two states is small. 
If, now, an atom is in a so-called metastable state, it means that 
any quantum jump it may make violates a selection principle. 
The chance of leaving that state is therefore small and the 
mean hfe long. 


3- REMARKS ON FLUORESCENCE 

It has long been known that certain solids and liquids, when 
excited by monochromatic light of frequency v, will themselves 
emit hght, usually a continuous spectrum of frequencies dif¬ 
ferent from V. Such a process is termed fluorescence. Early 
work on gases showed that they exhibited fairly complicated 
band fluorescence when excited by various types of radiation. 
The fluorescence of sodium vapour was studied in the last 
decade of the nineteenth century. When excited by sunlight 
or light from a flame containing sodium chloride solution, 
which emitted the sodium Dlines(5890, 5896;3^Si/2~3^I*3/2,i/2)3 
sodium vapour exhibited a system of bands which we now 
know to be due to the Nag molecule. It was of course known 
at the time that sodium vapour strongly absorbs the two 
D lines, and furthermore classical theory predicted that 
sodium vapour, illuminated by the D lines, should also 
emit I) lines. Several investigators, among them Wiedemann 
and Schmidt [31], Wood [33,34] and Puccianti[2i], tried to find 
this effect but were unsuccessful for various reasons. 

Wood [33, 35], however, at a later date, succeeded in exciting 
the D line fluorescence in sodium vapour by the action of the 
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D lines themselves. He vaporized some sodium in an evacuated 
test-tube and illuminated this with, light from a gas flame con¬ 
taining NaCl solution, and observed a yellow fluorescence 
emerging from the tube from the point at which the exciting 
light entered. The cone of fluorescent light extended some dis¬ 
tance back from the wall of the tube, but as the temperature 
of the test-tube was raised and the vapour pressure of sodium 
increased, the length of the fluorescent cone decreased, so that 
at high vapour pressures the fluorescent light was confined 
to the inner surface of the wall through which the exciting 
light entered. Spectroscopic investigation of the fluorescence 
showed that it contained only the two T) lines. He termed this 
fluorescence resonance radiation^ since it was predicted by the 
classical theory of a light wave vibrating with the same fre¬ 
quency as the dipole oscillations of the medium. It is clear from 
this experiment that the failure of the earher attempts to 
find resonance radiation was due to the fact tjiat the vapour 
pressure of sodium in the tube was too hish. 

Ihe meaning of the experiment can be made clear on the 
basis of the quantum theory with the help of the energy level 
diagram of sodium (Pig. 2). The normal state of the sodium 
atom is the 3 state. When a continuous spectrum of light 
of wave-lengths from 2000 to 6000 is sent through a quartz cell 
containing sodium vapour, it is found that only the lines of the 
principal series are absorbed. This is to be expected, since at 
ordinary temperatures all sodium atoms in the tube are in the 
normal state and the principal series is the only series ending 
on the ground state. In Wood’s experiment, atoms in the 
normal state absorbed the I) lines and were thereby raised to 
the and states. (Other lines of the principal series 

did not pass through the glass walls of the tube..) Excited atoms 
in the 3 ^P states then reverted to the 3 ^Si /2 state, emitting the 
I> lines as fluorescence. 

a definition one may say that if atoms in the normal state 
absorb hght of a certain frequency, and subsequently re-emit 
light of the same frequency, the emitted light is termed re- 
sonance radiation. In terms of the energy level diagram it will 
be seen that resonance radiation will occur when an atom 
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Fig. 2. Energy levels of sodium. 
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reaches a higher state from the lowest state hy absorption of 
one quantum of light and returns to the same state by the 
emission of one quantum of radiation. The term fluorescence 
is usually reserved for those cases in which an atom, which has 
reached some higher state from a given lower state by the 
absorption of a quantum Jiv, returns to a different lower state 
with the emission of Hght of a different frequency • Many 
examples of fluorescence and resonance radiation of mon¬ 
atomic vapours are known and will be discussed in the following 
sections- 

4. QUALITATIVE INVESTIGATIONS OF BESONANCE 
RADIATION AND LINE FLUORESCENCE 

4a.. Resonance Radiation. The resonance radiation of 
sodium has been very thoroughly investigated by Wood [33, 34, 
35,39, 41] and Runoyer [8,9, lo] in the manner already described. 
Runoyer further showed that resonance radiation could be 
obtained from a beam of fast-moving sodium atoms. He ar¬ 
ranged to illuminate an atomic beam and to observe the 
resonance radiation at right angles to the exciting light and 
also at right angles to the direction of motion of the atoms in 
the atomic beam. He showed that resonance radiation was 
emitted from the point at which the exciting light crossed the 
atomic beam, and that there was little or no spreading of the 
resonance radiation in the direction of the motion of the atoms, 
thereby proving that resonance radiation is definitely due to 
sodium atoms and that the time between absorption and 
emission of light must be quite short. 

Lithium vapour was also shown to emit resonance radiation 
by Bogros [3]. He illuminated a beam of lithium atoms with 
light from a Bunsen burner fed with LiCl solution and found 
the jfirst line of the principal series (6708; 2 ^ 81 / 2—2 ^^ 2 ) in 

resonance. The reason for using an atomic beam in this case 
is that hthium vapour attacks glass at the high temperatures 
necessary to give a sufidcient vapour pressure with which to 
perform the experiment. 

The resonance radiation of mercury has been very exten¬ 
sively studied by a great many investigators. Wood [37] first 
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showed in 1912 that mercury vapour, at a vapour pressure 
corresponding to that at room temperature, when illuminated 
hy light from a quartz mercury arc emitting an unreversed line 
(see Chap, i, § 5) of wave-length 2537 (6 ^Sq— emitted this 
line as resonance radiation. IsTumerous experiments have been 
performed on the resonance line of mercury and they will be 
described in detail in the later sections of this book. The energy 
level diagram for mercury (Pig. 1) shows that the singlet line 
1849 (G^Sq—6 ^Pi) should also he a resonance line, since it ends 
on the ground state. It was very difficult to obtain this line in 
resonance, as it is absorbed to a great extent by the oxygen of 
the atmosphere and also to some extent by the quartz ap¬ 
paratus needed to perform the experiment. Pump [23] was, 
however, finally successful in obtaining this line in resonance. 
His apparatus consisted of the usual quartz mercury arc and 
quartz resonance tube containing mercury vapour. The entire 
light path from arc to resonance tube to spectrograph was en¬ 
closed in tubes. Through these tubes, as well as the spectro¬ 
graph, he circulated COg gas, which does not absorb the line 
1849. By this method he was able to show that the line actually 
appeared as resonance radiation. 

The spectrum of cadmium and zinc is similar to that of mer¬ 
cury. Each element shows two resonance lines, a singlet line 
Cd 2288 ( 51 S 0 - 51 P 1 ); Zn 2139 (4iSo-4iPi) and an inter¬ 
combination hne Cd 3261 (S^Sq—S^P^l); Zn 3076 (4^So— 
Terenin[29] was able to obtain both lines 3261 and 2288 in 
resonance, when the exciting light source was a vacuum arc in 
cadmium. He was able to obtain good intensities of both lines 
at a vapour pressure of cadmium corresponding to 150° C. 
He further showed, by using filters to cut out the 2288 line 
from the source, that only 3261 appeared in resonance. He 
was also able to show that if the tube was excited by light 
containing 2288 and not 3261, only the former line appeared. 
By measuring the intensity of the 3261 line in resonance as a 
function of the vapour pressure of cadmium in the tube, he 
found that the intensity at first increased as the vapour pres¬ 
sure increased, reached a maximum, and then began to decrease 
with increasing vapour pressure. The maximum intensity 
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appeared at a vapour pressure of 4 x 10 "“^ mm. The decrease in 
intensity of the resonance radiation obtained by increasing the 
vaponr pressure beyond the point of maximum intensity is due 
to absorption of the 3261 hne by cadmium atoms between the 
centre of the exciting beam and the window of the resonance 
tube through which the radiation is observed. 

A similar experiment was performed with zinc vapour 
[20 , 27 , 32], showing that the two hnes 2139 and 3076 appeared 
as resonance hnes. Ponomarev and Terenin[ 20 ] showed that 
these two hnes could be obtained when the vapour pressure 
of zinc was 5x 10 “^ mm., corresponding to a temperature of 
280° C. 

46. Resoitance Radiation and Line Fltjoresoenoe. 
The energy levels of a large number of atoms are such that they 
exhibit both resonance radiation and hne fluorescence. In 
these cases the energy level diagram of the atom shows several 
low-lying states, aU but one of which are metastable. Such an 
atom may absorb a given hne from the source, thereby arriving 
at some higher level, in accordance with the selection rules, 
from which it may return either to the lowest state emitting 
resonance radiationpr to one of the low-lying metastable states 
emitting fluorescent lines of longer wave-length than that of 
the hne absorbed. The fluorescence of thaUium vapour, first 
investigated by Terenin[29], is an example. 

The energy level diagram of thaUium (Pig. 3 , showing only 
the lowest states) indicates that thaUium has two absorption 
hnes 3776 ^ 8 ^ 12 ) and 2768 (e^P^y^-^^Ps/a)- If the atom 

absorbs 3776, it reaches the state, from which it may 

revert to the normal state emitting the resonance hne or may 
return to the metastable 6 ^Pgy^ state with the emission of the 
fluorescent hne 5350. A similar situation arises if the atom has 
reached the 62 ^ 3^2 state by absorption of 2768, the two hnes 
2768 ( 6 ^Piy 2 “f ^^ 3 / 2 ) 3530 (b^Pa/a—being emitted. 

Terenin showed that, if the vapour, contained in a quartz tube 
at a vapour pressure corresponding to 450° C. to 500° C., be 
iUuminated by hght from a quartz thaUium arc, the four hnes 
mentioned above are re-emitted by the vapour. The inter- 
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position of a jfilter, transparent to the green but opaque to 3776 
and lower wave-lengths, between the source and the resonance 
tube resulted in the obliteration of all fluorescence. Both lilies, 
however, appeared when a Alter transparent to 3776 but not to 
5350 was used, thus showing the correctness of the assumed 
process. 

Terenin also investigated the fluorescence of lead, bismuth, 
arsenic and antimony, the results of which are set forth in 
Table III. The case of antimony is an interesting one, since the 
metal readily forms molecules Sbg in the gaseous state. For 



this reason the absorption spectrum was not well known, since 
in it the lines were confused with the molecular spectrum. 
Terenin investigated this case by the method of fluorescence, 
superheating the vapour to suppress molecule formation. 
(Furnace temperature 1100° 0.; temperature controlling 
vapour pressure of antimony 200° C.—350° C.) A number of 
lines were seen in fluorescence. In order to distinguish between 
resonance lines andfluorescent lines and to tell which transitions 
were responsible for each, he developed the very ingenious 
method of “crossed spectra”. He excited the fluorescence 
through a dispersive prism in such a way that the mono¬ 
chromatic images of the slit reached the resonance tube spread 
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out in a vertical plane. The images of the fluorescent light from 
the tube were projected on to the vertical slit of a spectrograph, 
which was set up in the usual way with the direction of dis¬ 
persion horizontal. A photograph of the fluorescence taken in 
this way showed a square array of “ spectral points ’% spectral 
images of the different exciting beams entering the resonance 
tube. The spectrum of the fluorescence contained the hnes 
2878, 2770, 2598, 2528, 2671, 2811. On the photograph the 
lines 2878 and 2311 appeared to be excited by 2311; 2671 and 
2770 by 2176; and 2598 by 2068. The other lines appearing on 
the plate were probably due to scattered light. The lines 2176 
and 2068 did not appear on the plate, probably due to the fact 



Fig. 4. Liow-lying energy levels of antimony. 

that they are resonance lines and are weakened by self¬ 
absorption. The energy states involved in the process have 
since been found to be those given in Tig. 4. It is a significant 
tribute to the power of the fluorescence method employed by 
Terenin that he was able to give a correct picture of the posi¬ 
tion of the lower energy levels of antimony at a time when the 
spectrum was little known and that later work has confirmed 
his results. 

There remain to be discussed two cases in which higher 
series member lines of alkali atoms have been excited and emit 
resonance radiation together with certain fluorescent lines . 
The two elements are sodium, studied by Strutt [28], Christen¬ 
sen and Hollefson HI], and caesium, studied by Boeckner [2], 

In examining the second members of the principal series of 
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sodium, 3302*34, 3302-94 (S^Si/g— 4 r^Pi/ 2 , 3 / 2 )j Strutt, and later 
Christensen, and IRollefson, used a vacuum arc in sodium as a 
source. The arc was fitted with a quartz window and the re¬ 
sonance vessel was made of quartz, so that sodium vapour 
could absorb both the first and second members of the series. 
Usually a monochromator was used so that the vapour could 
be excited by the 3303 doublet alone. The fluorescent light was 
found to contain both the ultra-violet doublet and the D lines. 
The emission of the ultra-violet doublet is clearly a case of pure 
resonance radiation, whereas the emission of the T> lines may 
be accounted for by a process of the following type. Atoms 
excited by the absorption of 3303 to the 4 ^Pi/ 2 , 3/2 states instead 
of returning to the normal state by the emission of 3303 
(resonance radiation) may take the path 

(1) 42P-^42S-!-32p^32S 

or ( 2 ) 42P-^32D->32P->32S. 

In either of these cascade-like emission processes the last step 
results in the emission of the D lines. The separate steps of 
either process ( 1 ) or ( 2 ) involve the emission of certain infra¬ 
red lines. The probability of emission by route ( 1 ) relative to 
that by the direct route was found by Weiss [30a] to be 25 to 1, 
but by Christensen and Rollefson [7] to be about equal- The 
reason for this discrepancy is at present unknown. 

A similar case was studied by BoecknerES] in caesium. 
Through the discovery that the strong helium line 3888 coin¬ 
cides with one of the doublet components of the third member 
of the principal series in caesium, 3888 * 6 ) 

Boeckner was able to excite the caesium line by using a helium 
discharge tube as source. The advantage of this source is that 
it gives a strong exciting line exhibiting no self-reversal. The 
line 3888*6 (6 ^Si/ 2—8 ^Pi/ 2 ) appeared in resonance, but the other 
member of the doublet, 3876-4 8 ^P.j/a), did not, since 

it is so widely separated from the longer wave-length com¬ 
ponent as not to be excited by the helium line, furthermore, 
the cascade process described above was also found to occur 
in caesium, since the first member of the series 8521-1 
6 ^P 3 / 2 ) was also found. Here, in contradistinction to the case 
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of sodium, some of tlie intervening steps of the process were 
definitely shown. Since the hnes 7609 7944 

(G^Pgyg—S^Si/a) appear on the plate the most probable process 
appears to be S^P-^ 6^8. The intensity of the 

resonance line 3888*6 was about the same as that of the 
fluorescence line 8521, indicating an eq[ual probability for the 
direct and the cascade process. 

5. SOURCES POR BXCITINa RESONANCE RADIATION 

Before describing any further experiments on resonance 
radiation it may he well at this point to discuss the theory and 
construction of sources for exciting resonance radiation. To 
understand the properties of such sources the following con¬ 
siderations are necessary. The conception of strictly mono¬ 
chromatic light is a useful and necessary part of theoretical 
physics, hut represents an abstraction that is impossible of 
experimental reahzation. The light emitted by a group of 
motionless atoms, far apart, constitutes a wave train that is 
continually suflering interruptions, and has therefore a finite 
spectral width. The added efleet of the motions of the atoms 
and their mutual interactions is to produce a spectral line, that 
is, a distribution of light intensity over a range of wave¬ 
lengths which has a maximum at some particular wave-length 
(designated as the wave-length of the spectral line) and grades 
ofl to zero on both sides of the maximum. The portion of the 
fine in the i mm ediate neighbourhood of the maximum we shall 
designate roughly as the centre of the line, and the further 
portions as the edges. 

If the light from a group of excited atoms could issue from 
a tube without further ado, all such sources of light would be 
equally suitable for the excitation of resonance radiation. This, 
however, is unfortunately not the case. In the usual source of 
so-caUed “monochromatic’’ hght, such as a flame or an arc, 
there is a central hot portion where most of the electrical or 
thermal excitation is taking place, and an outer, cooler, less 
excited portion which is capable of absorbing the light emitted 
by the central part. Even this would not be serious were it not 
for the fact that this outer portion is capable of absorbing the 
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centre of the line to a much greater extent than the edges. 
This phenomenon will be considered in great detail later, but 
it is sufficient at this point to emphasize that the line emitted 
from a source under these conditions consists of a distribution 
of intensity in which there are two maxima on either side of 
the centre of the line, and a minimum at the centre. Such a line 
is said to be “self-reversed’’, and the phenomenon is called 
“ self-reversal ”. If the line has a hyperfine structure, then each 
component exhibits self-reversal. Tor example, an analysis by 
an instrument of high resolving power of the 2537 line from an 
ordinary mercury arc indicates ten separate maxima, which 
can be shown to be five self-reversed hyperfine structure 
components. 

Since the outer portion of an arc consists mainly of normal 
atoms, only spectral lines terminating at the normal state will 
exhibit marked self-reversal. Consequently self-reversal is a 
convenient aid to the spectroscopist in recognizing resonance 
lines. When it is desired, however, to excite resonance radia¬ 
tion in a group of unexcited atoms, it is essential that the 
exciting light he unreversed, inasmuch as precisely that missing 
portion of a self-re versed line is the portion that is effective. 
We have therefore two general conditions that must be ful¬ 
filled by a lamp which is to be used for exciting resonance radia¬ 
tion, namely: (1) the resonance lines must be intense, and 
(2) the resonance lines must show no self-reversal. 

5 a. Auos WITHOUT Foreigh Gas. The first arc ever designed 
for exciting resonance radiation, and one that is still used to a 
great extent to-day, is the water-cooled, magnetically deflected 
quartz mercury arc developed by Wood. In its present form 
it consists of an ordinary quartz mercury arc of the vertical 
type (manufactured by Heraeus, Hanovia, General Electric 
Vapour Lamp Company, etc.) with the cathode end immersed 
in water. A weak magnetic field is used to press the arc stream 
(and therefore the emitting layer) against the front wall, and 
a large inductance and a resistance are put in series with the 
lamp, the former to keep fluctuations as small as possible and 
the latter to keep the current as low as possible. Although this 
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lamp is very effective in exciting resonance radiation (2537) in 
mercury vapour, it has the disadvantage of not being steady, 
particularly when running at low current. A similar arc con¬ 
taining an alloy of cadmium and tin has been used with some 
success by Bates [i] to excite cadmium resonance radiation 
(3261). 

Mitchell [16] used an arc with a hot cathode in zinc vapour 
for producing the resonance lines which were capable of ex¬ 
citing zinc resonance radiation. An outside oven was used to 
vaporize the zinc, and a voltage of 110 volts was established 
between the oxide-coated cathode and the plate. With a plate 
current of about 5 amperes, the zinc spectrum was very in- 
tense. With such a lamp care must he taken that the plate does 
not sputter the inside walls of the tube and diminish their 
transparency, and also, to avoid self-reversal, the layer of 
unexcited vapour lying between the emitting layer and the 
exit window must be made as small as possible. 

56. Arcs with Statioitahy FoREiaH Gas. It is an im¬ 
portant result of the researches of many investigators that the 
ions, electrons and metastable atoms present in an inert gas 
arc discharge are very effective in exciting the arc lines of a 
metallic vapour mixed with the inert gas. The phenomenon 
is most surprising. The inert gas carries the discharge, which 
remains quite constant, but the spectral hnes emitted belong 
almost entirely to the admixed vapour. For example, when 
mercury vapour is present in a helium discharge, the helium 
lines are very faint, and the mercury lines very strong. This 
fact has been used in five different ways in the construction of 
sources for exciting resonance radiation. 

The first tube employing this principle was described by 
Ellett[ii] and used by him to excite sodium resonance radia¬ 
tion. In the hands of others it has been used to excite resonance 
radiation in the vapours of Zn, Cd, Cs, K, T1 and Hg. In the 
EUett tube a high voltage discharge (about 3000 volts) between 
two hollow cylindrical electrodes is maintained across hy¬ 
drogen which streams slowly from one end of the tube to the 
other. Sodium vapour, issuing ffom some solid sodium con- 
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tained in a side tube and heated by an outside oven, enters 
the hydrogen stream at about the middle of the tube. At this 
point a sodium glow appears, which is effective in exciting 
sodium resonance radiation. 

In the Schuler [26] tube, a hollow cylinder of nickel is used as 
a cathode and a small amount of the substance whose arc 
spectrum is to he investigated is placed inside. The tube is 
filled with an inert gas, and a high voltage discharge is pro¬ 
duced. The cathode is heated by positive ion bombardment to 
a sufficient extent to vaporize the substance within, and the 
vapour thus formed is excited by collisions with the inert gas 
atoms and ions. To prevent the cathode from becoming too hot 
it is cooled by water or in some cases by liquid air. This type of 
tube was used by Mitchell [16] to produce the zinc resonance 
lines which were found to be quite effective in exciting zinc 
resonance radiation. Inasmuch, however, as there are simpler 
types of tubes that are just as good for exciting resonance 
radiation, the Schuler tube is not used very much for this 
purpose, being reserved mainly for hyperfine structure in¬ 
vestigations where, because of the liquid air cooling, it gives 
extraordinarily sharp lines. 

Kunze’s [is] tube differs from the Schuler tube only in that 
the substance whose vapour is to be excited is contained in a 
side tube where its temperature (and hence the vapour pres¬ 
sure) can be accurately controlled. The tube is filled with a few 
milhmetres of an inert gas and a discharge of from 220 to 240 
volts is estabhshed across two hollow cylindrical iron electrodes 
by using a high frequency spark to start the discharge. Between 
the electrodes the tube is constricted into a short capillary, 
from which most of the light is emitted. When very great in¬ 
tensity is not desired this lamp is to be recommended, but if 
the current is made large, the current density in the capillary 
may become large enough to broaden the resonance line and 
thereby reduce the intensity at its centre. 

A very intense source of practically unreversed light has 
been devised by Pirani [i9] and has been placed on the market. 
A schematic diagram is shown in Pig. 5. An inner tube con¬ 
taining solid sodium and a few millimetres of an inert gas is 
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fitted with, two oxide-coated filaments. This is surrounded by 
a second tube and the intervening space is evacuated. To start 
the lamp a current of a few amperes is sent through both 
filaments for a moment until they are red hot, and then this 
current is shut ofi at the same time that an alternating voltage 
of about 110 volts is established across the two filaments. An 



5. Tlie Pirani lamp. I’ig- 6. Tiie Houterman’s lamp. 

arc strikes and keeps the filaments hot without the necessity of 
sending current through them. As the inner tube warms up, 
the sodium vaporizes and the whole inner tube glows with 
sodium fight. Because of the surrounding vacuum, the inner 
tube is at practically a uniform temperature, and very little 
self-reversal is produced. The Tirani lamps have been made 
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for cadmium and magnesium as well as sodium, and will 
presumably work with other materials as well. 

Houtermans [14] has recently described a modification of the 
Pirani lamp in which the necessity of the outer tube has been 
obviated. The central portion of the tube has been constricted 
to the form of a flat slab about two millimetres thick (seePig. 6). 
Because of its thinness this slab of glowing vapour is at prac¬ 
tically a uniform temperature, and measurements of Houter¬ 
mans indicate that practically no self-reversal takes place. The 
substance to he vaporized is placed in a side tube and kept at 
a known temperature by an outside oven. With mercury, the 
side tube was placed in water. The lamp is filled with from 
three to four millimetres of argon and a potential of about 180 
to 200 volts A.c. is used. (The discharge is first started with a 
‘%igh frequency spark”.) The current should not exceed 3-6 
amperes. Various tests indicate that the breadth of the lines 
emitted by this lamp is determined entirely by the Doppler 
effect, and consequently, once the temperature and the absorp¬ 
tion coefficient of the emitting vapour are known, the actual 
line form can be calculated (see Chap, iii, § 3<z). With mercury 
in the side tube, both resonance lines 2537 and 1849 were 
obtained, whereas with magnesium, the inter-combination 
resonance line 4571 was missing, perhaps because of impurities 
that were present. 

5 c. Arcs with CiRCXJLATi]sra Poreign^ Gas. In the lamps 
of Klunze and of Houtermans, the material whose vapour is to 
be mixed with the foreign gas is contained in a side tube, the 
temperature of which is controlled from the outside by suitable 
cooling or warming devices. With mercury, these lamps are 
particularly effective because a satisfactory vajDour pressure 
is obtained when the side tube is immersed in water at rooni 
temperature. Under these conditions no mercury condenses 
on the walls of the tube proper because these walls are main¬ 
tained at a higher temperature by the arc discharge. In using 
such lamps with materials which have to be heated to a high 
temperature to give sufficient vapour, it is necessary to run 
the arc at a high current to prevent condensation on the exit 
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window. It is not expedient, however, to use a high current 
because of the attendant broadening of the lines. It is there¬ 
fore worth while to construct an arc to be operated at low 
current, allowing the portion of the tube in the neighbourhood 
of the exit window to remain cool with no condensation, how¬ 
ever, taking place on these cool surfaces- This is achieved by 
circulating an inert gas (across which an arc discharge is 
established) in a direction from the exit window toward the 
stream of hot vapour which issues from the heated solid or 
hqLuid. The first arc of this type was invented by Cario and 
Lochte-Holtgreven [5]. In its present form, developed by 
Ladenburg and Zehden [42], it can be operated on 220 volts n.c. 



and with a current of horn 80 to 100 milliamperes. A schematic 
diagram of the improved Cario-Lochte-Holtgreven lamp is 
given in Fig. 7. The metal, whose resonance lines are desired, 
is distilled through the tube A into the cathode G, which is a 
small iron boat. From three to five millimetres of an inert gas 
are introduced and circulated in the direction of the arrows by 
a circulating pump. The iron cathode is first outgassed by a 
heavy discharge, and then fresh gas is introduced. This may 
have to be done several times. Once the system is outgassed the 
tube should run on a voltage around 220 volts, provided the 
discharge is started with a high frequency spark. The oven, 
indicated by dotted lines, can be made as hot as the glass tube 
will stand. 

The features of this lamp are as follows: (1) No matter how 
hot the oven is, the exit window remains at room temperature 




IliTTB O I> ITCTIO ]Sr 


27 


and can therefore be sealed to the tube with ordinary cement. 
(2) The emitting layer of vapour is in the hottest part of the 
oven and is practically at a uniform temperature. (3) There is 
no layer of unexcited vapour between the emitting layer and 
the exit window. (4) The current can be varied by an external 
rheostat and the vapour pressure can be varied by varying 



the oven temperature, both adjustments l>eing irHl<‘peii(leiit.. 
(5) Once the tube is operating properly no acljiistmentH ai-d 
necessary and no deterioration occurs. (Witli sodium in tln^ 
tube, Zehden operated this lamp for more tluin two yeai’s 
without the slightest deterioration.) 

In Fig. 8 a diagram of the connection to tlie tjiroulai ing |)tim|> 
is given. 

The modification of the Cario-Loehte-Holtgrcven Jain|> 
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described by CkristerLseii and RollefsonCS] has the objection 
that the emitting layer of "vapour is half in the oven and half 
out, so that a temperature gradient exists which must produce 
some self-reversal. The emitting layer also is more than 10 cm. 
long, whereas in the Ladenburg-Zehden modification it is only 
about 3 cm. long. 


6. BESOl^'AN’OE LAMPS 

A resonance lamp is a vessel containing an unexcited gas or 
vapour which can absorb a beam of radiation from an outside 
source (an ‘'^exciting source”), and which, as a result of this 
optical excitation, emits resonance radiation in all directions - 
The fundamental properties of a resonance lamp can be demon¬ 
strated in the simplest manner by the following experiment, 
which was originally done by Wood on a small scale. Owing to 
the efi6.ciency of some of the modern exciting sources, this 
experiment can easily be demonstrated in a lecture hall to a 
large audience. 

The light from a Pirani sodium lamp is rendered parallel by 
a suitable lens and is passed through a spherical glass bulb con- 
taming a little solid sodium that has been distilled into the 
bulb in a vacuum. The bulb can be conveniently mounted on 
a ring stand, and can be warmed gently by a bunsen burner. 
^When the resonance lamp is cold, an observer, viewing the 
bulh at any angle other than the original direction of the ex¬ 
citing beam, will see nothing but a little stray light dne to 
refiection. yV^hen the bulb is warmed to a temperature of about 
80° O. (sodium vapour pressure about 10-’ mm.), the sodium 
vapour iTh the path of the exciting beam will emit the char¬ 
acteristic yellow resonance radiation, and there will be no 
resonance radiation coming from any other part of the bulb. 
As the sodium vapour pressure is increased, the resonance 
radiation emitted from that part of the vapour which lies in 
the path of the exciting beam will increase until the vapour 
pressure rises to a value in the neighbourhood of 10~^ mm. at 
TFMch mom^t the whole bulb begins to glow with resonance 
radiatiou. When the Trapour pressure is made still higher, only 
the portion of the vapour lying near the window where the 
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exciting beam enters is luminous, and if the vapour pressure is 
increased still further no atomic resonance radiation is emitted 
at all, only a band radiation associated with iSTag molecules. 
As the bulb cools the phenomena take place in reverse order, 
until once again the luminous part of the vapour is confined to 
the path of the exciting beam. 

These phenomena will be discussed in detail in later portions 
of the book. It is sufficient at this time merely to point out that 
the resonance radiation emitted by atoms in the direct path 
of the exciting beam is the result of a single atomic absorption 
and emission, and, if further absorptions and emissions by 



atoms not in this region (which cause the whole bulb to glow) 
are to be avoided, the vapour pressure must be kept low. From 
the standpoint of design, there are two main disadvantages of 
the bulb just described, namely: (1) stray Light due to reflection 
is always present to some extent, and (2) there is always a 
layer of unexcited vapour lying between the path of the exciting 
beam and the window j&*om which the resonance radiation 
emerges. Both of these defects are ehminated in the lamp 
depicted in Fig. 9, which embodies the best features of lamps 
developed by Wood, Kunze and Zehden. The fight trap pre¬ 
vents internal reflections, and the slight projection of the 
entrance window ensures that the exciting beam will graze the 
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exit wiridoxv". When it is not necessary to place the resonance 
lamp in. an oven (for example xvhen working with mercury 
vapour), the entrance and exit windows may be cemented on 
the tnhe; otherwise the whole lamp must be blown of glass or 
of quartz- 

When temperatures above room temperature are required 
the method of using such a resonance lamp is shown in h'ig. 10, 
in which the following points are to he emphasized: (1) the 
whole resonance lamp must be placed at the hottest part of the 
oven, that is, at the centre, (2) the side tube containing the 
material to be vaporized must extend to a cool part of the oven, 
so that the temperature of the solid or liquid material will 



determme the vapour pressure, (3) the ground glass cut-olf 
must he in a hot part of the oven. 

When the vapour pressure in the resonance lamp is so low 
that only atoms in the path of the exciting beam emit light, 
tbe firequency distribution of the emitted light is determined 
chiefly by the Doppler effect (see Chap, ni, §3 a), being 
slightly broader than the Doppler breadth. A resonance lamp 
capable of emitting a line with a breadth equal to the natural 
breadth of the line (which is usually much narrower than the 
Doppler breadth) has been constructed by Thomas [soj. In¬ 
stead of using stationary mercury vapour whose atoms have 
a Maxwellian distribution of velocities, Thomas used an atomic 
beam. W ifch the exciting beam and the atomic beam per¬ 
pendicular, the resonance radiation taken off along the third 
perpendicular direction was uninfluenced by the Doppler 
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effect. A similar device was constructed by Schein [24] and used 
as an absorption cell, and by Bogros[4] for measurements of 
litbinm resonance radiation. 

In determining the vapour pressure in a resonance lamp, the 
temperature of the solid or liquid in the side tube is determined 
by a good thermometer or thermocouple, and the vapour pres¬ 
sure p corresponding to this temperature T is calculated from 
the vapour pressure equation. If T' is the temperature of the 
centre of the oven, where the resonance lamp is situated, then 
the desired vapour pressure p' is given by 

p N T ’ 

and the number of atoms per c.c. in the resonance lamp, N', is 
given by 

p'^N'kT'. 

7. K-ESOHANCE RADIATION AND SPECULAR 
REFLECTION IN MERCURY VAPOUR 

Soon after his discovery of the resonance radiation of mercury, 
Wood[36, 37, 38, 40] and his students made a quantitative study 
of the intensity of the line 2537, appearing as resonance radia¬ 
tion, as a function of the vapour pressure of mercury in the 
resonance tube. They focused the image of the slit of a mono¬ 
chromator, set to pass 2537, on the window of a quartz bulb 
containing mercury vapour, and arranged to photograph the 
bulb with a camera fitted with a quartz lens. Since the reso¬ 
nance bulb contained a drop of liquid mercury and was then 
evacuated and sealed ofi, the vapour pressure of mercury could 
be controlled by placing the bulb in a fumacei At temperatures 
from 20° C. to about 150° C. a phenomenon was found similar 
to that observed with sodium and discussed in § 6. At low tem¬ 
peratures the resonance radiation filled the whole bulb, and as 
the vapour pressure was increased the luminous volume gradu¬ 
ally contracted and at temperatures of about 150° C. the 
resonance radiation was emitted Jhom a small layer adjacent 
to the entrance wall of the tube and was limited in size to about 
the dimensions of the portion of the window illuminated (the 
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image of the monochromator slit). Above this temperature the 
image of the slit, formed at the mercury vapour surface, be¬ 
came very sharp and could only be seen in that direction 
corresponding to specular reflection. The diffusely scattered 
radiation reached a maximum at a temperature of about 
100° C. (vapour pressure 0*3 mm.). At 150° C. (3 mm.) it 
decreased to one-half the maximum intensity, at 200° C. 
(18mm.) to one-q[uarter, and at 250° C. (76mm.) to about one- 
tenth. At 270° C. there was no trace of diffuse scattering, the 
entire resonance light being in the specularly reflected beam. 
A special type of resonance bulb was used in these experiments. 
It consisted of a thick-walled quartz vessel with a prismatic 



window sealed to the front. This window served to separate the 
image of the slit reflected from the front (quartz) surface from 
that reflected by the mercury vapour. 

The explanation offered by Wood was as follows. At low 
pressures a mercury atom may absorb light from the source, 
become excited, and Anally re-emit the light as resonance 
radiation. In this case the light will be emitted uniformly in all 
directions. At high pressures (high temperatures) a similar 
process takes place, but at these pressures the atoms are very 
close together and it may be possible that the spherical waves 
emitted by these atoms have their phases so related that 
radiation occurs in only the direction of the specularly 
reflected beam. 

The case of the specular reflection from mercury vapour has 
been found to be very similar to that of metallic reflection. 
Wood showed that, if the exciting beam were polarized, the 
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specularly reflected beam would in general be elliptically 
polarized, as in the case of metallic reflection. Itump [22] further 
showed that the form of the 2537 line which was specularly 
reflected is independent of the temperature of the mercury 
vapour- To do this he illuminated the bulb containing the 
mercury vapour at high temperature with light from a reso¬ 
nance lamp containing mercury vapour at room temperature. 
It is well known that, if a resonance lamp jRh, containing 
mercury vapour at a pressure p and temperature T, is illu¬ 
minated by light from another resonance lamp JSj containing 
mercury vapour at the same pressure but at a different tem¬ 
perature, the form of the line (Doppler breadth) is dependent 
only on the temperature in . Rump showed this by measur¬ 
ing the form of the line (absorption measurement) emitted by 
mercury vapour in a resonance lamp i^n, which was so arranged 
that the vapour pressure of the mercury could be kept constant 
and the temperature of the vapour changed. When the bulb 
Bjx was illuminated by light from the lamp , it was found 
that the form of the line emitted by jKu was dependent on the 
temperature of the vapour in if vapour pressure was 
low. On the other hand at high pressures, where specular re¬ 
flection is predominant, the form of the line emitted by is 
the same as that of the exciting line (from B^) and does not 
depend on the temperature of the vapour. Rump further 
showed that the form of a line specularly reflected from a metal 
surface is the same as that of the incident line. This brings out 
further the analogy between specular reflection from mercury 
vapour and metallic reflection. There is, however, one im¬ 
portant difference, namely, that in mercury vapour specular 
reflection is highly selective, only wave-lengths in the im¬ 
mediate neighbourhood of 2537 being reflected, whereas this 
is not true of the usual metallic reflection. 

That the processes of emission and absorption in dense 
vapour giving rise to specular reflection are not the same as 
those involved in the production of resonance radiation in 
carefied gases was shown by Schnettler [25]. He investigated 
bhe quenching effect of hydrogen and carbon dioxide on the 
ntensity of the specularly reflected beam. It is well known that 
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the intensity of resonance radiation emitted by mercury 
vapour at room temperature can be considerably reduced by 
the admission of 0*2 mm. of or 2 mm. of COg- Schnettler 
showed that at high pressures (370° C.) large amounts of H 2 
and CO 2 decreased the intensity of the specularly reflected 
light by only a small fraction, the decrease per collision being 
about the same for each gas. This would imply that the mean 
life of the atom plays no role in the process of specular reflec¬ 
tion. 

8. HYPERTINE STRUCTURE OP LINE SPECTRA 

So far, we have discussed those characteristics of line spectra 
which can be observed with spectroscopic apparatus of 
ordinary resolving power. It was discovered some years ago 
that, if certain lines of the spectrum of mercury or manganese 
were observed with apparatus of high resolving power such as 
a Lummer-Gehrcke plate or a Fabry-Perot etalon, these lines 
showed an extremely fine-grained structure, which has since 
been termed hyperfine structure. For example, if the 5461 line 
of mercury, coming from a well-cooled arc lamp, is observed 
with a Fabry-Perot etalon and a spectrograph, it exhibits a 
number of components. Originally the strongest component 
was assigned the wave-length corresponding to the line in 
question, and the wave-lengths of the weaker components, 
termed satellites, were determined with respect to this line. 
The order of magnitude of the separation of the various com¬ 
ponents ranged from a few tenths to a few hundredths of a 
wave number. 

The elements which were first found to exhibit h.f.s.* all had 
many isotopes. This led to the assumption that the h.f.s. 
splitting was due to the change in mass of the nucleus. A short 
calculation showed, however, that the sphtting to be expected 
on this assumption was of a much smaller order of magnitude 
than that observed. Furthermore, Goudsmit and Back^ ob¬ 
served h.f.s. in the fines from the element bismuth, which con¬ 
sists of only one isotope. 

* Hereafter “h.f.s.” will stand for “hyperfine structure”. 

t S. Goudsmit and E. Back, Z.f, Phys. 43, 321 (1927). 
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W. Pauli, Jr.* remarked that h.f.s. could be explained by 

i h 

assuming that the nucleus has a resultant spin - - and a 

2i 'IT 


corresponding magnetic moment. On the basis of this hypo¬ 
thesis it is possible to account for the various h.f.s. levels with 
the aid of the vector model of the atom f. Consider an atom of 
an element with only one isotope (for the sake of simplicity) in 
a given energy state characterized by the vectors 1, s and j - The 
nucleus may have a spin i which is an even or odd multiple of 

i ^ and which is the same for any nucleus of a given isotopic 

kind, and differs from one type of atom to the next. The total 
angular momentum may then be obtained by the vector sum 


j + i = f. 


The new q[uantity / is called the hyperfine quantum number 
and may take all values in the range 

\j + i\>f>\j-i\ .(3). 

Por an atomic state in which j'^i there are 2i -h 1 values of /; 
for i ^ J, on the other hand, there are 2j -h 1 values. If one con¬ 
siders the interaction energy of (u) the motion of the orbital 
electron (considered as a current) on the magnetic nucleus 
(considered as a little magnet), and (6) that of the spin of the 
electron on the spin of the nucleus (the interaction of two small 
magnets), one can find the relative separation between two 
states with different values of/. In transitioxis from one h.f.s. 
state to another the following selection rules exist: 

A/ = i Ij 0, 

but /= 0 ->/= 0 is forbidden. 

The above considerations give correct values for the sejixara- 
tions of the various h.f.s. components if it be assumed that 
resultant spin i be due to the spin of a proton in the nucleus, and 

the magnetic moment connected with the said spin is a (i) , 

4c7r7nc 

where g (i) is a very small number. 

* W. Pauli, Jr., Naturwiss. 12, 741 (1924). 

t Por a complete discussion, of the phenomenon of h.f.s. see H. Kallmann 
and H. Schuler, Ergeb. der Exakten Naturwiss. 11, 134 (1932). 
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When one studies elements with several isotopes one finds 
that isotopes of even atomic weight usually have a zero spin, 
with the exception of nitrogen which has a spin of 1. Isotopes 

Taible I 

Some Nuclear Spins (Kallmann and Schuler) 


z ! 

Element j 

.. 1 

Isotopes 

Spin 

1 

1 

H 

1 

1/2 

2 

He 

4 

0 

3 

Li 

6 

0 



7 

3/2 

7 

N 

14 

1 

8 

O 

16 

0 

9 

F 

19 

1/2 

11 

Na 

23 

3/2 

15 

P 

31 

1/2 

17 

Cl 

35 

5/2 

25 

Mil 

55 

5/2 

29 

Cn 

63, 65 

3/2 

31 

Gr£l 

69, 71 

3/2 

33 

As 

75 

3/2 

35 

Br 

79, 81 

3/2 

37 

Bb 

85, 87 

3/2 

48 

Cd 

111, 113 

1/2 



110, 112, 114, 116 

i 0 

49 

In 

115 

5/2 

51 

Sb ! 

121, 123 

3/2 (?) 

53 

J 

127 

9/2 

55 

Cs 

133 

7/2 (?) 

56 

Ba 

137 

3/2 (?) 



136, 138 

0 

57 

X^a 

139 

5/2 

59 

Pr 

141 

5/2 

75 

Re 

187, 189 

5/2 

79 

An 

197 

3/2 (?) 

80 

Hg 

199 

1/2 



201 

3/2 



198, 200, 202, 204 

0 

81 

T1 

203, 205 

1/2 

82 

Pb 

207 

1/2 



204, 206, 208 

0 

83 

Bi 

209 

9/2 


of odd atomic weight usually exhibit a spin which is an odd 

multiple of ^ ^ , as is shown in Table I. 

In the case of an element consisting of several isotopes of odd 
and even atomic weights one would expect that all lines due 
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to isotopes of even atomic weight would coincide, since the net 
spin of these is zero. It is found, however, that this is not always 
the case, and that the lines coming from isotopes of even atomic 
weight may be displaced with respect to each other by amounts 
as large as the displacements due to nuclear spin. To explain 
this so-calledisotope shift ”, one may assume that the electric 
field in the neighbourhood of the nucleus of one isotope is 
didfferent from that in the neighbourhood of another. In 
general, the h.f.s. pattern exhibited by a line from an element 
consisting of a number of isotopes may be quite complicated. 
It often happens that lines from isotopes of even atomic weight, 
having no nuclear moment, coincide, due to the isotope dis¬ 
placement, with lines from isotopes of odd atomic weight which 
exhibit a nuclear spin i. 

In analysing a given h.f.s. pattern the following methods are 
used. In the first place the separations of the various h.f.s. com¬ 
ponents of various lines are measured as exactly as possible. 
The isotopic constitution and relative abundance of the various 
component isotopes must be known. These data, obtained with 
the help of a mass spectrograph, are usually at hand. Tor those 
elements consisting of a single isotopic species, the spin may be 
obtained with the help of interval rules and intensity formulae, 
similar to those used for multiplets showing ordinary multix3let 
structure. Tor elements consisting of several isotopes the in¬ 
tensity formulae and relative abundance of isotopes usually 
enable one to work out the pattern. 

As an example of the structure of a line emitted by an atom 
consisting of several isotopes we shall discuss briefly the h.f.s. 
of the resonance line 2537 of mercury, which was first observed 
by Wood*** and correctly explained by SchUler'l* and his 
collaborators. The h.f.s. pattern consists of five lines, as shown 
in Tig. 12. The lines coming from the isotopes of even atomic 
weight are marked X., together with the atomic weight of the 
isotope from which they come. The level diagram for the h.f.s. 
states of the two odd isotopes is given in Tig. 13. The isotope 

* R. W. Wood, Phil. Mag. 50, 761 (1925). 

t H. Schuler and J. Keyston, Z. f. Phys. 72, 423 (1931); H- Scliiiler and 
E. G. Jones, iUd.n% 631 (1932). 
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of atomic weight 199 exhibits a spin ^ = 1/2, while that of 201 
shows ^ = 3/2. The lines on Kg. 12 are lettered to correspond to 
those on Fig. 13, and their relative intensities are given beside 
each hne. The relative abundance of the various isotopes as 


X202 

29*27 



^=2537(6'5o-6’/=|) 



Isotope 199 Isotope 201 


Fig, 13. Hyperfine level diagram for 2537. 

given by Aston’s mass spectrograph measurements is shown 
in Table II. 

Table II 
6-85 % 

29-27 % Hg2oi = 13-67% 

23-77 % = 16-45% 

9-89 % 

0 - 10 % 

Even Isotopes 69-88 % 

It will be noted from Fig. 12 that the components +11*5 
and O-OmA. have the relative intensity 29*27: 23*77, so that 
they must he due to the isotopes 202 and 200 respectively. 


Hg204 = 
1^S202 ~ 
1^^200 ~ 

Hga96 = 
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These two isotopes show no spin hut are separated, due to the 
'‘isotopic displacement” eftect. The line +21*5mA. consists 
of three components superimposed on each other, whereas the 
lines —10*4 and — 25-4mA. each consist of two components 
superimposed. It will be further observed that the sum of the 
components marked Jl is 69-88, the sum of A + B is 16-45 
(corresponding to Hg^gg), and that of a + b-\-cis 13-67 (corre¬ 
sponding to Hgaoi)* Furthermore, the relative intensities of 
A : JB and of a :b:c are given by the usual intensity formulae. 

9. INVESTIGATIONS ON THE HYPEHEINE 

STBUCTURE OE RESONANCE RADIATION 

Of the various elements exhibiting h.f.s., the resonance radia¬ 
tion of only one, mercury, has been studied with high resolving 
power apparatus- Ellett and MacNair[i2] (see Chap, v) were 
the first to show that, if a resonance tube containing mercury 
vapour was illuminated by light from a well-cooled mercury 
arc, the resonance radiation emitted therefrom, when ex¬ 
amined with a hummer plate, showed all five h.f.s. components. 

More recently, Mrozowski [17], in a long series of researches, 
has made a very thorough investigation of the h.f.s. of the 
resonance line of mercury. He observed that if light from a 
mercury arc was sent through a cell containing mercury 
vapour in a strong magnetic field, certain of the h.f.s. com¬ 
ponents of the resonance line could be filtered out, due to the 
Zeeman effect exhibited by the various components. By a 
proper choice of magnetic field he was able to let through four 
groups of lines: (a) the — 25-4mA. component, (p) the 
— 10-4mA. and -|-21-5mA. components, (y) the 0-0 mA. and 
+• 11-5 mA. components, and (S) all five components. By using 
these various combinations of h.f.s. components as an exciting 
source to obtain resonance radiation from a tube containing 
mercury vapour, he found that the resonance radiation excited 
by a given group of h.f.s. components showed only those com¬ 
ponents contained in the exciting source. For example, the 
resonance radiation excited by the — 25-4 mA. component con¬ 
tained only that component, and that excited by the two com¬ 
ponents — 10-4mA. and -h21-5mA. contained these two 
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components, etc. This proves that each h.f.s. hne is itself a 
resonance line and that no line fluorescence occurs. This is 
exactly what would he expected from the energy level diagram 
of the previous section. Thus, excitation by the 0*0 and 
4- ll'SmA. components (case y) leads to the excitation of the 
isotopes of mass 200 (absorption of the 0*0 component) and 
of mass 202 (absorption of the +11*5 component). Since 
the two isotopes act as two independent gases, and since each 
has but one lower h.f.s. state, it is clear that each component 
must behave as a resonance line. Similar considerations apply 
to all the other components. 

Another group of experiments performed by Mrozowskicis] 
has to do with the effect of added gases on the h.f.s. of the re¬ 
sonance radiation of mercury. As will be explained in Chap, ii, 
collision between an excited atom and a foreign gas molecule 
may result in the transfer of the former from one excited level 
to another. If light containing the components 0*0 and 
H- 11-5 mA. was allowed to excite mercury vapour containing 
a httle hehum, it was found that the resonance radiation con¬ 
tained only these two lines. On the other hand, if the excitation 
was by the •—25*4mA, component, the three components 
— 25-4, — 10*4 and 4- 21* 5 mA. were found in resonance. The 
explanation of these experiments follows at once from Fig. 13. 
The two lines 0*0 and 4-11* 5 mA. are due to the two isotopes 
200 and 202 respectively, each exhibiting but one upper and 
one lower level. It follows, then, that a foreign gas can have no 
effect on the number of components obtained by this method 
of excitation. The component — 25*4 mA. consists of lines from 
the two isotopes 199, which have two upper levels/ =3/2 and 1 /2, 
and 201, having three upper levels /= 1/2, 3/2, 5/2. Excited 
mercury atoms of one isotopic kind may be transferred from 
one upper state / to other upper states. Thus collisions of 
excited atoms of isotopic mass 199 will result in the excitation 
of the/= 1/2 as well as the/= 3/2 states, giving rise to the lines 
A and B, contributing to the 4'21*5mA. and the — 25-4mA, 
components respectively. Atoms of mass 201 may, by collision, 
arrive in the state /= 5/2 and /= 3/2 as well as /= 1/2, giving 
rise to the lines a, b, c, contributing to the components 4-21*5, 



Table III. Eesoeajstce and !Fltjob.bscent Lines; Methods oe pRODTrcriON 


m 

0 

o 

i 

.s 


s 

o 

§ 

I-1 

xo 

CO 

•N 

CO 

CO 

I—I 

xi 

a 

a 


d 

CD 


■+3 

□Q _ 

•gp 

d:! '—' 

O 

o 

j—I D ,—, 

oopd CO 

fN O 


I s 

-P c6 

CO 


P3 cq 

hH ^ 


& 


)—I 

Fh 

D 

d 

o 

D 

O 

ffl 


tn 

s _i 
2 ^ 
:S ° 

o »T;:j 

•-d ^ 

d ^ 

Tij 3 

o a s 

1° S <3 


O 

£ 

I_I ^ 

•S 

i o 

§3 

^ i 
i F? 

t> 

o ‘—’ 

?-< -p 
cd 0 

d 


OI 


o 

g'd 


CL) P 

D 
t-i 

O 

H 


CO 


o 

tn 

rd 

o 




o 

OQ 

bJO 

I 

s 

X 



O ^ ^ 

02 !> P 


<D 

2 ^ ^ 

CO CD “d 

d ^ ti 
s d 

d 2 

§ "q B 

i> p s 


<D 

I 00 

*jH 00 

w ” 


o 


r/} 

0 

rQ 

d 

0 

C/5 

0 

rO 

d 

0 

..■(73 

0 
^ Q 

r^ 

HP 

Fh 

HP 

FH 


0 

od 

0 

cd 

0 

? 

a 

rH 

f 

1 


rd 

0 

2 

0 

d 

0 

cd 

44 

0 

CC 

• rH 

0 

cd 

(73 

• fH 

(73 

• rH 



p 


P 


o 

p 

cd 

a 

d 

d 

o 


44 

P 

cd 

Ph 

c« 

0 

0 

d 

cd 

E:iD 

P 

cd 


p 

o g 

■^fi 

S3 2 

i g 

o 


QQ 

I 




o 


O 

o 

O 

lO 


o 

00 


O 

o 

O 

XjQ 


O 

oo 


a . 

go 

O 

g § 
3 7 

«-> 5 f! 


O 

O 

O'l 


I" 

0 


o 

o 

p 


O O O O O 


o o 

O O 
to O 
CM Ol 


o o 

O O 
O xo 
CO 


o 

o 

o 

»o 


O o ci o 

lo iQ i.O xo XO 

i-H rH Ol OI 


o 

o 

o\ 


S ShQ 

rd g O 

M o o 

Cd rH 
d rH 

CO 


0 

■Is 


I 

8 

<) 


"S 

8 

09 

I 


0-t PM 

CM M 

CO CO 

u ^ 

tH H 

CO CO 

C) Cl 

CO CO 

O CO 
05 CD 
00 GO 
iO XO 


<M <M ca CM 
tH »-( CO iW 

c/2 CO Ph Ph 

cp op O O 




tH CO H * 4r 

pLj pLf CO CO 

(N (M DJ C'l 

CD O CD CO 

CD -H rH CO 
O ^ ^ 

*CD 02 ) XcO CD 
IH t- 00 OO 


51. 

ri^p" 

a c4 
CO 

kk 

p^pT 

<M CJ 

CD O 

CO *c o 
lO CO 
CO XQ 
iO CO 


O, I O I • 

00 CP Po 
«,", t- 

'3ci Oo i^ x 
L’^ l> '.^ 

di. 

CD O U 

^ H ^ 

PM P P 

CO CO OJ 


•Hj ou 

CO^'CO o 

O oo CO 

'rfi iQ Ol 
CO O I;- 
CO TjH 


CM Cl ^<N CJ 

/lir ciT 0 ?" 

Qj p, .| Q ^j Qj 

'K ■# •» ^ 

*1 Vi W Vi 

icT CO *0 co” 

PP PP 

SL-w'SLL- 

00 rH O 00 
05 r.'"*- 1"^ i'> 
IQ CO (XI 

0\ 01 o*! 


Mm/ 

;;S 

D I—I 

t 8 


D 

m 

rO 

O 


CM 

pTp? 

01 ei 

CO (X> 

•Si. 

rH rH 

«M (M 

CO CO 

<0 

O) XQ 
00 CD 

00 00 
10 XO 


.5!!L <5^ 


tt 


•Hi. (M O'! 


01 CM 

pL| p-j 

CM Cl 
00 00 


CO ca 

OJ iw 

CO CO 

CD CO 

(09 dn 

o o 

CO (X) 
CO CO 


H rH 

CO CO 

IM 01 

(0| Q9 


CO 

o 

CD 


CO 00 

Cl Cl 

O CD 

CO CO 
00 l> 
00 00 
CO CO 


Q j jO 1 1 0 ,) 0.1 -t f*\ t 

€0 H 0? H P5 rH 

o CO 10 > 0 H* 

L L L L XT 

O O O O O O 

CQ Ol 01' M CO 02 

rH H rH H »H rH 

O CD »0 »0 tH tH 


t- CD) 
CO rH 
to 00 

01 rH 


rH QO 
'CD 00 

oi 01 

CO OJ 


CD Od 
J ^ CO 
O f*H 
CO (0‘i 


p 


-S' to >'■* 

w ST CO 

‘ T'f > 

O'! (M Ph 

CO 

* *r r-, 

Ph Ph P'1 

<?l 01 JCI.. 

CD CD 

CD (X CO 
t:-'- CD CO 
XH X 
CO 0 -9 0:1 


CO rH 
^ 

>0 I;'' 

Cl Cl 

5s ,5* 


#0! 


JCI Cl Cl 

s»' P P P 
1 '^1 ^'l 

M 0 CM Cl Cl 

^ r/'^ rr ^ ro 

‘S-w ^ 

X> X X O rH 

X> CD '*D rH 

OX O' O rH CO 

09 CO 0-4 04 04 


p 

Cl 

I 

ffl 


p 

rt 


(X rH Xp ^ 

O O X 
CO CO CO CD 
O O O r-'- 
Hi^ rH 0| 


I 

I 

n 


cd 


c3 


p 


cn 

O 


bO 

P 


3 




4D 

pM| 


PP 


02 


ffij 





42 


INTBODTJCTIOK 


— 10*4 and — 25*4 mA. These experiments are a good verifica¬ 
tion of the assumptions underlying the analysis of the h.f.s. 
of the resonance fine of mercury. 

Further work on the resonance radiation of the various h.f.s. 
components of the 2537 line has to do with the measurements 
on the polarization of resonance radiation and will be discussed 
in Chap. v. The h.f.s. of the visible triplet has also been in¬ 
vestigated in a more complicated type of resonance radiation 
in which multiple excitation is involved. These experiments 
will be discussed in Chap. ii. 
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CHAPTER II 


PHYSICAL AND CHEMICAL EFFECTS CONNECTED 
WITH HESONANCE BADIATION 

1. STEPWISE BADIATIOH 

la. Mebcuby. In earlier paragraphs of this book various 
simple types of fluorescence have been discussed in which the 
process giving rise to the fluorescence was due to absorption by 
normal atoms of the gas. It remains now to consider a type of 
fluorescence in which the absorption of light by excited atoms 
plays a dominant role. This type of fluorescence was first in¬ 
vestigated by Fiichtbauer [27], who believed that, if mercury 
vapour were radiated by intense enough light from a mercury 
arc, other lines of the mercury spectrum besides the two 
resonance lines 2537 and 1849 would appear. 

The apparatus used by Fiichtbauer consisted of a quartz 
resonance tube entirely surrounded by a quartz mercury dis¬ 
charge tube. Precautions were taken to cool the discharge so 
that sharp lines would be obtained, and a system of liquid 
mercury reflectors was used to increase the illumination from 
the discharge. The pressure of the mercury vapour in the 
resonance tube could be controlled by regulating the tempera¬ 
ture of a side tube containing liquid mercury. His experiments 
showed that with 10—20 amperes current in the arc, and the 
side tube at 35° C., considerable fluorescence was observed, 
consisting of practically all of the stronger lines of the mercury 
spectrum of wave-length longer than 2537. On the other hand, 
if the side tube was kept in solid COg, only a small amount of 
scattered fight could be seen from the tube. On placing a thin 
glass tube, transparent to all radiation longer than 2537, 
between the resonance vessel and the exciting light, no 
fluorescence could be seen. This showed conclusively that the 
absorption of the resonance line was the first step in the process 
producing the fluorescence. Fiichtbauer supposed that excited 
mercury atoms reaching the d^Pj state by absorption of light 



45 


PHYSICAL AND CHEMICAL BPPECTS 

could then absorb other lines from the arc, reaching higher 
states, and emit various frequencies as a result of this excitation. 

It seemed probable, therefore, that at least two quanta of 
light must have been absorbed successively by the mercury 
vapour before re-radiation occurred- The experiments of 
Fiichtbauer have since been repeated, and his assumption of 
“stepwise excitation’’ has been accepted. Tor want of a 
better name this type of fluorescence has since come to be 
called /Stepivise Hadiation. 

Tiichtbauer’s original experiments were extended in a series 
of investigations by Terenin[66], by Wood and by Gaviola. 
The type of apparatus used in most of these experiments is 
shown in Fig. 14, A quartz cell B containing mercury vapour, 



and at times other foreign gases as well, is radiated with light 
from a water-cooled quartz mercury arc Q. The fluorescence 
is observed with the help of a right-angled prism and a 
spectrograph. When the absorption of the vapour is to be in¬ 
vestigated, part of the Light from the arc is sent through the 
quartz cell with the help of the right-angled prism , and the 
radiation examined for reversal by means of the Tummer- 
Gehrcke plate G. Sometimes two mercury arcs with various 
filter combinations were used to study the eflect of excitation 
by several combinations of mercury lines. Furthermore, provi¬ 
sion was made to admit several gases at known pressures into 
the quartz cell. In order to discuss these experiments intelli¬ 
gently it will be necessary to consider the energy-level diagram 
for mercury given in Fig. 1. 

Fiichtbauer’s experiments showed that a necessary step in 
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the excitation process was the absorption of the resonance line 
2537, thereby raising atoms to the state. He did not 

actually show, however, that the next step in the process was 
the absorption of a line from the arc which ends on the 6 
state, although he inferred that such a process did occur, and 
his explanation is the only possible one based on modern 
theory. Wood’s [T5] first experiments consisted in determining 
which lines appear in fluorescence when the mercury vapour 
is excited by only certain groups of lines from the arc. In one 
case he used two mercury arcs, one water-cooled giving an un¬ 
reversed resonance line and the other run hot so that the core of 
the resonance line was removed by self-reversal. The light from 
the water-cooled arc was filtered through a bromine filter, which 
passed only the lines 2537, 2967 and 3125—3131. Under these 
conditions no visible radiation could be seen in the resonance 
tube, but only the ultra-violet lines 3654 and 3663. On lighting 
the second (hot) arc various visible lines were observed, notably 
the visible triplet 4047, 4358 and 5461. When the light from the 
hot arc was filtered through cobalt glass, transmitting only the 
blue, the green line 5461 still persisted. These experiments 
show the definite steps in the excitation of the visible triplet, 
viz. by absorption of 2537 from the water-cooled arc atoms are 
raised to the fi^P^ state, and by the absorption of 4358 from the 
hot arc the 7®Si state is reached from which the triplet is 
radiated. Thus one may see that the excitation occurs in two 
definite steps. 

As a further example of the ramifications of this process it is 
of interest to consider some experiments in which the exciting 
light was filtered through bromine vapour, which transmits the 
fines 2537, 2967 and 3125—3131. The visible light emitted from 
the resonance tube under strong illumination is yellow and a 
spectral photograph shows several ultra-violet fines. The fol¬ 
lowing processes occur: The absorption of 2537 raises atoms to 
the 6 ®Pi state, some of which drop back to the 6 state under 
emission of 2537, while others absorb lines from the arc ter¬ 
minating on G^Pj . Atoms in the 6 ®Pj^ state may absorb 3131*5 
and 3125 and reach the 6 ®Dj^ and 6 ^ 1)2 ®^^^®® 5 from which they 
may return to lower states with emission of 5770 (to G^P^), 
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3654 (to 6 and 3131*5 and 3125. Py absorption of the inter¬ 
combination line 3131*8 by atoms in the state, the 

state may be reached, followed by a subsequent re-emission of 
2967*5, 3131*8 and 3663*2. It is to be noted that the line 3650 
does not appear under these circumstances. One might expect 
this line to appear since some atoms land in the metastable 
6 ^Pg state by re-emission from the levels, so that absorption 

of 3650 and its subsequent re-emission might occur. This takes 
place to only a small extent. Excitation by unfiltered light, on 
the other hand, greatly enhances 3650. This is due to the fact 
that many atoms land in the O^Pg state as a result of the 
emission of 5461, and the subsequent absorption and emission 
of 3650 occurs. 

lb. Effect of Admixture of Foreign Gases. The effect 
on the fluorescence of the admixture of several foreign gases at 
various pressures was also studied in detail. It was found at the 
outset that helium, nitrogen, carbon monoxide and argon had 
a marked effect on the relative intensity of the fluorescent lines. 
Of the four gases nitrogen was the most thoroughly investi¬ 
gated. The most striking example of the effect of nitrogen is 
shown by the following observation of the relative intensities 
of the visible triplet. With no nitrogen in the tube the relative 
intensities of the lines were 4:2:1 (5461, 4358, 4047), whereas 
with a few millimetres nitrogen pressure the relative intensity 
changed to 128:32:4. It will be seen that the intensity of all 
the lines is increased, but that of 5461 is relatively much more 
increased than that of 4047. The fact that the intensity of all 
hues is increased by nitrogen is due to the transfer of O^P^ 
atoms to the metastable 6 ®Pq state by collision with a nitrogen 
molecule. In the process, known as a collision of the second 
kind, the mercury atom loses 0*2 volt energy and the nitrogen 
gains an equal amount as vibrational energy, no energy being 
lost as radiation. Such metastable atoms have a much better 
chance of absorbing a quantum of radiation from the exciting 
source than have atoms in the 6 ^P^^ state,since these metastable 
atoms have a longer mean life and consequently a larger 
chance of being in a state to absorb a quantum of 4047. Pue to 
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the long mean life of the 6 state it is easy to see why the 
stepwise lines are increased in intensity. The existence of the 
long life of the 6 state was recognized at about the same time 
through experiments on sensitized fluorescence (see Chap, ir, 
§ 2 ). 

Wood demonstrated conclnsiYely that the increase in in¬ 
tensity of the visible triplet in the presence of nitrogen was due 
to the production of a large number of atoms in the 6®Po state. 
To do this he sent part of the light from the arc through the 
absorption cell by means of the two prisms and Pg of Pig. 14 
and measured the absorption of the various mercury lines with 
the help of the Lummer-G-ehrcke plate. His results showed 
that, with mercury vapour alone, none of the hnes of the triplet 
showed any measurable absorption, while with a few milli¬ 
metres of nitrogen present the line 4047 was strongly reversed. 
In later experiments, Gaviolai;28] measured the reversal of 
4047 as a function of the pressure of the foreign gases nitrogen, 
carbon monoxide and water vapour, and found varying degrees 
of self-reversal depending on the nature of the gas and its 
pressure. Other lines, namely 2967, 5461 and 3650, should also 
show some absorption in the presence of nitrogen. Of these, 
3650 and 5461 are the only lines which have been extensively 
studied. The line 3650 showed a small amount of reversal, 
whereas 5461 showed none, indicating that the number of 
atoms in the 6 state is small. 

That certain lines show more absorption than others explains 
the fact that addition of nitrogen increased the intensity of the 
5461 line 32 times while it only increased the intensity of the 
4047 line four times, a considerable quantity of the light from 
4047 being lost by self-absorption. In general, the intensity of 
practically all the fluorescent lines is changed by the addition 
of nitrogen, carbon monoxide or water vapour. The exact rela¬ 
tion of the intensities of the fluorescent lines to the foreign gas 
pressure is a more complicated matter and will be treated 
presently. 

As we have^ seen, most of the lines appearing as stepwise 
radiation are the result of absorption of two quanta of radia¬ 
tion. The emission of the line 3650 is brought about by the 
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absorption of three light quanta. With mercury vapour in 
vacuo normal atoms absorb 2537, are brought to the 
state where they absorb 4358 and are raised to the 7^8^ 
state; subsequent emission of 5461 brings the atom to the 
state, where it absorbs 3650 and is in a position to re-emit 
this line. The intensity of the fluorescent line 3650 must be 
proportional to the product of the intensities of the three arc 
lines producing it (2537, 4358, 3650). If the relative intensity 
of these lines in the arc is constant, the intensity of the 3650 
line in fluorescence should be proportional to the cube of the 
light intensity of the arc. This eflect was shown by Wood and 
Gaviola [76] as follows: Mercury vapour, in the absence of any 
foreign gas, was radiated by the total light from a mercury arc. 
A series of wire screens, which cut down the total illumination 
by known amounts, was placed between the exciting lamp and 
the resonance tube. Observations were made on 3650 and 3654. 
The fact that 3650 is proportional to the third power whereas 
3654 is proportional to the second power of the exciting light 
intensity is shown by the following table. 

Table IV 


Line : 

■1()50 

1 Line 36.54 

Cliaiige 

4:/Cliango 

Cliango 

^Change 

150 times 

5-.H 

30 tijnos 

5'5 

1 1 

j 

240 „ 

lU* v) 

(>•2 

40 „ 

11 'U 

6-3 

150 „ 

5-:} 

30 „ 

5-5 

240 „ 

0-2 

40 „ 

(>•3 

400 „ 

7-4 

50 „ 

7-1 

480 „ 

7-B 

60 „ 

I'l 


An approximate theoretical treatment of this eflect has been 
given by Gaviola [ 28 ]. 

Gaviola has made a careful experimental and theoretical 
investigation of the effect of foreign gases on the intensity of 
the fluorescent lines. He used the apparatus shown in Fig. 14 
and measured the absorption of the line 4047 as a function of 
the distance away from the wall of the tube through which the 
exciting light enters and of the pressure of the foreign gas. 


M Z 
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With the beam of light, whose absorption is to be measured, 
traversing the tube at a fixed distance (not given) from the 
front wall of the tube, he investigated the structure of the 
absorption line with different pressures of CO, HgO and 1^2 ■ 
A clear reversal of the main component of 4047 was to be seen 
with 0-015 mm. CO, the reversal increasing up to 0*2 mm. pres¬ 
sure and then decreasing again such that at pressures above 
4 mm. no more reversal could be seen. Water vapour causes 
reversal at 0-05 mm. pressure and the reversal increases 
steadily until at 2 mm. pressure the whole line is absorbed. 
With Ng, on the other hand, no definite reversal is shown until 
a pressure of 0-5 mm. is reached; below these pressures, how¬ 
ever, a diffuse broadening of the hne occurs. 

In order to test the absorption of4047 as a function of depth, 
he placed two slits across the resonance tube in such a way as 
to allow the beam of 4047 to traverse the resonance tube at 
distances of 2 cm. and 5 cm. from the illuminated wall, re¬ 
spectively. At 2 cm. from the wall and with from 0-2 to 0*5 mm. 
water vapour pressure, self-reversal is clearly seen, but dis¬ 
appears again if the pressure reaches 2 mm. At 5 cm. depth no 
self-reversal is seen at any time. These facts show that diffusion 
of metastable atoms does actually take place at low water 
vapour pressure and that the mean hfe of the metastable 
atoms is long enough to allow them to difiuse 2 cm. but not 
5 cm. The same experiments were performed with ISTg with the 
result that no reversal could be found at 2 cm. depth with any 
nitrogen pres sure. This result is to be expected, because Gaviola 
had shown that reversal does not set in until at a pressure of 
0*5 mm., which is already too high to allow diffusion to take 
place. 

Trom an approximate consideration of the diffusion of meta¬ 
stable atoms and the absorption coefficient of various lines in 
the excited vapour, Gaviola was able to show that the in¬ 
tensity of the several fluorescent lines should vary with the 
depth from the illuminated window at which these lines are 
observed. After removing the slit system and Lummer-Gehrcke 
plate, he focused an image of the resonance tube on the slit of 
the spectrograph and was able to show that the intensity of the 
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fluorescent lines changed as a function of distance from the 
illuminated wall and the conditions of excitation. Certain 
lines, notably 4358, persisted to considerable distances away 
from the wall with pressures up to 2 mm, of Ng, whereas others 
such as 4047 persisted to large distances at low Ng pressures 
and to only short distances at higher pressures. The results of 
Gaviola’s experiments and calculations explain qualitatively 
the experimental fact that certain fluorescent lines are en¬ 
hanced by the addition of ]Sr 2 while others are somewhat 
weakened, although addition of nitrogen causes an increase of 
the number of metastable mercury atoms present. 

Another series of experiments showing quantitatively the 
absorption of the 4047 line by the excited mercury vapour in 
the resonance tube as a function of foreign gas pressure was 
performed by Klumb and Pringsheim Their apparatus was 
somewhat similar to that previously described. Their resonance 
vessel was a quartz tube with plane ends and was illuminated 
from the side by a water-cooled quartz mercury arc. Light 
from a similar arc was projected by a suitable lens system 
along the axis of the tube and, after passing through a 
monochromatic illuminator set to transmit the line 4047, was 
received by a photoelectric cell. Observations could be made 
as follows: (1) light from both arcs cut ofl (zero point measure¬ 
ment), (2) intensity of 4047 with the exciting light (arc on side 
of resonance tube) cut off («/i), and (3) intensity of 4047 with 

both arcs illuminating the tube {J^). The relation ^ = 

*'1 

IS a measure of the absorption of 4047 in the resonance tube. 
Measurements of the absorption of the line 4047 as a function 
of Ng pressure, together with admixtures of other gases, are 
shown in Pig. 15. It will be noted that the absorption is zero 
at zero foreign gas pressure, rises sharply to a maximum of 
50 per cent, at about 1 mm. pressure, and then stays constant. 
It should be noted further that the addition of 10“^ mm. of Hg 
markedly reduces the absorption for a given N 2 pressure. This 
is to be expected, since II 2 is known to destroy metastable 
mercury atoms. The curve for the absorption in the presence 
of water vapour is slightly different, in that the absorption 

4-2 
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reaches a maximum at 0*5 mm. pressure and then decreases 
with higher vapour pressure, in agreement with Gaviola’s 
results. 

1 c. The Appearance of the Forbidden Line 2656 
(G^Sq— 6®Po). Wood and Gaviola[76] observed that with small 
quantities of nitrogen or water vapour in the resonance tube 
the forbidden line 2656 (6 iSo-6®Po) appeared. They found that 
water vapour was more efficient in producing the line than was 
nitrogen. This is what one would expect, since water vapour 
is more efficient in producing metastable atoms than is nitrogen. 



Upper curves: — pure nitrogen;-with 10~^ mm. Hg; 

Lower Curve:-with 12 mm. He-Ne. 

Fig. 15. Absorption of 4047 as a function of foreign gas pressure. 

They also found that the intensity of the forbidden line was 
proportional to the first power of the intensity of the exciting 
light. This hne, although considered as forbidden by the ex¬ 
clusion principles of the older quantum theory , cannot be said 
to be strictly forbidden. The new quantum mechanics shows that 
such lines may have a small but finite probability of occurrence 
per mercury atom in the 6^Po state. The above-mentioned ex¬ 
periments have increased the number of 6®Po atoms present 
to such an extent that the '‘forbidden” line appears. 

1 d. The Hyferfine Structure of Stepwise Radiation, 
As has already been mentioned, Collins [i6] and Mrozowski[53] 
have investigated the h.f.s. of the visible triplet lines in mer¬ 
cury obtained by the method of stepwise excitation. Collins 
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used two mercury arcs to excite fluorescence in a tube con* 
taining {A) mercury vapour alone, and (B) mercury vapour 
together with a few millimetres of nitrogen. Observation of 
the fluorescence with a Lummer plate and spectrograph showed 
that only the strong central component of the 5461 line ap¬ 
peared as fluorescence when mercury vapour alone was in the 
tube. With a few millimetres of nitrogen present, however, the 
fluorescent line showed two components, the 0-0 and the 
— 23-5 mA. Mrozowski, exciting with filtered 2537 light to¬ 
gether with light from a second arc giving only the visible 
lines, found only the main component present when nitrogen 
was present. The two experiments seem contradictory, but 
this contradiction may be only an apparent one, since the 
intensity of the exciting sources in the two cases may have been 
quite different. The main point of the experiment is that not 
all of the components of 5461 (there are some twelve of them) 
are seen in fluorescence but only the strongest one. A similar 
result was found with the other two lines of the triplet 4047 
and 4358 in fluorescence. Collins reported several components 
of each line both with and without nitrogen in the tube, and 
differences in the number of components depending on whether 
nitrogen is present or not. Mrozowski, on the other hand, found 
both lines to consist of only the central component. 

Mrozowski further investigated the structure of the fluores¬ 
cent lines when they were excited by different h.f.s. com¬ 
ponents of the resonance line, together with all the h.f.s. 
components of 4047. He found the rather surprising result that 
only the central component of the triplet lines appeared, no 
matter whether he excited with the — 25-4 mA. component of 
the 2537 line (containing only lines from the isotopes of odd 
atomic weight) or with components containing only lines from 
the isotopes of even atomic weight. He explains this by assum¬ 
ing that metastable mercury atoms of a given isotopic kind 
can excite normal mercury atoms of a different isotopic kind 
to the metastable level by collision of the second kind. He 
further showed that the relative intensity of the triplet lines 
in fluorescence was independent of the h.f.s. components of 
2537 used in the exciting beam. 
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One should remark at this point, in regard to Collins’s ex¬ 
periments, that changes in the number and relative intensity 
of h.f.s. components of the visible triplet lines seen in stepwise 
fluorescence are to be expected when nitrogen is introduced 
into the tube. The factors governing the change are rather 
complicated, so that no exact theoretical prediction has yet 
been made. As to the result when no nitrogen is present, the 
intensity of the h.f.s. components of a given stepwise line will 
depend on the structure of the 4358 line, whereas, if nitrogen 
is present, the structure of the line 4047 will govern the 
excitation. Furthermore, the presence of nitrogen itself adds 
complications. 

le. Cadmiitm and Zinc. Since cadmium and zinc show 
similar spectra to mercury, differing only in separation of 
energy levels. Bender [4] thought it worth while to investigate 
the stepwise radiation exhibited by these elements. His 
experimental arrangement consisted of a resonance tube, of 
the usual shape, surrounded by a coil of quartz tubing, through 
which passed a high potential discharge in hydrogen and cad¬ 
mium (or zinc). The resonance tube was temperature controlled 
and the vapour pressure of the cadmium kept constant at 
0-008 mm. The fluorescence was observed end on, and pre¬ 
cautions were taken to avoid scattered light from the quartz 
surfaces of the tube. It was found that an intense bluish-green 
fluorescence was observable when the resonance tube was 
excited by the Cd-Hg discharge, but that the tube emitted 
no light if cadmium was not present in the discharge. The 
fluorescence, with cadmium vapour alone in the resonance 
tube, contained all the strong lines in the cadmium spectrum 
(see Fig. 16 for spectrum of cadmium) except 2288. 

The eflect of the addition of the gases nitrogen and carbon 
monoxide on the stepwise radiation of cadmium was quite 
different from the efiects observed with mercury. The addition 
of 0-01 mm. of nitrogen produced an observable increase in the 
intensity of the 3404 hne, which attained a maximum of 
intensity at 0*1 mm. nitrogen pressure. At pressures above 
0-1 mm. the ratio of intensity of 3404 to the rest of the spec- 
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trum remained constant at 2 to 1. A similar effect was produced 
on tMs line by carbon monoxide. There appeared to be no 



Fig. 16. Energy levels of cadmium. 

enhancement of the visible triplet 5‘^'P) due to the pro 

senoe of nitrogen or carbon monoxide as was the ease with 
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mercury fluorescence, but merely a general quenching of the 
whole spectrum. The enhancement of the 3404 Mne is probably 
due to the formation of metastable 5 ®Po atoms, as in the case 
of mercury. 

There are certain fundamental differences between the 
spectra of cadmium and mercury which are important. In 
the first place the mean life of the state of cadmium is 

about 20 times longer than that of mercury. (Mean life of 
Cd 5^Pi= 2*5 X 10~®, of Hg 6 ^P 3 ^= 1*08 x 10~'^.) This accounts 
for the fact that smaller pressures suffice to give enhancement 
of the 3404 line than are necessary to enhance analogous lines 
in the mercury spectrum. The ratio of the pressures necessary 
is about that of the ratio of the mean fives. Furthermore, the 
energy difference between the S^P^ and the states in 

cadmium is only 0*07 volt, whereas in mercury the difference 
is 0*218 volt. The relative kinetic energy of the gas molecules 
at the temperatures used (350° C.) is about 0*08 volt and 
corresponds to the energy difference between S^P^ and S^Pq. 
Thus any atoms brought to the S^P^ state by collision 

would have a good chance of being transferred back to the 
5 ®P 3 ^ state on the next collision. This explains why there is 
little enhancement of the spectrum by the addition of nitrogen 
and carbon monoxide. The main effect of these gases is there¬ 
fore a general quenching of the whole fluorescent spectrum. 

In the case of zinc vapour, stepwise radiation was found, but 
the effect of carbon monoxide and nitrogen was not investi¬ 
gated. 

2. PRODUCTION OP SPECTRA BY COLLISION WITH 
EXCITED ATOMS: SENSITIZED FLUORESCENCE 

2 a. The Principle of Microscopic Reversibility. 
Franck and Hertz discovered in 1913 that electrons, given a 
velocity by acceleration through a potential field, would trans¬ 
fer their kinetic energy into the internal energy of a molecule 
or atom. The atom thus excited might subsequently give up 
this energy as radiation. Such a process, in which a fast electron 
collides with a slow-moving atom and which results in the 
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formation of an excited atom and a slow electron, lias been 
termed a collision of the first hind. 

In order to preserve thermodynamic equilibrium in a mix¬ 
ture of atoms and electrons it is necessary to assume that some 
kind of reverse process to the one explained above must occur 
in which fast electrons and unexcited atoms result. Not only 
must we assume that at equilibrium the overall rate of forma¬ 
tion of fast electrons and unexcited atoms must be the same as 
the overall rate of formation of excited atoms and slow elec- 
trons, but we are forced to make the postulate that: ‘ ‘ The total 
number of molecules leaving a given quantum state in unit 
time shall equal the number arriving in that state in unit time, 
and also the number leaving by any one particular path shall 
be equal to the number arriving by the reverse path”.* The 
postulate which entails that each microscoj^ic process occurring 
must be accompanied by an inverse process is called the 
Principle of Microscopic Reversibility. 

Klein and Rosseland [ 35 ], making use of this type of reason- 
ing, therefore postulated that if fast electrons could collide 
with unexcited atoms and produce excited atoms and slow 
electrons, then the reverse process must occur, namely that 
excited atoms may collide with slow electrons and produce 
unexcited atoms and fast electrons. The process must, of 
course, be unaccompanied by radiation. Such a process has 
been called a collision of the second kind. 

26. Efeiciehcy of CoLEisioisrs of the Second Ejcnd 
BETWEEN Atoms and Electrons. Klein and Rosseland made 
calculations from which they could make some statements as 
to the efficiency of the processes. In order to carry out the 
calculations, consider an ensemble of atoms and electrons. 
The atoms will be considered to have only two states, a lower 
state 1 of energy and an upper state 2 of energy . Now 
the number of atoms in each state at equilibrium is given by 

nz= Cpze~ .(4), 

* See R. 0. Tolman, Proc. Nat. Acad. Sci. 11, 436 (1925), whore the above 
statement and a discussion of the Principle of Microsco£)ic Reversibility 
are to be found. 
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wliere is the statistical weight of the ^th state and O is a 
constant independent of JS. Now the nnmher of electrons 
having energies between E and E + dE is given by the 
Maxwell-Boltzmann law as 

JE _ 

lL{E)dE=^Ke i^^VEdE ......( 5 ), 

where K is again a constant independent of E. Let ns define 
^12 i^) tihe probability of a collision of the first kind in such 
a way that the total nnmher of collisions of the first kind taking 
place per second is 

8:,^{E)n^{E^)lJi{E)dE .( 6 ) - 

Similarly, for the nnmher of reverse processes per second we 
33.8bVG 

S^^{E)n^{E^)fjL{E)dE ( 7 ). 

Since Franck and Hertz found that for electron energies less 
than E^ — E-^ no excitation is possible, it follows that 

;S'i 2 (^) = 0 for E<E^~E^ (8). 

Consider now the eqnilibrinm of electrons in the energy range 
dE between E' and E' -h dE when E' < E^ — E^. Electrons can 
obvionsly only leave this energy range by collision of the 
second kind, and the number leaving is given by 

n^8^^{E')iJu{E')dE. 

The number entering this energy range by collision of the first 


kind must have originally had energies between 
E'' = E' + E^-E^ and E"+dE, 

The number is given by 

n^ijL(E")S:i^^{E")dE. 

At equilibrium, therefore, we have 

n^lui{E') 8^^ (E') = n^p (E") 8^^{E") .( 9 ). 

Hememhering that 

W'-W = E^-E^ .( 10 ), 

it follows that 

'S2i(-E')=g(-;gr) ‘SfisC-B") .(11)- 


A similar argument can be considered for the case in which 









CONNECTED WITH RESONANCE RADIATION 59 

^' > leads likewise to (11). One may see from (11) 

that, since 

and ^ 

which means that a collision of the second kind between a slow 
electron and an excited atom must be very probable. This is to 
be expected for electrons and atoms, at any rate, since a slow 
electron will remain in the neighbonrhood of an atom longer 
than a fast one and the probabihty of energy transfer will 
therefore be greater. Investigations confirming the above 
theory have been made by Smyth [65], Latyschefi and Lei- 
punsky[4i], Kopfermann and Ladenburg [39], and Mohler[5i], 
and will be discussed further in Chap. iv. 

2 c. Collisions oe the Second Kind between Two 
Atoms . Franck [24] extended the ideas of Klein and B-osseland 
to include collisions between two atoms or molecules. Thus he 
supposed that an excited atom might collide with a normal 
atom or molecule and give up a quantum of energy ( 
the unexcited atom; the latter might then take up the energy 
either as translational energy, excitational energy or both, 
there being no loss of energy by radiation during the process. 
Such radiationless transfers of energy Franck also called 
collisions of the second kind. 

Many examples of these processes exist, and a list of them 
will be found in Chap. iv. We are concerned in this chapter with 
the bearing of such collisions on two important phenomena, 
namely, sensitized fluorescence and sensitized chemical 
reactions. 

2d. Sensitized Fluorescence. Consider a mixture of two 
kinds of atoms A and B, which for simplicity we shall suppose 
to have only one excited and one normal state. Let the energy 
state be represented as in Fig. 17, the excited state of A lying 
higher than that of B by an amoimt ATF. Let this mixtxme be 
irradiated by light of frequency v. If the number of atoms of 
the kind A is sufficient, there will be a considerable absorption 
of the frequency v and consequently some re-emission of the 
same frequency. If now the number of atoms of the kind B is 
large enough, so that the time between collisions between A 
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and JB is of the same order of magnitude as the mean life of 
the excited state of A, then, by collision of the second kind 
between excited A atoms and B atoms, energy will be trans¬ 
ferred to the B atoms, and there will be a subsequent emission 
of the frequency v together with the frequency . The differ¬ 
ence in energy AW will then appear as relative kinetic energy 
of A and B. Trom the laws of conservation of energy and 
momentum one can calculate what fraction of this kinetic 
energy is carried by A and B. Suppose the temperature is so 
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Fig. 17. Illustrating sensitized fluorescence. 


low that the energy of thermal agitation is small compared to 
AW. Then from conservation of energy and momentum we have 

im^v^‘^-]rimsV:B'^ = hv — hv^ = AW .(12), 

and = mjs Vb , 

from which it follows that 






2 A TJT" "l 

= Air- 


(13), 


where and are the final velocities of A and B respectively. 
From (13) it is easy to see that, if AIT is large, the atom B will 
acquire a considerable velocity from the collision, especially 
if it is light. This fact may be demonstrated by the existence 
of a Doppler effect on the line of frequency , which should be 
broadened by an amount Av given by the well-known Doppler 
equation 

Av V 

- =_cos 

c 


V 


( 14 ). 
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These predictions have all been verified by experiment. 
Carlo and Franck [12, 14] tested the theory by experiments on 
mercury and thallium vapours. Their experimental arrange¬ 
ment is shown in Fig. 18. A quartz tube containing thallium 
and mercury vapours, is illuminated by the light of a well- 
cooled quartz mercury arc lamp. A vapour pressure of thallium 
of about 2 mm. is obtained by heating a globule of thallium to 
800° C. in a side tube contained in the oven Og - Ahighpressure 
of mercury vapour is also obtained by heating mercury to 
100 ° C. in the oven O 3 . The furnace O-^ is kept at a temperature 
above 800° C. to keep thalfium from condensing in the tube. 
Under these conditions of vapour pressure very bright fluores¬ 
cence takes place in a very small layer close to the front of the 



resonance tube*. A spectrogram of the fluorescence shows a 
number of thalfium lines in addition to the 2537 fine of mer¬ 
cury. In fact the intensity of the green thalfium fine 5350 is so 
marked that the experiment can be demonstrated before a 
class. When the mercury arc is run without cooling, so that the 
2537 line is reversed, the thalfium fluorescence disappears 
completely. On freezing out the mercury vapour in the tube 
a similar disappearance of the fluorescence is noted. 

A fist of some of the thalfium fines occurring as fluorescence 
is given in Table V together with their classification. 

It will be seen that three of these fines come from energy 
levels which lie higher than 4* 9 volts, the excitation energy of 
mercury. The explanation probably lies in the fact that kinetic 

* Such, high vapour pressures of mercury obviously do not have to bo 
employed, to obtain a measurable fluorescence. For example, Mitchell 
{Journ. FranhL Inst. 209, 747 (1930)), was able to obtain sensitized fluores¬ 
cence of cadmium and thallium when the mercury vapour pressure corre¬ 
sponded to that of room temperature. 
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energy, obtained throngii high temperatures, can co-operate 
with excitational energy to excite higher states. However, it 
is difficult to prove this statement conclusively by experiments 
on thallium on account of the low-lying metastable 6 ^P 3/2 
level. The relative intensities of the lines 2768 and 3776 may 
be taken as a test of Eq^s. (13) and (14). It was observed that 
these lines did not occur with the same relative intensity with 
which they occur in the arc. Eor example, the Hne 3776 was 
very strong whereas 2768 was weak. The reason for this, given 
by the authors, is that the 2768 line comes from the 6 ^ 1 ) 3/2 
level, lying only 0*4 volt below the excitation voltage of mer¬ 
cury. The emitted line, therefore, is narrow and is absorbed on 
passing through the thallium vapour in the tube. The 3776 


Table V 


Line 

Series notation. 

Energy 

Line 

Series notation 

Energy 

2580 

6^P,y,-82Si/, 

4-78 

3230 


4-78 

2709 

6 ^p 4 - 8 ^I>i /2 

5-60 

3519 


4-51 

2768 

e^p' 6^1)3 2 

4-45 

3530 


4*45 

2826 


5-36 

3776 

62P,y3-7^Si/3 

3-27 

2918 

62P3y,-72r>5/2 

5-24 

5350 

6 ^Ps 3-7281/2 

3-27 


line, on the other hand, comes from the 7^Si^2 l^^el, lying 1-6 
volts below the level of mercury, and is consequently 

broadened by Doppler effect and is not weakened by absorp¬ 
tion. 

A quantitative confirmation of this effect was obtained by 
Hasetti [61], who investigated the sensitized fluorescence of 
sodium. The energy excess of excited mercury above that 
necessary to excite the D lines is 2*8 volts which, on applying 
Eq. ( 11 ), would give the excited sodium atoms a velocity of 
4*3 X 10® cm./sec. The distribution of the velocities of the 
excited sodium atoms is uniform as regards direction in space, 
but is not a Maxwellian one, since all the molecules have the 
same velocity. The emission Hne should be broadened by the 

amount AA = and the intensity distribution should be 

uniform. Taking v as 4*3 x 10 ®, AA is equal to 0*17 A. Using 
a 40-plate echelon grating Hasetti measured the breadth of 
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both and D 2 • A mean of six observations gave AA = 0* 16 A. 
in remarkable agreement with theory. The reader should note, 
however, a further discussion of these results in § 2/. 

In order to make an unambiguous test as to whether trans¬ 
lational energy and excitational energy can co-operate to 
excite higher quantum states, the sensitized fluorescence of 
cadmium was studied. The advantage of cadmium (see Fig. 16) 
lies in the fact that it has no low-lying metastable states which 
might be excited by collision of the first kind with other normal 
atoms having thermal velocities. The experiment was per¬ 
formed with the resonance tube at 800° C., and it was found 
that not only did the line 3261 appear but also the visible 
triplet from the level 6^Si, having an excitational energy of 6*3 
volts. When the experiment was repeated with the resonance 
tube at 400° C., the visible triplet did not appear. In order to 
be sure that this effect was not a result of stepwise radiation 
in mercury, the experiments were repeated using a mono¬ 
chromatic illuminator passing only the line 2537, with the 
same results. It is therefore clear that in order to excite the 
state of cadmium, excitatiopal energy of mercury (4*9 
volts) must co-operate with translational energy from tem¬ 
perature motion. 

A similar experiment on a mixture of zinc and mercury 
vapour was carried out by Winans [74], who found still other 
effects than those reported by Carlo and Franck. The experi¬ 
ments were made in a sealed-off quartz tube containing mer¬ 
cury vapour at 0-28 mm. and zinc vapour at 16 mm. pressure. 
The tube was kept at 720° C. Tight filters were used to give 
excitation by various combinations of mercury lines. It was 
found that when the mixture was irradiated by the full spec¬ 
trum of the water-cooled mercury arc (1849—7000 A.) the 
lines given in Table VI appeared. 

It will be noted that the hnes coming from states with 
energies as high as 7*74 volts appeared. When the mixture was 
excited by wave-lengths from 3200—7000A., no zinc lines 
appeared, which shows that lines in the region below 3200 A. 
are necessary. With incident radiation of from 2300—7000 A. 
all lines appeared except 2138, the intensity of the sharp 
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triplet being mucb reduced, however, by the omission of the 
wave-lengths between 1849 and 2300. When the exciting light 
consisted of only 2537 and 4358 no lines except 3075 appeared. 
If the exciting light contained all wave-lengths from 1849 to 
7000 without the core of 2537, only the sharp triplet appeared. 
The same was true when the exciting light contained wave¬ 
lengths from 1849-2000 with light from the mercury arc 
(either hot or cold) or from the aluminium spark. Finally, with 
wave-lengths between 1950 and 2000 no sensitized huorescence 
occurred. 

The results are to be explained as follows. Since the sharp 
triplet only appeared brightly when the exciting light con- 


Table VI 


Wave¬ 

length 

Series notation 

Energy necessary 
to excite 

4810 

43p.,-53Si) 


4722 

4’Pi-S^S, 1 

0-62 

4680 

43Po-53Sj 


3344 

43P3-4»D3'i 


3302 

43Pi-43Di [ 

7-74 

3282 

43Po-43DJ 


3075 

41So-4»Pi 

4-01 / Resonance 

1 2138 

41 S 0 - 41 P 1 

5-76 \ lines 


tained wave-lengths near 1849, it is certain that the state 

of mercury must have been excited. In general, however, 1849 
is highly reversed in a mercury arc. Since the state of 

mercury was excited by a hot arc and aluminium spark it is to 
be inferred that the absorption line at 1849 was highly broad¬ 
ened due to pressure, or perhaps even molecule formation. 
The fact that the diffuse zinc triplet did not appear when only 
2537 and 4358 were in the exciting light shows that these hnes 
are probably brought about by collision with some higher 
excited state of mercury formed by stepwise radiation. A small 
percentage of the intensity of the sharp triplet is also probably 
due to collision with mercury atoms in higher states due to 
stepwise radiation. 

The results of this experiment are not to be taken as in dis¬ 
agreement with those of Cario and Pranck on cadmium, since 
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the amount of energy necessary to reach the 5 state of zinc 
is greater than that necessary in cadmium, and the tempera¬ 
tures employed here were not so high. 

The sensitized fluorescence of many other metals has been 
investigated as an aid to finding their energy levels. The fol¬ 
lowing metals have been studied: thallium [ 12 ], silver [12], cad¬ 
mium [14], sodium [7], lead, bismuth [38], zinc [74], indium, arsenic 
and antimony [21] (the two last giving negative results). 

2e. Effect of Metastable Atoms. In view of the fact 
that Wood and Cario had shown that the addition of a foreign 
gas quenched mercury resonance radiation, Donat [2i], and 
later Loria [43], made investigations of the effect of added gases 
on the sensitized fluorescence of thallium. The gases argon, 
nitrogen and hydrogen were used. It was to be expected that 
since these gases were known to remove mercury atoms from 
the state (quenching), the sensitized fluorescence would 
also be quenched as a result. However, on performing the ex¬ 
periment with argon or nitrogen, the intensity of the thallium 
lines was found to increase. This experiment can be explained 
in the following way. Mercury atoms are raised to the 
state by absorption of 2537; colhsion with argon or nitrogen 
then brings them to the metastable 6 ^Pq . These atoms have a 
long mean life, and also appear to be able to survive many 
collisions with nitrogen molecules and argon atoms without 
losing their activation. They are therefore able to remain 
activated until they make a collision with a thallium atom. 
This causes a corresponding increase in the intensity of the 
sensitized fluorescence, since, without nitrogen or argon, a 
considerable fraction of the normal mercury atoms would lose 
their energy by radiation before collision. These experiments, 
therefore, are in agreement with and supplement those of Wood 
on stepwise radiation. Donat measured the change of intensity 
of the mercury 2537 line and the thalhum fines as a function of 
nitrogen and argon pressure. He found qualitatively that the 
intensity of 2537 which was lost owing to quenching was gained 
by the thallium fines. Loria and Donat found that there was a 
certain pressure of nitrogen or argon which gave the greatest 
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increase in intensity of tke thallium lines, the optimum pres¬ 
sure for argon being greater than that for nitrogen, as one 
would expect from quenching data. It will be seen that the 
existence of an optimum pressure for sensitized fluorescence is 
in agreement with experiments on stepwise radiation. Hydro¬ 
gen, on the other hand, showed a quenching effect both on 
the 2537 line and on the thallium lines. This shows that colH- 
sions with hydrogen always result in the formation of mercury 
atoms in the normal state. Sensitized fluorescence may there¬ 
fore be used as a criterion for telhng whether a given gas 
quenches excited mercury atoms to the normal (B^Sq) or 
metastable (6 ®Pq) state. 

Orthmann andPringsheim [59] showed that collisions between 
excited and normal mercury atoms lead to the production of 
metastable atoms. They repeated the Carlo and Franck experi¬ 
ment keeping the thallium pressure at 2 x 10~^ mm. (610° C.), 
whereas the mercury vapour pressure was gradually increased. 
They noticed that, as the pressure increased up to one atmo¬ 
sphere, the thaUium lines lost none of their original intensity, 
whereas the mercury radiation was completely quenched. 

2/. Efficiency of Collisions of the Second Kind 
BETWEEN Atoms. We have mentioned that a collision of the 
second kind between one atom and one electron is most efficient 
when the electron has a small velocity. When a collision of the 
second kind between two atoms occurs, a similar relation holds; 
viz. the collision will be most efficient when the least energy 
is converted into kinetic energy [23]. That this effect is to be 
expected theoretically was shown by ]Srordheim[54] and by 
Carelli [ii]. Later developments of the wave mechanics [34] have 
shown that if two atoms have energy levels lying near to¬ 
gether, a quantum mechanical resonance ” effect takes place 
between them. As an illustration consider an atom A which is 
in an excited state having an energy of 5 volts, say. This atom 
makes a collision, while still excited, with an unexcited atom 
JB which has two energy levels, one at 4-9 volts, the other at 
4-0. The quantum theory says that a very strong interaction 
(resonance) will take place between the atom A and the 4*9 
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volt energy level of B, which will lead to a very great proba¬ 
bility of the 4*9 volt level of B being excited. The probability 
of the 4*0 volt level being excited is, on the other hand, much 
smaller. 

Several attempts have been made to test these theories ex¬ 
perimentally, but most of the earher ones led to no definite 
conclusions, due to various comphcating factors. Beutler and 
Josephy[73, however, succeeded in showing this efitect very 
beautifully by experiments on the sensitized fluorescence of 

Table VII 


Na 

term 

Emission 
line (A.) 

Energy 

(volts) 

Energy difference 
(volts) 

Hg 

term 

62Pi 

6»Po 

42© 

6688 

5683 

4-269 

-0-601 

-0-383 


52P 

2853 

— 

4-322 

-0-538 

-0-320 


62S 

5154 

5149 

4-485 

- 0-375 

-0-157 


52© 

4983 

4979 

'4-567 

-0-293 

-0-075 


62p 

2680 

— 

4-699 

-0-261 

-0-043 



(2656) 

(4-642) 

( -0-218) 


6»Po 

72 s 

4752 

4748 

4-687 

-0-173 

+ 0-045 


62© 

4669 

4665 

4-734 

-0-126 

+ 0-092 


72 P 

2594 

— 

4-751 

-0-109 

+ 0-109 


82S 

4546 

4543 

4-805 

- 0-055 

+ 0-163 


72 © 

4497 

4494 

4-834 

-0-026 

+ 0-192 


82p 

2544 

— 

4-846 

-0-014 

+ 0-204 



(2537) 

(4-860) 


(+0-218) 

63Pi 

92 s 

4223 

4420 

4-880 

+ 0-020 

+ 0-238 


82© 

4393 

4390 

4-899 

+ 0-039 

+ 0-257 


92 P 

2512 

— 

4-907 

+ 0-047 

+ 0-265 


102 s 

4345 

4341 

4-930 

+ 0-070 

+ 0-288 


92 © 

4320 

4316 

4-943 

+ 0-083 

+ 0-301 



sodium vapour. Sodium has many energy levels lying between 
0 and 5*0 volts, several of which lie very close to 4*860 volts 
(63Pi state of Hg) and 4*642 volts state), as is shown in 

Table VII. By exciting with 2537, they observed the intensities 
of various sodium series appearing in sensitized fluorescence. 
One would expect, if the series were excited in the usual way, 
that the intensity of the higher numbers of the series (lines 
coming from states with large n) would decrease monotonically 
with n. On the contrary, Beutler and Josephy found that 
within the series the line S^P-Q^S was by far the 


5-3 
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strongest line observed. The state from which this line comes 
lies within 0*020 volt of the state of mercury. The state 

8 ^P lies even closer (0*014 volt), but this could not be observed 
as it gives rise to the line 2544, which lies too close to the strong 
mercury line 2537 to allow of intensity comparison. Pig. 19 
shows the result of the measurements. In constructing this 
figure the intensity of the various lines was corrected for sensi¬ 
tivity of the plate, divided by v (the frequency) and g (the 

40 
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44 4*3 4-5 4-7 . 5-0 Vblis 

I I -^ 

7 5 9 5 

Fig. 19. Intensity relations in sensitized fluorescence of sodium. 

(Beutler and Josephy.) 

statistical weight of the upper state) to place them on an equal 
footing for comparison. The ordinates give the probability of 
excitation of a given state and the abscissae the energy of the 
states. It will be seen at once that the 9^S state, lying close 
to 6^Pi, shows an extremely high probability of excitation. 
A small maximum also occurs at the 7 state, lying close to 
the metastable 6®Po level. Since the experiments were per¬ 
formed at rather high mercury pressures some metastable 
atoms were present. One should remark that since the lines 
32 p_^ 2 g QJ.Q. not resonance lines the results are wholly free 







CONNECTED WITH RESONANCE RADIATION 69 

from complications arising from absorption. A similar result 
was obtained by Webb and Wang [ 73 ] by mixing sodium vapour 
with excited atoms from the arc stream of a mercury arc. The 
results are in general agreement with those of Beutler and 
Josephy, although the experimental conditions were not as 
clean cut as theirs. 

A remark about Rasetti’s experiments (p. 62) is now neces¬ 
sary. He observed that the I) lines excited by sensitized 
fluorescence were very broad, but did not concern himself with 
the higher series lines emitted. Since ID lines will be emitted 
as a result of excitation of the higher series members as well 
as by direct excitation of the 3^P states of sodium, not 
much weight can be attached to the quantitative results of 
Rasetti. 

2gr. Conservation of Spin Angular Momentum in Col¬ 
lisions OF the Second Kind. The new quantum mechanics* 
predicts another eflect which has a bearing on the efflciency of 
collisions of the second kind. This eflect depends on the electron 
configurations of two atoms undergoing a colhsion. Let us 
consider the particular case of atoms having an even number 
of electrons. Each electron in the atom may be considered as 
spinning, and the resultant spin, s, of all the electrons in a 
given state determines the multiplicity of this state (multi- 
phcity = 2 s -h 1 ). If two electrons spin with their spin vectors 
antiparallel to each other they may be said to be paired, and 
the resultant spin is zero. A state in which all of the electrons 
are paired will have zero resultant spin. If, on the other hand, 
two electrons spin with their spin vectors parallel, they are not 
paired. A state in which two of the electrons are unpaired will 
have a resultant spin of one. If two atoms are about to make 
a colhsion of the second kind, Wigner’s theorem states that, of 
all the possible transfers of energy, that one will be most likely 
to occur in which the total resultant spin, considered for the two 
atoms together, remains unchanged. Consider now the case of 
a krypton atom in the metastable [4^® (^^ 3 / 2 ) state (to be 
denoted by which may make a collision with a mercury 


* E. Wigner, GoU. Nadir. 375 (1927). 
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atom in the normal state (G^Sq). We may write the electron 
configuration for the two atoms as 

Kr(3P2) + Hg(6iSo) (a) 

s=l s = 0 S=1 

where s is the resultant spin for each atom and jS for the con¬ 
figuration of two atoms. We may suppose the result of the 
collision to be either 

KreSo)+Hg(8iI)2) (b) 

s=0 5=0 S=0 

or Kr (iSo) + Hg (8 (c) 

5=0 S=1 S=l 

Of the two end states the theorem states that (c) would be the 
most probable, since the total resultant spin is unchanged. 

Beutler and Eisenschimmel [5] investigated spectroscopi¬ 
cally the light from a discharge tube containing mercury, 
krypton and helium. Mercury has two states of nearly the 
same energy lying close to the state of krypton. These are 
and . They first measured the intensity of the lines 
emanating from these two states in the mercury-helium dis¬ 
charge containing no krypton. They then added a small 
amount of krypton to the discharge and measured the intensity 
of the same lines under these conditions. The results showed 
that while the intensity of the lines coming from both states 
increased, that of the line coming from increased con¬ 

siderably more than that from 8 ^D 2 accordance with (c). 
This experiment would seem to substantiate the theory that 
“electron spin is conserved’’ on collision. 

Sensitized band spectra of several molecules have also been 
observed. The explanation of the processes involved in the 
production of such spectra involves a discussion of certain 
chemical reactions taking place in the excited gases. The pro¬ 
duction of these bands will therefore be discussed in the next 
section on the chemical effects of resonance radiation. 
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3. INTERACTION OE EXCITED ATOMS WITH MOLE¬ 
CULES. CHEMICAL REACTIONS TAKING PLACE IN THE 
PRESENCE OF OPTICALLY EXCITED ATOMS; SENSI¬ 
TIZED BAND FLUORESCENCE 

Sa. Introduction. It has long been known that certain 
chemical reactions which will not proceed under the influence 
of a given frequency of light can be stimulated by adding a 
substance which is sensitive to this light frequency. After the 
reaction has run its course, it is found that the added substance 
is unchanged in composition or physical properties. Such a 
reaction is said to be photosensitized” to the frequency v by 
the addition of a sensitizer”. As examples of this process we 
may cite the sensitization of photographic emulsions to green 
and red light by addition of certain dyestuffs, and also the sen¬ 
sitization of ozone decomposition to certain light frequencies 
by the addition of chlorine.*** 

Two problems arise when one studies photosensitized re¬ 
actions: (1) the action of the sensitizer and (2) the subsequent 
steps of the chemical reactions occurring as a result of the 
action of the sensitizer. The first problem has been practically 
solved through the combined efforts of physicists and chemists, 
and is intimately connected with the study of resonance radia¬ 
tion. The second problem, however, being of a more compli¬ 
cated nature, is still fraught with difficulties, and many con¬ 
tradictions are to be found in the literature concerning it. We 
shall be more concerned in this chapter with the primary 
chemical processes occurring as the result of the absorption of 
resonance radiation by atoms; the more complicated chemical 
reactions occurring thereafter will be treated with only so much 
detail as will serve to give a picture of this field of research. 

36. Reactions taking place in the Presence of 
Excited Mercury Atoms. That atoms excited by resonance, 
radiation may give over their energy to other molecules and 
cause them to react chemically was first shown by Carlo and 
Eranck[i3]. They found that hydrogen, activated by collision 
with excited mercury atoms, could be made to react with 

* F. Weigert, Ann. der PJiys. 24, 243 (1907). 
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metallic oxides, whereas, under similar temperature conditions 
and without the presence of activated mercury vapour, no 
reaction would occur. 

The apparatus consisted of a quartz tube containing a drop 
of mercury and some metallic oxide (CuO or WO 3 ). The quartz 
tube was connected to a vacuum system through which pur© 
hydrogen, obtained by heating a palladium tube, could be 
admitted at low pressures. The pressure of hydrogen could be 
measured throughout the course of the reaction by means of 
suitable manometers. Any condensable matter, formed as a 
result of the reaction, could be frozen out in a liquid-air trap. 
The temperature of the reaction vessel was maintained at 
45° C. during the course of the experiments. 

If the reaction tube contained a small amount of hydrogen 
(a few tenths to 20 mm. pressure) and was illuminated by light 
from a cooled mercmy arc, a decrease in the pressure of hydro¬ 
gen was observed, whereas, if the mercury arc was allowed 
to run hot so that the resonance line was reversed, no change 
in pressure was noted. Furthermore, no reaction was found 
to occur when mercury vapour was absent. Experiments with 
the yellow oxide of tungsten (WO 3 ) showed that it was reduced 
to the blue oxide in those experiments in which a decrease in 
the hydrogen pressure occurred. The fact that no reaction 
occurred unless the incident radiation contained the un~ 
re^;er^ecZ2537hneofmercuryshowedatoncethatthe first step in 
the process was the absorption of the resonance line, resulting 
in the formation of excited ( 6 ^Pj) mercury atoms (hydrogen 
shows no absorption in this region of the spectrum). The fact 
that the oxides were reduced when hydrogen was in the 
presence of excited mercury atoms, whereas no reaction oc¬ 
curred in their absence, led the authors to suppose that atomic 
hydrogen was formed as a result of a collision between an 
excited mercury atom and a hydrogen molecule. This line of 
reasoning follows from well-known chemical experiments, 
which show that ordinary molecular hydrogen will not react 
with CuO or WO 3 at the temperatures employed in the experi¬ 
ment, but that atomic hydrogen, formed in a discharge tube, 
will reduce these oxides. Cario and Franck suggested, there- 
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fore, that the second step of the process was the dissociation of 
a hydrogen molecule into two atoms as a result of the collision 
with an excited mercury atom. This process is energetically 
possible, since the energy of an excited mercury atom is 4*9 
volts and that needed to dissociate hydrogen is only 4*46 volts. 
The remainder of the energy (about 0*4 volt) was supposed to 
be taken up as relative kinetic energy of the three atoms after 
collision. The mechanism suggested by Cario and T’ranck for 
this step in the process, while energetically possible, is not the 
only simple mechanism which might be suggested, as we shall 
show later. It is sujEiicient for our present purpose simply to 
state that hydrogen is ^"activated*’ by collision of the second 
kind with excited mercury atoms, thereby being enabled to 
react with the metallic oxides. 

Soon after this experiment was performed other reactions 
sensitized with mercury vapour and involving the reaction of 
hydrogen with other chemical elements were studied. Thus 
Dickinson [18] showed that hydrogen would react with oxygen 
at low temperatures when a mixture of these gases with mer¬ 
cury vapour was radiated with the unreversed resonance line 
of mercury. A further study of this reaction was carried out by 
Mitchell [48], Taylor [67], Marshall [44, 45 , 46], and many others. 
Hydrogen was also found to react with ethylene [44] and with 
many other substances under the influence of excited mercury 
vapour. Finally, other substances such as ammorda[i9, 69], 
hydrazine [22] and water [63] were found to decompose in the 
presence of excited mercury atoms. 

It will be of more interest to forgo a chronological discussion 
of these reactions and establish a few important facts. The fact 
that none of these sensitized reactions will proceed unless 
mercury vapour is present and the mixture illuminated with 
the unreversed resonance line of mercury shows that mercury 
atoms in the state are necessary for the process. It does 
not show, however, that atoms in still higher quantum states, 
brought there by stepwise excitation, are not involved in the 
process. That mercury atoms in higher quantum states than 
the 6^Pi are not involved to any appreciable extent in the 
activating process has been shown by many experiments. 
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Marshall [44] showed that the introduction of a chlorine- 
bromine filter, absorbing all radiation between 2900 and 
5000 A., had no efiect on the hydrogen-oxygen reaction. 
Marshall [46] and Frankenburger[25] found that the hydrogen- 
oxygen and the hydrogen-carbon monoxide reactions are 
directly proportional to the intensity of the 2537 line in the 
exciting source. Mitchell and Dickinson [49] observed no in¬ 
crease in the rate of ammonia decomposition when the mixture 
was radiated with the light from an uncooled mercury arc 
(emitting radiation longer than 2300) in addition to that from 
a cooled mercury arc. Finally, Elgin and Taylor [ 22 ], by inter¬ 
posing screens of known transmission between the light source 
and the reaction vessel, showed that the rate of decomposition 
of hydrazine, in the presence of excited mercury vapour, was 
proportional to the first power of the light intensity. 

That metastable (6^Po) mercury atoms may also activate 
hydrogen was shown by Meyer [47], who added nitrogen, at 
about 10 mm. pressure, to a mixture of hydrogen and mercury 
vapour. He found that the addition of nitrogen increased the 
rate of reaction between hydrogen and metallic oxides, especi¬ 
ally at low hydrogen pressures. The explanation of this effect 
is analogous to that of the experiments of Donat and Eoria on 
the sensitized fluorescence of thallium. Collisions between 
nitrogen and mercury atoms lead to the formation of 

6®Po mercury atoms. The production of the metastable atoms 
increases the rate of the reaction since, owing to their long life, 
they have a greater chance of colliding with hydrogen mole¬ 
cules while still excited than have 6®P]^ atoms, and many of 
the latter lose their energy by radiation before collision with 
hydrogen. 

Cario and Franck [i3] investigated the effect of hydrogen 
pressure on the rate of the hydrogen-copper oxide reaction. 
They found that the rate increased as the pressure increased 
up to a limiting value, above which no increase in rate occurred. 
The explanation is that at the higher pressures the excited 
mercury atom loses its activational energy to hydrogen before 
it has time to radiate. At the lower pressures, however, a 
certain number of mercury atoms will radiate their energy 
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before colliding, resulting in a falling off in the rate of reaction. 
A quantitative treatment of this idea was given by Turner [71], 
which enabled him to obtain a rough estimate of the mean life 
of a mercury atom in the 6 state from the data of Cario and 
Franck. Since considerations of this type are fundamental to 
the elucidation of the mechanism of all sensitized reactions, we 
give the following simple derivation. 

Mercury atoms are excited by absorption of radiation from 
the arc. (1) The number excited is proportional to the intensity 
of Mght, /, of wave-length 2537 in the arc and to the concentra¬ 
tion of mercury vapour in the tube, [Hg]. Excited mercury 
atoms either (2) radiate or (3) collide with a hydrogen molecule 
and activate it. We shall assume that every hydrogen molecule 
struck eventually leaves the gas phase due to reaction with 
the oxide. The rate of formation of excited mercury atoms is 
given by* 


|^[Hg'] = *:,/[Hg] 


(15), 


and the rate at which they leave the excited state by 

- §j. [Hg'] = [Hg'] + k, [Hg'l [H,] .(16). 


The rate of activation of hydrogen is given by 


J? = ^3[Hg'][H2] .(17). 

When a steady state has been reached the rates of formation 
and destruction of excited mercury atoms will become equal 
and we may equate (15) and (16), whereby we may solve for 
the unknown [Hg']. Eq. (17) will then become 




or 


L 

B 


hh^IVELg] [H,] 
^2 ^3 [H- 2 ] 

1 


/c^ 


.(18), 

.(19). 


;^3^i/[Hg]*[H,]-^7.,7[Hg] ••• 

From Eq. (19) it will be seen that a plot of IjB against llpjsz 
should give a straight line, the ratio of whose slope to intercept 


* As is customary in chemical reaction theory we designate the concen¬ 
tration of any substance by [ ]. The partial pressure of any constituent 

will be proportional to the concentration. 
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should be , the constants , J, [Hg] thereby being elimi¬ 
nated. Turner found that a plotof 1/-5 against I/pb^z from Cario 
and Franck’s data did actually give a straight Line in agree¬ 
ment with theory. Since k^ is the chance that a 6 mercury 
atom will emit a light quantum, it is obviously equal to 1/r, 
where r is the mean life of the excited state. Similarly, k^ is the 
chance of collision between an excited mercury atom and a 
hydrogen molecule, which may be calculated from kinetic 
theory. The ratio ^ 2 /^ 3 » determined from this experiment, 
therefore gives a measure of r. Turner’s calculation gives a 
value for t in fair agreement with values obtained by other 
methods. 

It should be emphasized at this point that since the mechan¬ 
ism postulated here does not take account of the imprisonment 
or diffusion of resonance radiation or the broadening of the 
absorption line due to pressure, the calculation should only be 
applied when pressure of the mercury vapour and of the 
hydrogen is small. Other experiments, which we shall note 
later, were performed at atmospheric pressure of reacting gases 
and high mercury vapour pressure, so that such simple con¬ 
siderations do not apply. In order to obtain any real insight 
into the mechanism of reactions occurring through the agency 
of resonance radiation, all pressures should be kept as low as 
possible. 

3 c. The Mechanism of the Activation of Hydrogen by 
Excited Mercury Atoms. The question of the mechanism 
of the activation of hydrogen by excited mercury atoms, which 
we have so far left open, is one which has interested physicists 
and chemists for a number of years. Originally three separate 
mechanisms were proposed: (1) Cario and Franck supposed 
that a mercury atom collides with a hydrogen molecule 
and dissociates it in an elementary act into two hydrogen 
atoms: 

Hg (6 -f Ha = Hg (6 ^So) -f H -f H. 

(2) Mitchell [48] postulated that the result of the collision was a 
hydrogen molecule in a high state of oscillation and rotation: 

Hg (6 sPi) + Ha = H/ H- Hg (6 %). 
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(3) Compton and Turner[17] assumed that the result of the 
collision was a HgH molecule and a hydrogen atom: 

Hg (6 + Hg = (HgH)'4-H. 

All of the above mechanisms are energetically possible. 

That some atomic hydrogen is formed as a result of collisions 
between excited mercury atoms and hydrogen molecules has 
been shown by Senftleben and his collaborators [62 , 64]. They 
illuminated a quartz vessel containing hydrogen and mercury 
vapour with light from a water-cooled mercury arc, and ar¬ 
ranged to measure the changes in heat conductivity of the 
hydrogen by a hot-wire method. They found an increase in the 
heat conductivity when the mixture was illuminated, but on 
interposing an absorbing layer of mercury vapour between the 
light source and the conductivity vessel a much smaller in¬ 
crease in the conductivity was observed, showing that the 
effect was caused by the production of excited mercury atoms. 
From the increase in heat conductivity they inferred that 
hydrogen atoms are produced. The experiment is, however, 
not entirely free from objections, and hence cannot be con¬ 
sidered as conclusive proof of the production of hydrogen 
atoms. 

As evidence for the formation of HgH as the mechanism of 
the collision, Compton and Turner observed that HgH bands 
were formed in a low voltage arc in hydrogen and mercury. 
The HgH bands occurred with greatest intensity in those 
places in the discharge which were shown, by absorption 
measurements, to contain a large number of mercury 

atoms. More recently Gaviola and Wood [29], investigating 
sensitized band fluorescence, observed that HgH bands 
appeared when mixtures of hydrogen, nitrogen and mercury 
were radiated with light from a mercury arc. 

On the theoretical side Compton and Turner have pointed 
out that the reverse process to (1) would be a very improbable 
occurrence, since it would involve a simultaneous collision 
between two hydrogen atoms and one mercury atom. By 
applying the principle of microscopic reversibility, they con¬ 
cluded that mechanism. (1) must likewise be improbable. 
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Beutler and Babinowitsch [8] have made a more complete 
theoretical analysis of the problem. They assume that when an 
excited atom A! gives over its energy to a molecule not 
only energy but also linear and angular momentum must be 
conserved during the process. Before the collision the molecule 
B<7 will have a certain amount of rotational energy and 

the atom .A' will have some kinetic energy relative to the centre 
of gravity of BC. If the collision takes place in such a way that 
relative motion of the two particles is not along the line joining 
the centre of A' with the centre of gravity of -BO, A' and BC 
may be considered to be momentarily rotating about their 
common centre of gravity, giving rise to an amount of angular 
momentum M^. Of course, before the collision the molecule 
BC has some angular momentum As a result of the 

collision the particles must go apart in such a way as to con¬ 
serve energy and angular momentum. Beutler and Babino- 
witsch have shown that if the mass of A is large compared to 
B or C, the reaction 

A' + BC = {ABY^^^-tC 

will occur in which (ABY^*^- denotes that the molecule AB will 
possess a large amount of rotational energy. If the reaction is 
exothermic, they showed that AB would possess more rota¬ 
tional energy than if it were slightly endothermic. 

Beutler and Babinowitsch have found confirmation of these 
ideas in the experiments of Gaviola and Wood [29]. They found 
that HgH bands appeared when mercm?y, nitrogen and a 
small amount of hydrogen were radiated with the resonance 
line of mercury. The bands also appeared when mercury and 
water vapour were similarly illuminated. In the first case lines 
from the higher rotational states of the HgH molecule were 
very intense, whereas in the second case (HgO) the lower 
rotational states were predominant. In both cases the in¬ 
tensity of the bands was proportional to the sqLuare of the 
incident light intensity, showing that two excited mercury 
atoms are involved in the process. Since nitrogen or water 
vapour was present in either case, it may be assumed that 
metastable mercury atoms were responsible for the fluorescence. 
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The mechanism of production of the bands, as well as the 
energy relations, may be written as follows. Taking the heat of 
dissociation of Hg as 4*46 volts, of HgO into OH and H as 5T 


volts, and that of HgH as 0*37 volt, we have 

Hg (6sPo) + Ha = HgH + H 4- 0*62 volt (a), 

Hg(6»Po) + H20 = HgH + OH-0-lvolt (6), 

HgH + Hg' = (HgH)' + Hg (c ), 

(HgH)' = hv-h HgH (d). 


That (6) occurs is shown by the presence of OH bands in the 
fluorescence. Since reaction (a) is exothermic HgH molecules 
in high rotational states should be produced, if the theory is 
correct. Since (6) is slightly endothermic HgH molecules in 
low rotational states should be produced..If it be assumed that 
the second collision between Hg' and HgH does not appreci¬ 
ably alter the rotational energy of the molecule, it will be seen 
that the experimental results are in accord with the theory. 

Still more evidence to the effect that mercury hydride 
and hydrogen are formed as a result of the colUsion between 
hydrogen and excited mercury may be drawn from the be¬ 
haviour of the analogous metals, cadmium and zinc. Bender [4] 
radiated a mixture of hydrogen and cadmium vapour with 
light from a hydrogen and cadmium discharge tube emitting 
the full cadmium spectrum, together with that of hydrogen 
and cadmium hydride. He noticed that the fluorescent light 
from the resonance tube contained not only some of the cad¬ 
mium lines but also CdH bands. Experiment showed that 
CdH was formed by collision with excited (S^P^) cadmium 
atoms, and that the subsequent emission of the CdH bands 
was due to optical excitation by light from the discharge tube. 
Purthermore, if the cadmium metal used in the tube contained 
some oxides, a chemical reaction took place between the 
atomic hydrogen, formed as a result of the process, and the 
oxides in the tube. This was shown by the decrease in the 
hydrogen pressure and by the freezing out of water vapour in 
a liquid-air trap. If the cadmium metal was distilled free from 
oxides, the pressure drop was greatly decreased and no water 
was formed. In this case the formation of two hydrogen atoms 
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as a result of the collision is definitely impossible, since the 
energy of the state of cadmium is only 3*78 volts. The 

reaction 

Cd (5 ^Pi) + Ha = CdH -f H 

is energetically possible, since the heat of dissociation of CdH 
is 0*67 volt. The sum of the excitation energy of Cd and 

the heat of dissociation of CdH (3*78 + 0*67 = 4*45) is practi¬ 
cally equal to the dissociation energy of hydrogen (4*46 volts), 
so that no energy goes into translational energy. A similar 
reaction takes place when a 4^Pi zinc atom collides with a 
hydrogen molecule forming ZnH and a hydrogen atom. The 
reaction 

Zn (4 3Pi) + Ha = ZnH + H, 

as written, goes with the emission of 0*5 volt energy. Pender 
pointed out that this 0*5 volt may be taken up as vibrational 
energy of the ZnH molecules. 

That the more highly excited n ^P^ zinc or cadmium atoms 
did not enter into the process was shown by the fact that 
fluorescent lines coming from the 9^^Pi state were not quenched 
by the addition of hydrogen. That this state, having an energy 
considerably in excess of that necessary to dissociate a hydro¬ 
gen molecule, is not quenched by hydrogen is further evidence 
supporting the theory that collisions of the second kind are 
improbable when a large amount of energy goes into trans¬ 
lational motion. 

Hecently, Calvert [lo] has succeeded in dissociating hydrogen 
molecules by impact with optically excited xenon atoms. 
A reaction vessel, fitted with fluorite windows, containing 
hydrogen and xenon at low pressures and a small amount of 
tungsten oxide, WO 3 , was irradiated with light from a He-Xe 
discharge tube. The exciting source gave a very strong xenon 
spectrum, including the resonance line 1469 (^S—^P^), or in new 
notation [(5^®) ^Sq—(5^®. 65 ) 1 ®]. The xenon atoms in the tube 
absorbed the resonance line and reached the ^P^ state (energy 
8*5 volts), as was shown by the fact that resonance radiation 
was emitted from the reaction vessel when it contained only 
xenon. When hydrogen was admitted to the vessel and WO 3 
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was present, a decrease in the pressure of hydrogen occurred 
on illumination. The yellow oxide of tungsten was also dis¬ 
coloured, showing that it had been reduced. Since hydrogen 
itself can absorb no light in the spectral region emitted by the 
exciting source, it follows that the active form of hydrogen 
must have been produced by colhsion with excited xenon atoms. 
Since there appears to be no possibility of molecule formation, 
due to the inert nature of xenon, Calvert concludes that the 
excited xenon atoms must have dissociated the hydrogen 
molecules, an amount of energy corresponding to 2*6 volts 
going into relative kinetic energy of the reacting particles. 
He furthermore supposes that the mechanism of the dissocia¬ 
tion of hydrogen by excited mercury atoms is similar to that by 
excited xenon atoms, in support of the early considerations of 
Cario and [Franck. 

Reactions involving- Hydrogen. The reaction be¬ 
tween hydrogen and oxygen in the presence of excited mercury 
atoms has been studied by many investigators. It was 
at first believed that the primary product of the reaction 
was water. Later studies by Marshall[44, 45 , 46], Hirst and 
Rideal[3i, 32], Bonhoefier and Loeb[9], Rrankenburger and 
Klinkhardt[26, 36] showed that hydrogen peroxide (HgOg) was 
formed in great quantities during the reaction. The greatest 
yields of HgOg were obtained when the experiment was per¬ 
formed by flowing the gases through the illuminated reaction 
zone. Taylor postulated a chain mechanism for the reaction 
between H 2 and O 2 . Marshall, by measuring the number of 
molecules of H 2 O 2 formed per quantum of 2537 absorbed, 
obtained a yield of about four molecules per quantum of 
resonance radiation absorbed. This result was believed to con¬ 
firm the chain mechanism of the reaction. Later measure¬ 
ments of the efficiency of this reaction by Frankenburger and 
Hlinkhardt gave a yield of about 1*2 molecules of HgOg per 
quantum absorbed at 60° C. These authors beheve their 
experiments to show that no chain mechanism is involved. 
Recent experiments of Bates and Salley [i] appear to confirm 
the earlier results of Taylor and Marshall. 
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Tiie sensitized reaction between bydrogen and etbylene 
(C 2 II 4 ) appears to be q^uite complicated. Apart from tbe 
polymerization of etbylene into solid products, etbane 
acetylene (C 2 H 2 ) and many other hydrocarbons have been 
found as products of the reaction [2, 15 ,58,67]. Taylor and Hill [70], 
in a critical presentation of their data and those of other experi¬ 
menters, appear to believe that the reaction is too complicated 
to be amenable to theoretical treatment. 

The reaction between Hg and CO, in the presence of excited 
mercury vapour, is somewhat simpler. Taylor and Marshall 
found formaldehyde (HCHO) as a product. More recently 
Frankenburger [25] has found, by taking absorption spectra of 
the products of the reaction, that both formaldehyde and 
glyoxal (CHO.CHO) are formed. No unstable intermediate 
products were found in the spectroscopic analysis. Both 
Marshall and Frankenburger have measured the photo¬ 
chemical efS-ciency of the reaction. The former found a yield of 
more than five molecules of HCHO per quantum absorbed, 
while the latter, using an improved form of apparatus, found 
a yield of about one molecule per quantum. Both observers 
agree, however, that H 2 and CO disappear in about a 1:1 ratio. 

Taylor and Marshall have shown that the reaction between 
H 2 and NgO proceeds rapidly in the presence of excited mercury 
atoms, whereas that between H 2 and CO 2 does not. Most 
observers agree that no reaction between Hg and N 2 occurs 
under the action of excited mercury atoms. Hirst and Hideal, 
and Noyes [55], on the other hand, have found a reaction to 
occur, but their experiments were not carried out under cir¬ 
cumstances from which one could conclude with certainty that 
excited mercury atoms were the activating agent. 

Be , The Seksitized Fohmation of Ozohe. Of those 
sensitized reactions not involving hydrogen the first to be 
studied was the formation of ozone. Dickinson and Sherrill [20] 
allowed oxygen at atmospheric pressure to become saturated 
with mercury vapour at 20° C. and to flow through a chamber 
iUuminated with the fight of a water-cooled quartz mercury 
arc. To eliminate the direct photochemical formation of ozone. 
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which, occurs under the influence of radiation in the region 
below 2000 A., a tartaric acid filter was used to absorb this 
radiation from the arc. Their results showed that ozone was 
formed in the presence of excited mercury atoms. The reaction 
is also complicated by the formation of HgO. They showed, 
however, that the reaction 

Hg' + 02 = Hg0 + 0 

could not he the first step in the process, since at least seven 
molecules of ozone were formed per mercury atom used. Their 
mechanism assumes that an excited oxygen molecule is formed 
as a result of the collision between excited mercury and normal 
oxygen, and that the formation of ozone proceeds by the 
following mechanism: 

Hg'H -02 = 02 '-+-Hg, 

02^ + 02 = 03-1-0, 

O + 02 = O 3 . 

It is possible, however, that the first step in the reaction is 

Hg' + 02 = B:g + 0 + 0, 

since the latest value for the heat of dissociation of the oxygen 
molecule into two normal atoms is 5*09 volts. The excess 
energy required for dissociation above that supplied by the 
excited mercury atom might be derived from the relative 
kinetic energy of the mercury atom and oxygen molecule. The 
formation of HgO is probably the result of the action of ozone 
on normal mercury atoms. Teipunsky and Sagulin [42] believed 
that HgO was formed as a primary product. They used no 
light filter, however, and certainly had some photochemical 
formation of ozone as a result of short-wave-length ultra-violet 
light. The work of Noyes [ 56 ], performed at low pressures and 
with the help of filters, would appear to substantiate that of 
Dickinson and Sherrill in most respects. 

3/. The Sensitized Decomposition of Ammonia. Another 
very interesting reaction is the mercury-sensitized deoom- 
position of ammonia. This reaction has been studied exten¬ 
sively by Dickinson and Mitchell [49 , 50], and by Bates and 
Taylor [2, 69]. Dickinson and Mitchell studied the reaction at 
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low pressures (0*1 to 3 mm.) and used an acetic acid filter to 
eliminate the direct photochemical decomposition of ammonia 
which takes place under the influence of radiation of wave¬ 
length shorter than 2300. They showed by the usual methods 
that decomposition occurs in the presence of excited mercury 
atoms. Analysis of the decomposition products was made, after 
freezing out undecomposed ammonia, by the use of a quartz- 
fibre manometer and McLeod gauge. The combined use of 
such apparatus enables one to measure the average molecular 
weight of the decomposition products at low pressures- The 
result of the analysis showed 70 per cent, hydrogen and 30 per 
cent, nitrogen, or practically a stoichiometric ratio (75:25).* 

Mitchell and Dickinson investigated farther the effect of 
nitrogen, argon and hydrogen on the rate of decomposition. 
Argon and nitrogen at pressures up to 0*4 mm. had no efiect 
on the rate, as would be expected from the fact that at these 
pressures they do not quench mercury resonance radiation 
appreciably. Hydrogen, on the other hand, had a decided 
quenching effect on the rate of decomposition, even a greater 
effect than one would he led to expect from its known quench¬ 
ing ability. The authors inferred from this that excited am¬ 
monia molecules must be involved in the reaction, and further¬ 
more, that hydrogen may take excitation energy from them 
as well as from excited mercury atoms. An analysis of their 
experimental data by methods similar to those already 
described in this chapter appears to substantiate this view. 

Evidence for the existence of excited ammonia molecules is 
given by the discovery of Dickinson and Mitchell that mixtures 
of ammonia and mercury exhibited a fluorescence when radi¬ 
ated with the light of a cooled mercury arc. Mitchell [50] showed 
that the fluorescence consisted of a diffuse band stretching 
from about 2600 up into the green, with a maximum at about 
3400 A. Gaviola and Wood further investigated the fluores¬ 
cence and showed that the intensity of the band was propor- 

* Bates and Taylor, using a flow system and no light filter, found a 
larger percentage of hydrogen in their products, indicating the formation 
of hydrazine and hydrogen. More recent work of Elgin and Taylor [ 22 ] 
(see Table III, p. 2069) would appear to substantiate the results of Dickinson 
and Mitchell. 
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tional to the first power of the intensity of the exciting light, 
demonstrating that only one excited mercury atom is involved 
in its production. Mitchell further showed that the intensity 
of the maximum of the hand increased with increasing am¬ 
monia pressure in an analogous way to which the rate of 
decomposition increased with ammonia pressure. Similarly, 
at constant ammonia pressure, the intensity of the maximum 
of the band decreased with hydrogen pressure in the same way 
as did the rate of decomposition under like circumstances. 
These results show that the decomposition is intimately con¬ 
nected with the fluorescence. 

3g. Other Decompositions sensitized by Excited 
Mercury Atoms. The decomposition of a great number of 
substances has been investigated by Dates and Taylor [2, 69], a 
compendium of whose results is shown in Table VIII. Of all 

Table VIII 


Substance 

Ratio of 
photosensi¬ 
tized to 
non-photo- 
sensitized 
rate of 
reaction 

Analysis of gaseous 
products of the non- 
photosensitized 
reaction 

Analysis of gaseous 
products of the 
photosensitized 
reaction 

HaO 

NHg 
^ xr 

CH 30 H 

C 2 H 50 H 

■ 

CgHe 

(OH 3 ) 2 CO 

HCOOH 

Cgl-IsNH, 

200 : 1 

600 : 1 

50 : 1 
1000 : 1 

30 : 1 

2 : 1 
400: 1 
60: 1 

96 % Ha; 4 % 

100 % CO h-CH^ 

96 % Ha; 4 % Na 

73 % Ha; 27 % Og 

89 % Ha; 11 % Na 

88 % H,; 12 % CH 4 , etc. 

58 % Ha; 42 % CH^-fCO 

46 % Ha; 50 % CO -l-CH^ 

96 % Ha; 4 % CH 4 

60 % Ha; 40 % CH 4 

100 % 00 + CH 4 

76% CO; 24% Ha 

96 Ha; 3-7 % CH^; 

0-3 % Na 


the substances investigated, none failed to decompose in the 
presence of excited mercury atoms. The analysis of the gaseous 
decomposition products is shown in column 4 of the table. 
The decomposition of water was investigated earlier by Senft- 
leben and Rehrences], who found, however, no oxygen in their 
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decomposition products. It is quite probable that OH is a 
product of the elementary process according to the mechanism 

Hg'+ HgO = Hg + H + OH 
or = HgH + OH, 

since OH hands have been found in sensitized fluorescence in 
the presence of mercury and water vapour. 

IFinally, Elgin and Taylor have investigated the photo¬ 
sensitized decomposition of hydrazine and found ISTg, 

Hg and NH 3 as decomposition products. They also showed that 
the addition of 200 mm. of hydrogen (initial pressure of hydra¬ 
zine 10 mm.) made no change in the rate of the reaction. Since 
this effect is not to be expected on account of the known 
quenching power of hydrogen for mercury resonance radiation, 
they were able to give no explanation of it. Nitrogen and 
ammonia also showed no marked effect on the rate. It would 
be of interest to investigate this reaction at low pressures 
where broadening of the absorption line does not occur. 

37i. Reactions sensitized by Other Metallic Vapours 

ACTIVATED BY THE ABSORPTION OE RESONANCE RADIATION. 
We have already mentioned that Render showed that the 
reaction between hydrogen and metallic oxides occurs in the 
presence of excited zinc or cadmium atoms. Rates and 
Taylor [3] found no reaction to occur between hydrogen and 
ethylene in the presence of excited cadmium atoms. He also 
could observe no ammonia decomposition under like circum¬ 
stances. The investigation of reactions sensitized by cadmium 
and zinc resonance radiation is difficult, since it was not easy to 
get a very intense source of the resonance radiation of these 
metals, and since, furthermore, at the temperatures necessary 
to obtain a sufficient vapour pressure of these elements many 
reactions proceed thermally. 

As further evidence of the fact that a collision of the second 
kind is most effective where least energy goes into kinetic 
energy, Rentier and Eisenschimmel [ 6 ] showed that excited 
neon atoms (from a discharge tube) would dissociate hydrogen 
into a normal and an excited atom according to the scheme 

Ne + Hg = Ne (^So) + H -l- H (3 ^P) h- 0-13 volt. 
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.s evidence of this reaction they showed that the hne of 
ydrogen (22S-3^P) appeared with high intensity in the dis- 
harge tube containing neon and hydrogen. 

4. BANDS CONNECTED WITH BESONANOE LINES 

?here are two types of hand fluorescence which appear to be 
atimately connected with processes giving rise to resonance 
adiation: (a) bands which lie close to the resonance line and 
.ppear in fluorescence when a mixture of mercury vapour and 
ertain rare gases is illuminated by the xmreversed 2537 hne; 
.nd (6) diffuse bands, or continua stretching throughout a large 
egion of the spectrum, which occur when mercury vapour 
.t high temperature and pressure is optically excited. In 
addition to these two classes, there are bands which may be 
lefinitely ascribed to the molecules Hgg, Cdg, Zn^, a descrip- 
ion of which may be found in the hterature on band spectra. 

4a. Merotoy-Rare Gas Bands. 01denberg[57] made an 
nvestigation on mixtures of mercury vapour with the rare 
^ases hehum, neon, argon, krypton and xenon. A mixture of 
nercury with one of the rare gases (at high pressure) was 
lluminated by a cooled mercury arc. The fluorescence con- 
listed of the resonance hne, together with certain continua and 
Dands lying in the neighbourhood of 2537. That the fluores¬ 
cence is connected with the production of excited mercury 
ttoms was shown by the fact that no fluorescence occurred 
vhen the core of the resonance line was absent (exciting lamp 
>perated without cooling). 

Oldenberg’s experiments were made to test the following 
dea: Suppose an excited mercury atom collides with a foreign 
gas atom and radiates at the moment of colhsion. Can the ex- 
3 itation energy of the mercury atom co-operate in such a way 
with the relative translational energy of the two atoms that a 
Line of wave-length different from 2537 will be radiated ? The 
process would correspond to the following equation: 

Energy of excited mercury + Translational energy 

= hi^ (radiated). 

Since the translational energy is, in general, not definite, one 
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would expect to find a continuous band of radiation extending 
a short distance to either side of the 2537 line. Oldenberg 
actually found that such continua did occur when mixtures of 
Hg + Ne, Hg + He and Hg + Xe were examined. The maximum 
extension of the continuum toward the short wave-length side 
from the 2537 line was found to be greatest for the lightest 
gases, in agreement with predictions made from kinetic theory. 

In addition to the continuous spectra observed, Oldenberg 
found discrete bands lying to the long wave-length side of 2537, 
when mixtures of Hg-f A or Hg-hKr were optically excited. 
There were from five to seven bands observed and their posi¬ 
tion was found to depend on whether argon or krypton was 
present. From an intensive study of the subject, the author 
came to the conclusion that these bands are due to the unstable 
molecules HgA and HgKx respectively. Since it is known that 
mercury and the rare gases do not combine to a measurable 
extent when both are unexcited, Oldenberg supposed that an 
excited mercury atom might form a loosely bound molecule, 
due to polarization forces, with an argon or krypton atom. 
Since the binding energy of the combinations is small, the light 
radiated will have a frequency quite near to that of the mercury 
resonance fine. 

In some cases, notably argon, krypton and xenon, Oldenberg 
found that the continuum to the short wave-length side of 2537 
consisted of two broad difiuse maxima, the distance between 
the maxima depending on the rare gas used. The explanation 
of this effect, due to Huhn and Oldenberg [40], is that collision 
between an excited mercury atom and a normal rare gas atom 
results in the formation of quasi-molecules which may be in 
either of two vibrational states, depending on the direction of 
the relative momenta at the time of collision. From each of 
these vibrational states a band may be radiated when the 
molecule returns to the normal state, thus explaining the two 
maxima observed. The fact that two ma xim a occur is evidence 
in favour of space quantization upon impact. 

46. CONTIHXJA APPARENTLY ASSOCIATED WITH RESONANCE 
Radiation. In addition to the bands discussed in the fore- 
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going section, continua, or structureless diffuse bands, have 
been observed when the vapours of mercury, cadmium and 
zinc are optically excited. Since the fluorescence shows no 
structure, it has been exceedingly difficult to find a mechanism 
which will explain its production. A large number of experi¬ 
ments have been performed for the purpose of explaining the 
phenomena involved, but none appears to have given a com¬ 
pletely satisfactory explanation. We shall content ourselves, 
here, therefore, with giving a short description of the pheno¬ 
mena. 

If mercury vapour, at high pressure, be excited by a high 
frequency discharge, or by Hght of a wave-length near to the 
resonance line, three sets of continua appear, viz. (1) a con¬ 
tinuum, extending a short distance to the long wave-length 
side of 2537; (2) a broad continuum having a maximum at 
3300; and finally, (3) a continuum with a maximum at about 
4860. Experiments of van der Lingen and Wood £ 72 ] indicate 
that the bands only appear in distilling vapour, but other ob¬ 
servers do not substantiate this result. If the bands are 
optically excited by the 2537 line, their intensity is propor¬ 
tional to the first power of the intensity of the exciting light [60]. 
The general belief is that the bands are due to loosely bound 
mercury molecules. In support of this theory, Houtermans [33] 
obtained evidence showing that the bands are connected with 
mercury atoms in the and states. 

Similar diffuse bands appear in the spectra of the elements 
cadmium, zinc, thallium and magnesium. A compendium of 
the results of various researches on the subject is given by 
Mrozowski [52] and by Hamada[30]. As in the case of mercury, 
the bands appear to be due to loosely bound molecules and 
are associated with the various excited states of the atoms 
forming the molecule. 
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CHAPTER III 


ABSORPTION LINES AND MEASUREMENTS OF 
THE LIFETIME OF THE RESONANCE STATE 

1. GENERAL PROPERTIES OP ABSORPTION LINES 

Chapters i and ii contained, for the naost part, descriptions 
and interpretations of qualitative experiments on resonance 
radiation and resonance lines. It is the purpose of this chapter 
to introduce and perfect the physical and mathematical tools 
which allow a quantitative interpretation of another group of 
experiments on resonance radiation which, either directly or 
indirectly, are connected with the formation of absorption 
hues. 



Pig. 20. An absorption line. 

1 a. The NoTioisr op an Absorption Line. If parallel hght 
from a source emitting a continuous spectrum be sent through 
an absorption cell containing a monatomic gas, the intensity 
of the transmitted light, , may show a frequency distribution 
similar to that depicted in Fig. 20. When this is the case, the 
gas is said to possess an absorption line at the frequency vq , 
where vq is the frequency at the centre of the line in sec.~^. The 
absorption coefficient of the gas is defined by the equation 

.( 20 ), 
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where x is the thickness of the absorbing layer. When x is 
measured in cm., Jc^ is expressed in cm.~^. From Fig. 20 and 
Eq. (20) we may obtain Jc^ as a function of frequency, and when 
this is done we have a curve such as that shown in Fig. 21. The 
total breadth of this curve at the place where has fallen to one- 
half of its maximum value, A;max., is called the half breadth of 
the absorption line and is denoted by Av. In general the absorp¬ 
tion coefficient of a gas is given by an expression involving a 
function of v and a definite value of ^max. and Av, all of which 
may depend on the nature of the molecules of the gas, their 



Frequency v in sec.“"^ 

Fig. 21. Variation of absorption coeffiLcient with frequency 

in an absorption line. 

motion, and their interaction either with one another or with 
foreign molecules. 

lb. The Einstein Theory oe Radiation. Consider an 
enclosure containing isotropic radiation of frequency between 
V and V -h dv, intensity and atoms capable of being raised by 
absorption of the radiation from the normal state 1 to the 
excited state 2. Following Milne’s [47] treatment of the Einstein 
theory of radiation, we define the following probability 
coefficients: 

second that the atom in state 1, 
exposed to isotropic radiation of frequency between v and 
v-\-dv and intensity will absorb a quantum hv and pass to 
the state 2. 
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A 2^1 = probability per second that the atom in the state 2 
will spontaneously emit, in a random direction, a quantum hv 
and pass to the state 1. 

Jy = prohabihty per second that the atom will undergo 
the transition from 2 to 1 when it is exposed to isotropic radia¬ 
tion of frequency between v and i^-j-dv and intensity 1^,, 
emitting thereby a quantum in the same direction as the 
stimulating quantum. 

By considering the thermodynamic equilibrium between the 
radiation and the atoms, Einstein showed that 



c® • g-2 

.(21), 

and 

-^2-5.1 _S'! 

.(22), 


where c is the velocity of light and and g '2 sure the statistical 
weights of the normal and excited states respectively. Further¬ 
more, it is clear from the definition of the coefficient A 2-^1 that 

= ^ .(23), 

where r is the lifetime of the atom in the resonance state in the 
sense in which it was used in Chap. i. 

It should he emphasized at this point that the coefficients 
have been defined in terms of intensity of isotropic radiation, 
whereas the original Einstein JB coefficients were defined in 
terms of radiation density. The relation between the two kinds 
of jB’s is 

c 

B (density) — — B (intensity). 

47r 

The Einstein theory of radiation lends itself very naturally 
to calculations concerning the absorption of light by atoms and 
molecules, that is, to calculations involving absorption lines. 
In 1920 Eiichtbauer CIO] derived a relation between the integral 
of the absorption coefficient of a fine (the area under the curve 
in Eig. 21) and a prohabihty coefficient connected with the 
Einstein A coefficient. In 1921 Ladenburg [3T] gave a more 
precise relation between this integral and the Einstein A 
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coefficient. In 1924 Tolman[74] and Milne [47] derived the 
relation independently. In the following paragraph a deriva¬ 
tion of the formula is given which follows the notation of 
Milne. 

Consider a parallel beam of light of frequency between v and 
v-\-dv and intensity travelling, in the positive x direction, 
through a layer of atoms bounded by the planes at x and 
x-\-dx. Suppose there are N normal atoms per c.c. of which 
are capable of absorbing the frequency range between v 
and V -h dv, and N' excited atoms of which are capable of 

emitting this frequency range. ISTeglecting the effect of spon¬ 
taneous re-emission in view of the fact that it takes place in all 
directions, the decrease in energy of the beam is given by 

- d = BN^dxhvB:^^ - ^N^'dxhv .. (24), 


where lyl^TT is the intensity of the equivalent isotropic radia¬ 
tion for which Q^^id are defined. Rewriting Eq. (24), 

we obtain 


JL 

dx 


hv 

47r 




.(25). 


Recognizing that the left-hand member is as defined by 

Eq. (20), Eq. (25) becomes 


and integrating over the whole absorption line, neglecting the 
slight variation in v throughout the line, 

h,dv = ^^^{B:,^^N-B^^^N') .(26), 


where vq is the frequency at the centre of the line. Making use 
of Eqs. (21), (22) and (23), we have finally 


f 


i> A.. 


A 2(70 N 


(27). 


In gases electrically excited at high current densities, the 
number of excited atoms may become an appreciable fraction 
of the number of normal atoms, in which case the quantity 
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cannot be neglected. If, however, the only agency re- 

sponsible for the formation of excited atoms is the absorption 
of the beam of light itself, the ratio N'jN is exceedingly small, 
of the order of 10~^ or less, and consequently Eq. (27) may be 
written 




7c„dv = ^-^.— .(28). 

Eq. (28) is of fundamental importance. It expresses the fact 
that whatever physical processes are responsible for the formation 
of the absorption line^ the integral of the absorption coefficient 
remains constant when N is constant. 


\c. The Relation between /-value and Lifetime. On 
the basis of the classical electron theory of dispersion, the 
optical behaviour of N atoms per c.c. was represented by the 
behaviour of quasi-elastically bound electrons (the so- 
called ‘"dispersion electrons ’’). The ratio ^/N was found to be 
constant for a particular spectral line and was denoted by /, 
The/-value associated with a spectral line emitted by an atom 
can be regarded as a measure of the degree to which the ability 
of the atom to absorb and emit this line resembles such an 
abihty on the part of a classical oscillating electron. In all 
classical formulas of normal and anomalous dispersion, mag¬ 
neto-rotation and absorption, the quantity / appears. On the 
basis of the quantum theory, the /-value has a very simple 
interpretation: it is proportional to the Einstein A. coejBIcient, 
or, in the case of a resonance line, it is inversely proportional to 
the lifetime of the resonance level. This is most easily shown 
by the classical formula, developed long before the Einstein 
theory, namely 


j 


Itt 


(9^/c) dv 


'ire^ 

me 




Tre^ 

me 


Nf 


(29), 


in which n is the index of refraction and nK the electron theory 
absorption coefficient which is connected with the usual 
absorption coefficient by the relation 


47r 


(Wk) = 


(30). 






OF THE HESOHAHCE STATE 


97 


From Eqs. (28) and (29) we have Ladenburg’s formula [37] 
stating the connection between the /-value of a resonance line 
and the lifetime of the resonance level: 

-me’ 877-^1 ‘ 7- 

or /'r=A 0 ^= 1*51 — Aq^ .(31). 

877 ^ 6 ^ ^ ^ ^ ^ 

Eq. (31) enables ns to calculate the lifetime once the/-value 
has been measured, or vice versa. In Table IX are given values 
of f'T for those resonance lines that are most often studied 
to-day. 

Table IX 


Element 

Resonance 

line 

9jgi 

Ao in 

A. units 

yT = l-51 (9s/sri) V 
>c 10* 

Li 

23Si/2-2aPj/2 

1 

6708 

6-80 


2"S,/2-2^P3/2 

2 

6708 

13-6 

Na 

32Sa/a-3"Px 2 

1 

5896 

5-24 

99 

O 2Q Q ^X> 

2 

5890 

10-46 

K 


1 

7699 

8-94 

99 


2 

7665 

17-8 

Cs 

62Sx/2-6^Px/2 

1 

8944 

12-1 

99 

e^Sx/.-e^Paya 

2 

8521 

21-9 

Mg 

31 S 0 -33Pi 

3 

4571 

9-48 

99 

31 S 0 - 31 P 1 

3 

2852 

* 3-68 

Ca 

41 S 0 -43Pj 

3 

6573 

19-5 

99 

41 S 0 - 41 P 1 

3 

4227 

8-09 

Zn 

41 S 0 -4»Px 

3 

3076 

4-28 

99 

4igo --4iPx 

3 

2139 

2-07 

Sr 

51 S 0 -S^Pi 

3 

6893 

21-5 

99 

51 S 0 

3 

4608 

9-64 

Cd 

51 S 0 -5®Pi 

3 

3261 

4-80 

99 

5^So -S^Pj 

3 

2288 

2-37 

Ba 

6 IS 0 -esPi 

3 

7911 

28-3 

99 

6^So -6H\ 

3 

5536 

- 13-9 

Hg 

e^So -63Px 

3 

2537 

2-91 

99 

6^So -e^Pi 

3 

1850 

1-55 

T1 

62Pxy,-7 2Sx/, 

1 

3776 

f/A =2-15 

99 

e^Px.-e^Dgy, 

2 

2768 

f/A =2-31 

99 

62P3y2-7®Sx/2 


5350 

f/A =2-20 


2 . THE ABSORPTION COEFFICIENT OF A GAS 

2 a. Expression for the Absorption Coefficient. There 
are in general five processes that contribute to the formation 
of an absorption line of a gas. Each process can be regarded as 


M Z 


7 
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an agent for broadening the absorption line. Tlie five types of 
broadening are as follows: 

(1) Natural broadening due to tie finite lifetime of the 
excited state. 

(2) Doppler effect broadening due to the motions of the 
atoms. 

(^) Lorentz broadening due to collisions with foreign gases. 

(4) Holtsmarh broadening due to collisions with other 
absorbing atoms of the same kind. 

(5) Starh effect broadening due to collisions with electrons 
and ions. 

Both liorentz and Holtsmark types of broadening are often 
referred to aspressure-broadening ” ‘ Bruckuerbreiterung, 

since the first depends on the pressure of the foreign gas, and 
the second on the pressure of the absorbing gas. Although the 
recent work of Weisskopf[83] seems to indicate that the two 
kinds of broadening are identical, this point is still in sufficient 
doubt to make it desirable to retain the old nomenclature and 
to distinguish between the two phenomena. 

Fortunately it is possible in many cases to choose experi¬ 
mental conditions in such a manner that all but one or all but 
two broadening processes are either completely absent or 
neghgibly small. For example, the absorption line produced 
in a continuous spectrum which passes through an attenuated 
beam of atoms moving perpendicular to the path of light would 
(if it could be spectroscopically resolved) be determined en- 
- tirely by natural broadening. In a gas or vapour that is not 
electrically excited, and whose pressure is kept below 0‘Olmm., 
Stark-effect broadening and Holtsmark broadening may be ig¬ 
nored. Xorentz broadening, that due to collisions with foreign 
gas molecules, however, cannot be disposed of so easily. In 
many experiments on resonance radiation one cannot get along 
without the use of foreign gases. In such cases, if the foreign 
gas pressure is kept below about 5 mm., the contribution to the 
absorption hne due to Lorentz broadening is small in com¬ 
parison with the Doppler effect. Lorentz broadening as a 
phenomenon in itself will be discussed later on in the book. 
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Most of the experiments leading to values of / or t are per¬ 
formed under conditions in which only natural broadening and 
Doppler broadening are present. To interpret such experi¬ 
ments it is necessary to have a mathematical expression for 
the absorption coefficient of a gas under these conditions. 

Such an expression was developed in 1912 by Voigt [75], and 
a little later independently by Deiche [eo], on the basis of the 
classical electron theory. Voigt’s formula is very general, in¬ 
volving the Doppler effect, natural damping, and any other 
damping process that can be represented by a function of the 
velocity of the absorbing atoms. When only the first two pro¬ 
cesses are considered Voigt’s formula becomes identical with 
a formula which will be developed in the next few pages with¬ 
out the necessity of going through the long and somewhat 
complicated calculation of the dispersion theory. A fuller 
discussion of Voigt’s and Reiche’s formulas will be found in 
the Appendix. 

It is a well-known result that, when natural damping is 
neglected, and only the heat motions of the atoms are taken 
into account, the absorption coefficient of a gas is given by 

r 2(i^-vo) 

h^ = hae L .(32), 

where Av^) is the Doppler breadth, depending only on the 
absolute temperature T and the molecular weight M according 
to the formula 


Ai/j5 — 


2 V2i21n2 



(33), 


and Icq is the purely ideal quantity, the TYiaximwm absorption co¬ 
efficient when Doppler broadening alone is present, can be 
calculated as follows: Integrating Eq. (32), one obtains the 
formula 


j 


CO 1 


TT 


Q z/ 'V In 2 

whereas Eqs. (28) and (29) yield 




( 34 ), 
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Consequently Jc^ 



In 2 N 


Stt^i 


In 2 ire^ 


(35). 




''!> ^ TYIO 

When, on the other hand, the Doppler ejffiect is neglected, and 
only natural damping is taken into account, the absorption 
coefficient is proportional to 

1 


1 + 


'- 2(v-Vo) -i^- 
_ _ 


where is the natural breadth, which according to Dirac’s 
theory of radiation[25,82] is equal to the Einstein A coefficient 
divided by 277 or, in the case of a resonance line, 

= .(^^)* 

Zttt 

Now the Doppler effect and natural damping are entirely 
independent broadening processes. Consequently the com¬ 
bined absorption coefficient of a gas (i.e. when both processes 
are present) may be calculated by considering either every 
infinitesimal frequency band of the pure Doppler curve to be 
broadened by natural damping, or every infinitesimal fre¬ 
quency band of the natmal damping curve to be broadened 
by the Doppler effect. Suppose we pick some frequency band 
at a distance v—vq from the centre of a hne showing only 
natural broadening. To represent the Doppler broadening of 
this frequency band, a variable distance S from the point 
v—Vq is chosen. The integration is then taken over 8. The 
absorption coefficient is therefore given by 

.-L 


h,.= C 


J 




• oo 


1 + 


^ 2 


(v 


“|2 

S) 


dS 


(37), 


where O is a constant determined by the condition [Eq. (28)] 
that 

A0V2 ^ 


JQO 

0 


hydv 


877 ^ 1 ' 
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Integrating Eq[. (37) with respect to v, and using Eqs. (28) and 
(35), C is found to be 

The Doppler breadth of an absorption line offers itself as a 
convenient natural unit with which to describe an absorption 
line. Considerable simplification is therefore attained if the 
following two quantities are introduced: 


2(v~Vq) —- 

0)= \ ^Whi2 

Avj) 

.(S8), 

a = ^''^V\n2 

.(39). 

Letting y—-^~Vlri2, Eq. (37) becomes 


7, _7, “f” 

.(40), 


Table X 


Atom 

Line 


T sec. 

1 

- 

Jttt 

sec.-’^ 

AV7;=7-16xlO-’.oy^ 

sec.—^ 

a = — 

Avp 

Hg 

6% -6*Pi 

2537 

M xlO-"^ 

1-4 X 10® 

1-0 X 10° (20° C.) 

•0012 

Na 


5896 

1-6 X 10-8 

10 X 10’ 

1-6 X 10® (160° C.) 

•0052 

Cd 

51 S 0 -5iPi 

2288 

2-0 X 10-8 

0-8 X 108 

1-9 X 108 (200° C.) 

•036 


which is identical with Voigt’s expression (see Appendix). The 
quantity a will be called hereafter the “natural damping 
ratio''. Since it is a constant for a particular absorption line 
of a gas at constant temperature, the integral in Eq. (40) is 
therefore a function of oj. Values of the natural damping ratio, 
a, for three important resonance lines are given in Table X. 
It is seen that a is always small, in the neighbourhood of 0-01. 
It is therefore of value to study the characteristics of an 
absorption line with a small natural damping ratio. 

26. Characteristics of an Absorption Line with Small 
Xatueal Dampino Ratio. It is shown in the Appendix that, 
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when, a is of the order of 0-01, Eq[. (40) can he put in the 
form 



2,a 

Vtt 




(41), 


where 


F (co) =e-"2 




A table of values of F {< o ) and of 1 — 2 ooF { o )) is given in the 
Appendix. With the aid of this table, the ratio Tc^l^o 
evaluated for any desired value of co , that is, at any part of an 
absorption hne whose natural damping ratio is known. In 
Table XI are given values of from the centre of a line 

(oo—0) to a distance about eight times the Doppler breadth 
{ co — ±16) for an absorption line whose natural damping ratio 


is 0-01 



= 0-00886, a value within the range of most reso¬ 


nance lines. It is of advantage to study this table in two parts: 
the “central region of the line”, | ajJ <2; and the “edges of 
the hne”, I a> I > 6. 


2 c. The Central Region of the Line, The fraction of the 
incident light of freq^uency v that passes through an absorbing 

layer of thickness I is equal to Since == it is 

necessary to know the product k^l in order to calculate how 
much light is transmitted at some particular part of an absorp¬ 
tion line. From Eq. (35) it is evident that Joq depends upon A", 
or more simply upon the pressure of the absorbing gas. If the 
pressure of the absorbing gas and the thickness of the absorbing 
layer are chosen low enough, JcqI can be made small, say about 3. 
(This is usually achieved at pressures from lO"'^ to mm., 
and with thicknesses from 0*1 to 3 cm.) In this case it is seen 
from Table XI that k^l has a value large enough to produce 
measurable absorption only within the central region of the 
hne, being negligibly small for the values of | co | greater than 
two. Moreover, it can be seen that the values of k^jk^ in this 
part of the line diSer from the values of by only a few per 
cent- at most- With an error well within that of experiment the 
statement can he made: when the pfessv/re of the ccbsoTb ' in.g gas 
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and the thichness of the absorbing layer are chosen small enough to 
make kjL about 3, the edges of the absorption line may he neglected 
and the whole line may be regarded as a pure Doppler line with 

= .(43). 

Table XI 




1 — 2coF (co) 
from 

KfK 

from 

kol-- 

= 3 

^0^=3000 

CL> 

e—oj® 


—k 1 
e 





Appendix 

Eq. (41) 

KI 

Tc^JL 

•0 

1-0000 

1-0000 

•9900 

2-970 

•0513 


0 

•2 

•9608 

•9221 

•9516 

2-855 

•0576 

g -2 

O CQ 

0 

•4 

•8521 

•7121 

•8450 

2-535 

■0793 

^ .ss 

O M 

^ CQ 

0 

•6 

•6977 

•4303 

•6934 

2-080 

•1249 

0 

•8 

•5273 

-1487 

•5258 

1-577 

•2066 

Ph q 
o S 

0 

10 

•3679 

-•07616 

•3687 

1-106 

•3309 


0 

1-2 

•2369 

- -2175 

•2391 

•717 

■4882 

o o 

fcjOTi! 

0 

1-4 

•1409 

- -2782 

-1437 

-431 

•6499 

cS ce 

r—HI 

0 

1-6 

•07730 

- -2797 

•08010 

•240 

•7866 

fZS 

o S 

0 

1-8 

•03916 

- -2485 

-04165 

•124 

•8834 

EH 

0 

20 

•01832 

- -2052 

•02037 

•061 

•9408 

B 

0 

3 

•0001234 

- -06962 

•0008196 


1 

2-459 

•0855 

4 

0 

- 03480 

•0003480 


1 

1044 

•3520 

5 

0 

-•02134 

•0002134 


1 

•6402 

-5273 

6 

0 

-•01451 

•0001451 

o o 

1 

•4353 

•6473 

7 

0 

-•01053 

•0001053 

.3 

& 

O Fh 

Sh O 

1 

•3159 

•7291 

8 

0 

- -008000 

•00008000 

1 

•2400 

-7866 

9 

0 

- -006290 

-00006290 


1 

•1887 

-8278 

10 

0 

- -005076 

•00005076 

5 "3 

1 

•1523 

•8590 

11 

0 

- -004183 

-00004183 

^ r-Q 

1 

•1255 

•8816 

12 

0 

- 003510 

•00003510 

a g 

1 

•1053 

•9003 

13 

0 

--002958 

•00002958 

o ^ 

H § 

1 

•08874 

•9148 

14 

0 

- -002551 

•00002551 

1 

•07653 

-9259 

15 

0 

- -002222 

-00002222 

^ a 

1 

•06667 

-9352 

16 

0 

-001953 

•00001953 


1 

•05859 

•9427 


2d. The Eboes of the Line. If the pressure of the 
absorbing gas is from about 10“^ to about 10~^ mm. (not high 
enough to produce Holtsmark broadening of the absorption 
line!), and the thickness of the absorbing layer is from 10 to 
50 cm., may be made very large, say about 3000. It is seen 
from the table in this case that Tc^l in the central region of the 
line is so large that, in any experiment, this region would be 
completely absorbed. Only in the edges of the line would a 
measurable amount of light be transmitted, that is, the form 
of the line would be determined entirely by the edges. At the edges 
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of tlie Hue Eq. (41) assumes a very simple form. It is shown in 
the Appendix that, for large values of a>, 


\-2cdF{cd) = 


~ 1 1.3 1.3.5 


1.3.5.7 

(2co2)4 


(44). 


whence, for values of [ to ] greater than 6, Eq. (41) becomes 


y CL 

Vtt 


(45). 


Introducing the values of to and a given by Eqs. (38) and (39), 
Eq. (45) becomes 


h 


“1 

_2 


' TT , . 

=— -k,^Av 
ln2 


■-] 


Av 


N 


27t{v — Vq)2 


.(46), 


and, by virtue of Eq. (34), Eq. (46) assumes the form 


hy — [J Jc^ dv^ 


_ 

27r {v — Vo)2 


..(47), 


which expresses the very interesting result that the extreme 
edges of the line are due entirely to natural damping. 

The results of these calculations may be summed up as 
follows: When there is weak absorption the central region of 
the line plays the main role and the absorption coetHcient is 
determined by the Doppler effect; whereas when there is very 
strong absorption, the edges of the line are important and the 
absorption coefiS.cient is determined by damping. This is 
shown graphically in Eigs. 22 and 23, in which the numbers in 
Table XI are plotted. 

A very important distinction between the two cases arises 
when we consider the problem of hyperfine structure. The 
whole discussion up to now has been concerned with a simple 
line. When a Hne shows hyperfine structure, it may be re¬ 
garded as being composed of a number of simple lines that are 
either completely separated (resolved) or overlap one another. 
All the formulas that have been written, therefore, must be 
appHed to each hyperfine structure component. It is obvious 
then, that, in the case of weak absorption where the central 
region of each hyperfine structure component plays the main 
role, it is necessary to know the number of components, their 
separation, and their respective intensities, in order to give 
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an exact expression for the absorption coefficient. In the case 
of strong absorption, however, where one is interested in the 



—Doppler Breadth 

Fig. 22. Narrow and broad absorption lines. 



— Doppler Breadth 

Fig. 23. Variation, of absorption coefficient -mbh. frequency- 
in narrow and broad absorption lines. 


extreme edges of a line, at a distance from the centre of gravity 
of the hyperfine stnictnre components of a line that is much 
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larger than the average separation of the components, the 
situation is mnch. simpler, for if this distance he large enough, 
the absorption coefficient will be practically the same as if all 
the hyperhne structure components coincided at their common 
centre of gravity. In other words, in order to interpret experi¬ 
ments perjormed on the extreme edges oj cl line that has a com¬ 
plicated hyperfine struetnre it is a sufficiently accurate procedure 
to wse equations that refer to a simple line. 

3. EMISSION AND DIEETJSION OF 
RESONANCE RADIATION 

3a. Emission Charaotehistics of a Eesonanoe Lamp. 
In an ideal resonance lamp there are just enough absorbing 
atoms present to absorb an extremely small portion of the 
exciting radiation, but not enough to absorb the re-emitted 
radiation on its way out of the lamp. In such a lamp there 
would be a uniform distribution of excited atoms in the direct 
path of the exciting radiation and no excited atoms anywhere 
else, and the emitted resonance radiation would be due to only 
one absorption and emission process on the part of each atom. 
Such resonance radiation is known as primary resonance 
radiation. It is obvious that the reqLuirements of an ideal 
resonance lamp can never b© completely satisfied in practice. 
If there are enough atoms present to absorb an appreciable 
amount of the exciting radiation, then the re-emitted radia¬ 
tion will also be absorbed, not only on its way out of the exit 
window but also in all parts of the lamp. The primary resonance 
radiation thus absorbed will be re-emitted (secondary reso¬ 
nance radiation), and this, in turn, wiE give rise to tertiary 
resonance radiation, and so on. In other words the radiation 
will be diffused or imprisoned. On the basis of the Einstein 
theory, this situation can he described by saying that light 
quanta perform rapid transits from atom to atom alternating 
with periods of imprisonment of average duration t, the time 
r being large compared with the time of transit. It was first 
pointed out hy K. T. Compton [2, 3] that the propagation of 
resonance radiation in an absorbing gas was analogous to the 
process of difiusion, and, on the basis of this analogy, he was 
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able to explain some phenomena in connection with the be¬ 
haviour of low voltage arcs. A rigorous treatment of the pro¬ 
blem was given later by E. A. Milne [48], who showed that the 
differential equations giving the concentration of excited atoms 
and the intensitv of resonance radiation as a function of dis- 
tance and time were similar to the ordinary diffusion equation 
except for a third order term that arose from the finite lifetime 
of the excited state. Milne’s theory is of value in considering 
the one-dimensional flow of resonance radiation of very narrow 



Fig. 24. Characteristics of an ideal resonance lamp. 

spectral width, but leads to mathematical difficulties when 
applied to the more complicated conditions that are present in 
connection with an actual resonance lamp. The use of Milne’s 
theory in interpreting experiments on the quenching of reso¬ 
nance radiation will be discussed in Chap. iv. At present an 
approximate treatment of the emission characteristics of a 
resonance lamp will be given in which the conditions of gas 
pressure and geometry are such that radiation diffusion may 
be neglected as a first approximation. 

Let us consider the resonance lamp shown diagrammatically 
in Fig. 24. The exciting radiation passes down the lamp 
grazing the exit window, so that there is practically no layer of 
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unexcited atoms tlirough which the resonance radiation must 
pass on its way out. The aperture in the exit diaphragm is 
chosen small, and a lens is imagined at sufficient distance from 
the exit window to receive only a parallel beam of resonance 
radiation emerging perpendicularly from the exit window. 
Furthermore, the pressure of the absorbing gas in the reso¬ 
nance lamp is considered small enough, so that secondary and 
tertiary resonance radiation can be neglected as a first approxi¬ 
mation. If these requirements are satisfied, then the following 
approximate statements will hold well enough for practical 
purposes: 

(а) The resonance radiation, , is due only to the emission 
by excited atoms within the boundaries indicated by the 
shaded portion in Fig. 24. 

(б) The concentration of excited atoms within these boun¬ 
daries is uniform; i.e. the emission of all infinitesimal layers, 
such as dx, is the same. 

(c) The primary radiation emitted by a layer such as dx is 
absorbed on its way out, but only a negligible fraction of this 
absorbed energy is re-emitted in the original direction; i.e. 
E^ consists entirely of primary resonance radiation. 

An approximate expression for E^ may now be obtained. 
Let the absorption coefficient of the gas in the resonance lamp 
be JcJ. Then the total energy absorbed from the exciting beam 
by the layer of atoms in the shaded area will be equal to 

const. .(48). 

Some of this energy is re-emitted at right angles to the direc¬ 
tion of the exciting beam. The experiments of Orthmann and 
Pringsheim [55] and of Pump [63] have shown that the form or 
frequency distribution of resonance radiation emitted at right 
angles to the direction of the exciting beam is independent of 
the form of the exciting line, and depends only on the form of 
the absorption coefficient. Therefore the radiation in a unit 
frequency band at the frequency v emitted at right angles by 
the infinitesimal layer dx is proportional to 

dv-\.1cf dx=^ CTcfdx .(49), 

in which G will be constant, when the exciting lamp and the 
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resonance lamp are run under constant conditions of tempera¬ 
ture, pressure, etc. The radiation emitted by dx is absorbed on 
its way out, so that the amount emerging is 

— C dx . 

The emerging radiation from the whole layer of emitting atoms 
is therefore 

E^=—Ghy r e~^v^dx, 

J 0 

or C .(50). 

This is then the expression for the frequency distribution of 
the radiation emitted by a resonance lamp approximating ideal 
conditions, and was first used by Ladenburg and Reiche L35] in 
connection with the emission characteristics of sodium flames. 
It is rigorously true only for an emitting layer of vanishingly 
small cross-section, that is, for a filament of length V, but can 
be expected to give a satisfactory description of the radiation 
from any resonance lamp in which the gas pressure is low enough 
to render the amount of secondary and tertiary resonance 
radiation small in comparison with the primary resonance 
radiation. 

Other expressions have been used with varying degrees of 
success to represent the radiation emitted by a resonance lamp. 
Kunze [33] used a resonance lamp in which the distance V was 
so small that Eq. (50) reduced to 

= const. 

and then corrected this expression to take account of a small 
amount of absorption by a layer of unexcited atoms lying next 
to the exit window. Schein [65] and Zemansky [89] recognized 
that a line emitted by a resonance lamp is broader than the 
absorption line; and, in working with mercury resonance 
radiation under conditions in which used for the 

form of the emitted line an expression of the type which, 

with a > 1, has a breadth greater than the curve Although 
this is not as good an approximation as Eq, (50), it is still 
serviceable in many cases, particularly those in which there 
may be some doubt as to the applicability of Eq. (50). 
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3 6. Methods of Measttrino Lifetime. It is obvious that, 
for a resonance lamp which justifies the use of Eq. (50), a 
measurement of the total emitted radiation, is an in¬ 

dication of the number of excited atoms in the emitting layer. 
(This is strictly true only when E^ is primary resonance radia¬ 
tion. If radiation diffusion plays a role, Milne showed that not 
only the number of excited atoms but also their gradient must 
be taken into account.) If such a resonance lamp be excited 
for a while, and the excitation then cut off, the decay of the 
re-emitted radiation, ^E^dv, is a measure of the decay of the 
excited atoms. From the definition of the Einstein A coefficient 
the number of excited atoms n present at a time t after the 
cut-ofi of the excitation is given by 

^^ = = .(51), 

provided 

{a) the excited state is the resonance state, 

(6) there is no further rate of formation of excited atoms due 
to radiation imprisonment, or to transitions from higher levels 
down to the resonance level. 

If the above conditions are satisfied, an experimental curve 
oi^E^dv against the time should be exponential, with an ex¬ 
ponential constant equal to I/t. In order to use Eq. (51) to 
measure t, one must have a device for producing excited atoms 
that can be cut off suddenly, and a receiving device for 
measuring the radiation emitted after the cut-off. Several 
methods have been used, as follows: 

3c. Resonance Lamp with Electrical Cut-off. In a 
tube first described by Webb [78] there is a filament-grid system, 
the gas to be investigated, and a grid-photoelectric plate 
system. An alternating potential between the filament and the 
grid produces an intermittent stream of electrons with suffi¬ 
cient energy to excite the atoms to the resonance state, and an 
alternating potential of the same frequency between the photo¬ 
electric plate and grid enables the resulting radiation to be 
measured during the proper half-cycle. By varying the fre¬ 
quency, the time between excitation and reception of the 
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emitted radiation is varied^ and from a curve of photoelectric 
current against frequency, the lifetime of the radiation 
may te calculated. In this way, Webb and Messenger [79] 
measured the lifetime of the resonance radiation of Hg, 2537, 
at low vapour pressure and found the limiting value to be 
about 10~’’ sec.; and Slach [69] found the lifetime of the hydrogen 
resonance line, 1216, to be 1*2 x 10~® sec. With an improved 
apparatus of this type, in which the photoelectric system 
occupied a separate tube, Garrett [12] made a very careful in¬ 
vestigation of the lifetime of mercury resonance radiation at 
very low vapour pressures and obtained for r, 1*08 x 10“’^ sec., 
which is one of the most reliable values up to date. 

Zd. Resohahce Lamp with Optical Cut-off. The electro- 
optical phosphoroseope was first described by Abraham and 
Lemoine[i] and later used by Pringsheim to measure the 
velocity of light- In the modified form, due to Gaviola [is, I4i, 
in which it can be used to measure the after-glow of radiation, 
it consists essentially of the following parts: (1) a beam of 
exciting light that is rendered intermittent by passing through 
a Kerr cell which is placed between crossed Nicols and across 
which is established an alternating potential; (2) a resonance 
lamp containing the gas to be studied; (3) another Kerr cell 
between crossed Nicols which allows the re-emitted resonance 
radiation to pass through intermittently because of the alter¬ 
nating potential on the Kerr cell. The use of this apparatus in 
order to measure the lifetime of the resonance radiation 
emitted by the gas in the resonance lamp is rather complicated, 
and for these details the reader is referred to the paper of 
Gaviola quoted above, and to a recent paper by DuschinskyCSa]. 
With this device Hupfield[27] measured the lifetime of Na 
resonance radiation consisting of both D lines. The Ka vapour 
was at a pressure corresponding to a temperature between 
190° C. and 200° 0. at which some imprisonment of resonance 
radiation must have taken place. Unfortunately, the effect of 
vapour pressure on lifetime was not studied. The value ob¬ 
tained, however, 1*5 x 10“® sec., is in excellent agreement with 
those obtained by other methods to be described later. A 
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repetition of this experiment, with substantially the same 
apparatus, was made by Duschinsky [5] in 1932 with startling 
results. First, the lifetime of the sodium resonance states was 
found to be 8*2 + 3 x 10~® sec,, almost one-half of Hupfield’s 
value. Second, radiation imprisonment was found to begin at 
a temperature of 170° C., indicating that Hupfield’s result 
(obtained at 190° C.) concerned the lifetime of the radiation 
caused by repeated emissions and absorptions, rather than the 
lifetime of the atom. Third, the presence of nitrogen shortened 
the lifetime, whereas the presence of lieHum did not. The life¬ 
time 8-2 X 10~® sec. corresponds to an/-value for both D lines 
of 1*9, whereas, according to the / sum rule, the sum of the 
/-values for all the lines of the principal series of an alkali 
atom should be eq^ual to aboukl. Moreover, measurements of 
magneto-rotation of polarized light at the edges of the reso¬ 
nance lines of Na, K and Cs yield /-values in good agreement 
with the theory. Duschinsky ’ s result is therefore in very serious 
disagreement with both theory and experiment. It is further 
to be noted that, although there is no doubt that radiation 
imprisonment takes place in sodium vapour at a temperature 
higher than 170° C. (unpublished measurements of Zehden 
confirm this), there is still no assurance that the lifetime of the 
radiation measured under these conditions should be twice as 
large as the lifetime of the atom. 

The dependence of the Hfetime on the foreign gas pressure 
brings up the possibility of a new kind of collision process, 
namely, one in which an excited atom is stimulated by an 
impact with a foreign gas molecule to radiate sooner than it 
ordinarily would. If such a coUision process takes place, it is 
hard to imderstand why a nitrogen molecule should be efirec- 
tive and a helium atom should not. In fact, one would expect 
the opposite to be the case, inasmuch as nitrogen is known to 
quench sodium resonance radiation, thereby taking the ex¬ 
citation energy of the excited sodium atom away and not 
allowing it to radiate, whereas helium does not quench sodium 
resonance radiation. An experiment on sodium resonance 
radiation was performed by von Hamos [20] to discover whether 
such a process takes place, and it was found that the results 
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could be explained quite adequately in terms of collision 
broadening of tbe absorption line by the foreign gas molecules. 
This experiment, however (which is discussed more in detail 
in Chap, iv under ''‘Lorentz Broadening"’), does not prove 
conclusively that no such process exists. Moreover, other 
experiments seem to indicate the possibility of a ‘‘collision- 
stimulated” emission of an excited atom. It is therefore 
worth while, at this point, to consider the consequences of such 
a process in the light of thermodynamic equilibrium, to see if it 
is theoretically sound. 

First of all, if there is to be thermodynamic equilibrium 
in an enclosure containing radiation, absorbing atoms and 
foreign gas molecules, a “collision-stimulated” spontaneous 
emission cannot be assumed without also assuming “collision- 
stimulated” absorption and “collision-stimulated” induced 
emission. That is, corresponding to the three Einstein coeffi¬ 
cients defined early in this chapter (in capital letters), there 
must be three more, say, ^ ^ 2-^1 with the same 

definitions as the Einstein coefficients except that, instead of 
being atomic constants, they are all proportional to the foreign 
gas pressure. It can easily be shown that, upon introducing 
these three new coefficients, Planck’s law can be derived. 

Now, if the “collision-stimulated” absorption and “colh- 
sion-stimulated ” induced emission be added to the Einstein 
absorption and induced emission in the derivation in §16, 
Eq. (28) becomes 

^ ” It ^). 

which shows that, if the number of atoms in the normal state, 
JSf, remain constant, and the ratio N' /N (fraction of excited 
atoms) is small, the integral of the absorption coefficient should 
increase with the foreign gas pressure, since is propor¬ 
tional to the pressure. The integral over the mercury 

resonance line 2537 was measured by Fiichtbauer, Joos and 
Dinkelacker [iiJ in the presence of foreign gases at pressures 
from 10 to 50 atmospheres and, instead of finding an increase, 
they noted a decrease of at most about 20 per cent. If one could 

8 


M Z 
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be certa.in that the factor JSF 


1 




remained constant 


during the experiment, one might conclude from this that the 
presence of a collision-stimulated ’’ emission on the part of an 
excited atom was disproved. No such conclusion, however, 



became smaller as the foreign gas pressure increased, thereby 
masking any increase due to . The possibility of a decrease 

in N /l —— arises from the fact that the metastable 
\ 0^2 ^ / 

level of mercury hes so close to the radiating state If 

metastahle atoms are formed by collision and are prevented 
from diffusing to the walls by the tremendous foreign gas 
pressure, they will then be raised again to the state, and 

mercury atoms will continually be oscillating between the two 
states. This will result in a high population of the 6 ®Po state 
and a conseqLuent reduction in N. This is given only as a 
possible explanation of Piichtbauer’s results, in order to show 
that they do not completely preclude the possibility of a 
collision-stimulated emission. The whole question must, at 
this time, be left open until further experimental work is 
done. 


3e. Atomic Raw Optically Excited. Perhaps the most 
direct measurement of the lifetime of a resonance state con¬ 
sists in the measurement of the light emitted by a beam of 
atoms moving perpendicularly through a narrow beam of ex¬ 
citing radiation [4]. The distance along the heam measured from 
the point where it is illuminated by the exciting radiation is a 
measure of the time after excitation, and the intensity of the 
radiation emitted at some point on the atomic beam is pro¬ 
portional to the number of excited atoms at the point. The 
curve obtained by plotting intensity of radiation against time 
after excitation is exponential, with an exponential constant 
equal to l/r in the case of resonance radiation. This method is 
applicable only to an atom whose lifetime is of the order of 
10-^ sec. or more, because the maximum thermal velocity 
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obtainable in experiments of tbis sort is of the order of 
10^ cm./sec. Koenig and Ellett [30i used this method to measure 
the lifetime of the 5 state of the cadmium atom by sending 
a beam of cadmium atoms perpendicularly through a narrow 
beam of radiation of wave-length 3261 (S^Sq— 5^Pi), and found 
T to be 2-5 X 10~® sec. A qualitative experiment of the same sort 
was performed by Soleillet[7i] on the same cadmium line, con- 
jfirming Koenig and Ellett’s result. 


3/. Cakae Pay. In order to measure somewhat shorter 
lifetimes than 10~® sec., a beam of ions (canal ray) accelerated 
by an electric field to any desired velocity may be used. As the 
ions recombine and emit fight, the intensity along the beam 
can be used to show the decay of the number of resonance 
atoms, provided sufficient time has elapsed for transitions 
from higher levels to the resonance level to take place. This 
method then leads to accurate results only when the lifetime 
of the resonance state is longer than that of higher states. 
Wien [84], Kerschbaum[28, 29] and Pupp[64] have used this 
method extensively with Hg, JSTa, BC, Xi, K, Ca and Sr, but only 
with moderate success. Wien’s value of r for the G^P^ state of 
mercury, 0*98 x lO""^ sec., agrees well with other measurements, 
but all other values are much too large—a result that is due 
undoubtedly to the presence of transitions from higher atomic 
levels. It is an important point that, in all cases, the decay 
curves appeared to be exponential, although, on account of 
transitions from higher levels, the curves would have to be 
represented by a sum of exponentials each with different ex¬ 
ponential constants. That such a series can appear exponential, 
and yet yield a value of the exponential constant far from the 
actual value, is a danger that must be guarded against in all 
work in which the lifetime of a particular level is to be inferred 
from the decay of a spectral line. 


3p. Absolute Intensity of a Resonance Line. If a gas 
is in thermal equilibrium at the temperature T, then the 
number of excited atoms per c.c., n, will be given by 


71 

N 


~ Q-€lkT 

9 ^ 


8-2 
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where N is the mimber of normal atoms per c.c,, and grg are 
the statistical weights of the normal and the excited states 
respectively, and e the energy difference between the normal 
and excited states. If the excited state be the resonance state, 
the total energy JEJ emitted by the excited atoms will he 

E = -hv = ^ .(53). 

-r T gz 

A measurement, therefore, of the absolute intensity of a 
resonance line, E, enables one to measure v. The first measure¬ 
ments of this kind were made by Gouy [16,17 , is] and by Zahn [86] 
on the sodium D lines, and were usedby Ladenburg [36] to obtain 
an estimate of the lifetime of the resonance states. An early 
measurement of the emission of a sodium flame by Ornstein 
and van der Held [ 62 ] yielded the value 5x 10“® sec. for the 
lifetime of the 3 states, which is more than three times as 
large as the accepted value. This discrepancy was explained 
by Ladenburg and Minkowski [40] as due to an error in estimat¬ 
ing A from the degree of dissociation of the salt (NagCOa) which 
was used in the flame. A repetition of this experiment by 
van der Held and Ornstein [23] in 1932 yielded the value 
T= 1*63 X 10~® sec., in good agreement with other results, and 
also showed that the discrepancy present in the earlier deter¬ 
mination was due in part to the slow vaporization of the water 
droplets present in the !lSra 2 C 03 solution that was sprayed into 
the flame. 


4. ABSORPTIONT WITHIN AND AT THE EDGES OF 

A RESONANCE LINE 


4a. Area under the Absorption Coeepioient. It was 
proved in § 2 of this chapter that, whatever physical properties 
are responsible for the formation of a resonance absorption 
line, the following equation, Eq. (28), remains vahd: 



kydv — 


A 

87Tpi ’ X ‘ 


If a continuous spectrum be passed through a gas, and the 
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transmitted light be measured as a function of the frequency, 
the absorption coefficient may be calculated and plotted 
against the frequency. By graphical integration, then, the 
integral Ih^dv may be obtained, and from a knowledge of iV”, 

7- of the resonance state may be calculated. The outstanding 
difficulty connected with this method of measuring t is the 
narrowness of most resonance lines. It is obvious that, if the 
monochromatic image of the slit of a spectrograph on the 
photographic plate cover a frequency range larger than the 
spectral width of the absorption line, the distribution of 
blackening on the plate will give no indication whatever of the 
true form of the absorption line. It is therefore necessary to 
work only with very broad absorption lines if the spectrograph 
is to have the usual working slit-width. This may be done by 
introducing a foreign gas at a very high pressure and making 
use of Lorentz broadening to such an extent that the absorp¬ 
tion line has a much larger width than the monochromatic 
image of the spectrograph slit on the photographic plate. 

Using several foreign gases at pressures ranging from 1 to 50 
atmospheres, Biichtbauer, Joos and Uinkelacker [ii] measured 
for the mercury resonance hne 2537 when the mercury 
vapour pressure corresponded to a temperature of IS"^ C., and 
found that the value of the integral decreased with increasing 
foreign gas pressure. Extrapolating to zero foreign gas pres¬ 
sure, TolmanC74] showed that the integral yielded a value of nr 
equal to 1*0 x 10“’^ sec. The decrease in ^h^dv with foreign gas 
pressure has already been commented on, and a possible 
explanation in terms of metastable atoms has been suggested. 
There remains to be pointed out only the fact that the extra¬ 
polation to zero foreign gas pressure is decidedly necessary in 
order to obtain a good value of v, and that this extrapolation 
constitutes the main error in this method which otherwise is 
fairly simple and direct. 

46. Absorption- Coeeficient at the Centre of a Re¬ 
sonance Line. If resonance radiation from a resonance 
lamp be passed through a narrow absorption cell containing 
the same gas that is in the resonance lamp, and the ratio of 



118 ABSORPTION LINES AND ME ASTTRBMENT S 


the transmitted to the incident radiation be measured, the 
absorption ” A can be calculated as follows: 


A = i 


Transmitted radiation 
Incident radiation 


(54). 


If the frequency distribution of the incident radiation (the 
radiation emitted by the resonance lamp) is denoted by and 

the absorption coefficient of the gas in the absorption cell by 
, and the thickness of the absorption cell by I, the absorption 
is given by 


4 _ 1 iE^e~K^dv 
iE^dv 


or 


ji = J(I g .(55)^ 

lE^dv ^ 

There are two important applications of the above equation, 
as follows: 


4c. Method oe TADBNBiJRa and Reiche. Suppose that 
the source of resonance radiation is a resonance lamp of the 
type shown in Tig. 24, containing a gas whose absorption 
coefficient is kj and with an emitting layer of thickness V. 
Then from Eq. (50) E^—G —If the radiation from 
this lamp is sent through an absorption cell of thickness Z, 
containing a gas whose absorption coefficient is , then from 
Eq. (55) the absorption is given by 


A = 


J(1 




)(1 




v^) dv 


1(1 — e~^v '^') dv 


( 66 ). 


Ladenburg and Reiche [35] considered an experimental situa¬ 
tion in which the emitting layer of the resonance lamp and the 
absorbing layer in the absorption cell were identical in every 
respect, i.e. in temperature, vapour pressure and thickness. 
This provides that TcJ V = hyl, whence, calling the absorption 
Aj^ in this case. 


A 


J(1 —dv 


J (1 — e ^A)dv 


,(57), 


The quantity Aj^ has been called by Ladenburg and Reiche 
the ‘‘line-absorption’’ (“Lirdenabsorption”). Measurements 
of line-absorption are practicable only when the vapour pres- 
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sure in both the resonance lamp and the absorption cell is 
low. If, in addition to this, the natural damping ratio of the 
absorption line is of the order of 0*01 or smaller (which has 
been shown to be the case with most resonance lines), then 
the absorption coefficient can be expressed by Eq. (43), 
namely 


- Ja 


and A^ becomes finally 



(58). 


Eq. (58) has been evaluated by Kopfermann and Tietze[3i], 
and also by Ladenburg and Levy [42]. A table of values of Al 
for various values of k^l is given in the Appendix, and A^ is 
plotted against JcqI in Fig. 25. It is evident from this curve 
that one can obtain the value of Tcq I that corresponds to any 
experimentally observed value of From Eq. (35), t or f 

is given by 

1 Av£) ! 7T STrg^ Jcq 



7 T me Tcq 


In2'7re2-A’ 


which enable one to calculate t or/from a knowledge of N 
and Avj ). The usual procedure is to measure A^ for various 
values of N, and to plot the resulting values of AjqZ against Nh 
The slope of the resulting straight line yields k^jN, which is 
then used to calculate r or /. 

Measuring k^l for various values of Nl by the method of 
Ladenburg and Eeiche involves varying the conditions in both 
the resonance lamp and the absorption cell at the same time and 
in exactly the same way. This is not always convenient. From 
an experimental standpoint it may be desirable to keep the 
resonance lamp under strictly constant conditions of tempera¬ 
ture, pressure and thickness of emitting layer (optimum con- 





120 ABSORPTION LINES AND MEASUREMENTS 


ditions), and to vary the temperature, pressure and thickness 
of the absorption cell only. If the variations in temperature of 
the gas in the absorption cell are not large enough to cause the 
Doppler breadth to differ from that in the resonance lamp by 
more than a few per cent, (which is usually the case, since 
Doppler breadth varies as the square root of the absolute tem- 



Eig. 25. Line absorption of Ladenburg and Reiche. 


perature), the absorption coefhcients of the gas in the absorp¬ 
tion cell and in the resonance lamp may be written, respectively, 


where 


o) — — -2.^ Vln 2 and ’"Avt, 


is the constant Doppler 



OF THE BBSOHAHCE STATE 


121 


breadth of the gas in the resonance lamp. Calling the absorp¬ 
tion in this case Eq. (56) becomes 




I 


00 


(1 _(1 - e-K^doj 


CO 


J co 

— oo 


...(59). 




) dco 


Now, as the pressure of the absorbing gas in the cell is varied, 
there will, in general, be one value of Nl in the absorption cell 
which is identical with that in the resonance lamp. At this 
value of Nl, JcqI will be practically equal to Jcq'I' (neglecting 
again the shght difference between the two Doppler breadths), 
and this value of Icq V may be found by measuring the absorp¬ 
tion at this value of Nl and using the Ladenburg-H-eiohe 
curve in Eig. 25. Substituting this value of h^V in Eq. (59) 
there is obtained a relation between the absorption and h^l 
from which the value of I corresponding to any experiment¬ 
ally observed absorption (at any value of Nl) may be obtained. 
Eq. (59) has been evaluated for several values of Tc^V and h^l 
and a table of values of A' is given in the Appendix. 


4(^. Method ih which = In order to employ 

the method of Eadenburg and Reiche it is necessary to 
have a resonance lamp which satisfies the conditions given on 
p. 108 and which is constructed according to Eig. 24. This is 
not always feasible. It is often necessary to interpret experi¬ 
ments on the absorption of light from a source excited by 
electron bombardment, or from a resonance lamp in which 
either the vapour pressure or the thickness of the emitting 
layer or both are not accurately known. In such cases it is 
convenient to use for the frequency distribution of the emitted 
radiation an empirical expression which represents roughly 
the line broadening resulting from the vapour pressure and 
temperature conditions within the lamp. A convenient expres¬ 
sion for this purpose is 

* .(60), 


where = -^Vln 2 and Av^ is the Doppler breadth of 
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the absorption line. It is evident in this expression that 

_ Emission line breadth 
Absorption line breadth’ 

so that a value of a equal to unity implies a line of the same 
shape and breadth as that of the absorption coefficient of the 
gas in the absorption cell. A value of a greater than unity 
represents a line of the same shape but of greater breadth than 
that of the absorbing gas. In the case of a lamp with a very 
thin emitting layer, the expression E.^, = represents 

rigorously the emitted radiation, and a is given by the square 
root of the ratio of the absolute temperatures of the emitting 
gas and the absorbing gas. 

Setting equal to as before, and calling the absorp¬ 

tion in this case A^, Eq. (55) becomes 




( 61 ), 


which has been evaluated by Malinowski [45], Orthmann [54], 
ILunze[33], de Groot[i9] and Zemansky [89]. A table of values 
oi A^ for various values of a and of hoi is given in the 
Appendix. To find oc in any experiment in which the operating 
conditions of the lamp remain constant, one can proceed as 
follows: Choose any value of a, and use the resulting curve of 
A^ against TcqI to give the values of TcqI corresponding to 
experimentally measured values of the absorption. Plot these 
values of h^l against Nl. According to Eq. (35), this should be 
a straight line. If it is not, choose another a until one is found 
that yields a straight line between TcqI and Nl. This value of a 
can then be used to describe approximately the radiation of 
the lamp in question in any further work that is done with the 
same lamp under the same operating conditions. 

Although the three methods just described refer to an 
absorption line whose structure is simple, it is obvious that 
they may, with equal validity, be applied to an absorption line 
which consists of any number of equal, completely separate, 
simple lines. 
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4e. Measurements on Simple Lines. The absorption of 
the mercury resonance line 2537 from a resonance lamp by a 
column of mercury vapour was first investigated in 1914 
by Mahnowski [45] who assumed that the radiation emitted 
by the resonance lamp had a pure Doppler form; i.e. he used 
Eq. (61) with a=l. Later measurements of Orthmann[54], 
Goos and Meyer [i5], Hughes and Thomas [26], Thomas [T3] and 
Schein[65] gave rather discordant results, partly because of 
insuf&cient control of experimental conditions and partly be¬ 
cause of the inapplicabihty of the absorption formulas that 
were used. In recent years a number of new measurements of 
the absorption coefficient of the mercury resonance line have 
agreed well among themselves and have shown themselves to 
be consistent with a value of t very close to 10~’^ sec. In all of 
these experiments, the assumption was made that the-line 
consists of five equal, completely separate lines, enabling the 
absorption formulas for a simple line to be used. It will be 
shown later that this is by no means a bad approximation. 

Using the method of Ladenburg and Reiche, Kopfermann 
and Tietze [3i] measured the absorption of mercury vapour and 
found the maximum absorption coefficient (i.e. the average 
absorption coefficient at the centre of the five components) to 
vary with the number of absorbing atoms, N, very nearly 
linearly for small values of N according to the law 

7^0== 1*34 X 

corresponding to a value of -r equal to 1-05 x lO-"^ sec. Kunze [33] 
used a resonance lamp with a very thin emitting layer lying 
behind a thin non-emitting layer and used Bq. (61) with cx;= 1 
and with a correction term to take account of the absorption of 
the non-luminous vapour. He found that for small values of 
N, varied very nearly linearly with N such that 

X;o=l-38x 10-13JV, 

corresponding to t = 1-04 x sec. Using Eq. (61) with 

oc=l-21, Zemansky’s measurements [89] of the absorption of 
mercury resonance radiation yielded the result that 

;bo=l*41 X lO-isiNT, 

which is consistent with a value of t equal to 1-0 X 10“"'^ sec. 
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The absorption of the cadmium resonance line, 2288, was 
measured by Zemansky [90], using the modified method of 
Tadenburg and Reiche [Eq. (59)]. Since the line emitted from 
his resonance lamp showed practically no hyperfine structure, 
the absorption formula for a simple line could be used with 
confidence. The results obtained were: 7 s3q = 1-64 x 10“^^ and 
'r=2-0x 10“®seo. 


4/. Absorption oe a Nxjmber of Separate Simple Lines 
OP Different Intensities. If we denote the separate hyper- 
j0ne-structure components by superscripts, the absorption A 
is given by the formula analogous to Eq. (65), as follows: 

^ _ J (1 - e-fcv (1 - e-^v 

... ...(62). 

Using the method of Ladenburg and Reiche, with ) , 
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which is analogous to Eq. (58). If we write 
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(1 - e-*o ‘‘~‘“‘)dco = Vtt *0 IS, 


J — OO 
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then, from Eq. (58), 

(1 _ e-Kt^-‘“’‘)^da. = kolSAi,, 

— OO 

and Aj^ becomes 

^ _lKlSAj,r^-^lkolSAr.r^-^^^^ 

[&o?>S'F+[^o^^P.^ * 

Both S and are functions of k^l, and are tabulated in the 
Appendix Jfor many values of kf^l. In order, therefore, to 
calculate Ax, it is merely necessary to know the respective 
kf^Vs for all the hyperfine-structure components. These are 
determined as follows: If there are n hyperfine-structure com¬ 
ponents, then experimental or theoretical determinations of 
the intensities of the components yield the n — 1 equations: 
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where a, b, etc. are the intensities. The one more equation 
needed to compute all the IcqVb is supplied by Eq. (28), which 
becomes in this case: 


1 

2 




J 

< me 


.Nl 

.m. 


The above equation is a result of an assumption that is justified 
theoretically, namely, that all hyperfine levels of a resonance 
level have the same lifetime. Knowing Ai/j> and either n- or/, 
all the ^oTs are determined as functions of Nl. may then be 

calculated for a number of convenient values of Nl. 

On the basis of Schuler and Keyston’s analysis of the hyper¬ 
fine structure of the mercury 2537 line (see Chap, i), Zehden 
and Zemansky [87] calculated by the above method the absorp¬ 
tion as a function of Nl. The resulting theoretical curve 
agreed exceedingly well with the experimental curve of 
Kopfermann and Tietze[3i], provided r was taken to be 
1*08 X 10~’^ sec. in agreement with Garrett’s [12] value. On the 
basis of the simple picture of the hyperfine structure, i.e. five 
approximately equal components, the agreement between 
theory and experiment is fairly satisfactory (within 5 per cent.), 
so that this simple picture is still useful in cases where the 
consideration of the accurate hyperfine structure leads to too 
great a complication in calculating, and where the magnitude 
of the experimental error does not warrant refinements in 
calculation. 

Using a mercury lamp with a very thin emitting layer ex¬ 
cited by electron bombardment and operating under constant 
conditions, Garrett [ 12 ] measured the absorption of the mercury 
resonance line, 1849, G^Sq— 6 by a column of mercury vapour 

contained in an absorption cell. From Schuler and Keyston’s 
analysis of the mercury line, 4916, 6^Pi—Garrett was 
able to deduce the fine structure of the 1849 line, and by the 
methods described above was able to interpret his experiments 
in terms of the absorption of five completely separate simple 
lines of difierent intensity. Since the lamp in this experiment 
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Had. a very tHin emitting layer, and since th.e square root of tlie 
ratio of the absolute temperature of the emitting gas to that 
of the absorbing gas was 1-2, Garrett used for each hyperfine- 
structure component of the emission line an expression of the 

( ^ Y 

type = JcQ^'^He V 1-2 / . The absorption formula used to inter¬ 
pret the experiments was as follows: 

with a= 1-2. The experimental results were found to be con¬ 
sistent with a value for the lifetime of the 6 state of the 
mercury atom equal to 0*3 x 10~® sec., the smallest value of v* 
that has yet been measured. 

Ag. Absorption op a Line with Overlapping Com¬ 
ponents. When the hyperfine-structure components of a line 
overlap, the absorption must be calculated by graphical in¬ 
tegration. Using the method of Ladenburg and Reiohe, 
Eq. (57) can be evaluated graphically as soon as a graph of I as 
a function of frequency can be drawn. This is done as follows: 
Eirst, the various are calculated as in the preceding 

section. A number of Gauss error curves are then drawn side 
by side so that each curve has a maximum height equal to one 
of the AjqTs and a breadth equal to Avjj. The separations be¬ 
tween the curves are made equal to the measured hyperfine- 
structure separations. The curves are then added, and the 
resulting curve represents k^l. The curves of (1—e-M) and. 
(1 — are then plotted against frequency and, by graphical 

integration, Aj^ is obtained. 

The only case in which this procedure has been carried out 
carefully is that of the sodium resonance lines. The absorption 
of the sodium T> lines emitted by a resonance lamp of the type 
shown in Eig. 24 was measured very accurately by Zehden [88] 
for various values of the sodium vapour pressure in the 
absorption cell. The experiment was performed by the method 
of Ladenburg and Reiche and the results were expressed as 
curves of absorption against Nl. In order to calculate the 
absorption Ax, according to the method just outlined, it was 
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necessary first to know the intensity ratios of the hyperfine- 
strnLctnre components of both the D lines. According to 
Soliiiler each line is a doublet with a separation of 0*060 cm.-i, 
owing to the splitting up of the state, the spHtting of the 

and states being too small to produce any effect. 

Since the nuclear moment of the sodium atom was not known 
at tlie time, and since there existed no rehable measurements 
of th.e intensity ratio of the components, it was necessary for 
Zeliden to try several values for the nuclear spin. Assuming 
the spin to be and the lifetime of the ^p states to be 
1 • 6 X 10-8 sec., a theoretical curve of A against Nl was obtained 
which did not agree satisfactorily with the experimental curve. 
Recent measurements of the separation of the hyperfine- 
structure components of each D line by Van Atta and 
GranLathc74 6], and of the nuclear spin (3/2) by Rabi and 
Cohen [59 a], will enable Zehden’s measurements to be re-inter- 
prehed when they are pubhshed. 

4zh. Absorption of a Gas in a Magnetic Field. In order 
to obtain an expression for the absorption of resonance radia¬ 
tion by a gas in a magnetic field it is necessary merely to use 
for the absorption coefficient the sum of a number of Gauss 
error curves, with wave-length separations determined by the 
Zeeman effect, as was first shown by Malinowski [45]. The 
details of such a calculation are given in a paper by Schein[65], 
who derived the absorption formula applicable to the absorp¬ 
tion. of mercury resonance radiation by mercury vapour placed 
in a magnetic field. The calculations agreed approximately with 
the experimentally observed decrease of the absorption as the 
magnetic field was varied from 0 to 1000 gauss. The complete 
experimental curve of absorption against magnetic field up to 
13,000 gauss showed five maxima. 

Hy placing an absorption cell containing mercury vapour 
bet ween the poles of an electromagnet, Mrozowski [5i] was able 
to show that, at certain values of the field strength, only one or 
two hyperfine-structure components of the mercury 2537 line 
were transmitted. In this way he was able to investigate one 
component by itself and the other four components in com- 
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binations of two. By measuring the magnetic depolarization 
of the resonance radiation (see Chap, v) excited in mercury 
vapour by one or two hyperfine-structure components of the 
2537 line, Mrozowski arrived at a value of t for each kind of 
radiation. The three values of t so obtained differed from one 
another, in disagreement with the ideas of Schuler and Key- 
ston, whose analysis of the hyperfine structure of the mercury 
2537 line indicates that the lifetimes of all the hyperfine levels 
are the same. A re-evaluation of Mrozowski’s results by 
Mitchell (see Chap, v) indicates the same lifetime for all 
hyperfine levels, but that the absolute value of this lifetime is 
larger than the usually accepted value. There is a possibility, 
in spite of the author’s assertion to the contrary, that the dis¬ 
crepancy is within the limits of experimental error. 


4i. Absorption Coefficient at the Edges of a Beso- 
NANCE Line. It was shown in Sect. 2cZ that the extreme edges 
of an absorption line are due entirely to natural damping and 
that the absorption coeiB&cient very far from the centre of the 
line is given by Eq. (47), namely. 




Ayjy _ 

27T(v~Ve)2* 


Since 


^Jc^dv — 


T 




u -^ 0^2 N 1 

Srrg^ 4:77^ {v — 

and if I’j,, JV' and (v — vq) are measured, t may be calculated from 
the above formula. This is not, however, the procedure that 
has been adopted in the past, for the reason that it has not 
always been possible to measure N either because of a lack of 
knowledge of the vapour pressure curve, or because non- 
uniform temperature conditions of the absorption tube pro¬ 
hibited the use of any vapour pressure data. To avoid the 
necessity of knowing A, it has been customary to perform 
two different experiments with the same apparatus, and to 
eliminate N between them. In order to explain the way this is 
done it is convenient to put Eq. (47) into the classical form in 
which it has most often been used. 
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Using the classical result 
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Eq. (47) becomes .JSff _ 

me 47t 2 (v — 
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which, in the classical notation, becomes 


(uk) 


where 


Sa>Qfju^ 

4t7Te^Nf 


(64) , 

(65) , 


i^' = 27rAv^^ |^= ;.(66), 

cxjQ=2rrvQ .( 67 )^ 

/x==27r(v-Vo) .(68), 


It is clear from Eq. (64) that if pv' is determined by measuring 
{tik) and p., and if p is determined at the same time by some other 
experiment, v' can be finally calculated. 

JMinkowski [49] passed a continuous spectx’um through a long 
column of sodium vapour* at various vapour pressures and 
photographed the U lines in absorption- Plotting the absorp¬ 
tion coefficient against the frequency he was able to show that, 
in the vapour pressure region from 0-0053 mm. to 0-0087 mm,^ 
the absorption coefficient obeyed Eq. (64); whereas at lower 
vapour pressures, the absorption line was too narrow to be 
resolved properly by the slit of the spectrograph, and at higher 
vapour pressures Holtsmark coupling broadening made the 
line so broad that Eq. (64) was invalidated. In the region of 
vapour pressure in which Eq.(64) is valid, Minko wski measured 
UK and and calculated therefrom pv' at a number of vapour 
pressures. From experiments on magneto-rotation, which will 
be described later, he obtained p at these vapour |)ressures, and 
combining the results, obtained v' and consequently t. 

M 7 . 


9 
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4:j. Total Energy absorbed prom a Continuous 
Spectrum by a Resonance Line that is not Completely 
Resolved. If a continuous spectrum is passed through an 
absorbing column of gas and the intensity of radiation trans¬ 
mitted is plotted against the frequency in the neighboxirhood of 
an absorption line, the curve obtained may appear as the heavy 
curve in Fig. 26. Ladenburg and Reiche[35] defined as the 
Total Absorption” (“^Gesamtabsorption”), 2rr times the 
ratio of the absorbed energy to the incident intensity. If the in¬ 



cident intensity is 1^, the absorption coefficient and the 
thickness of the absorbing column Z, the absorbed energy is 


JqJ {l~e~^v^)dv^ 

J OO 

{1 — e~^v^)dv' .(b9), 

which has the units of 27r times frequency. If the pressure of 
the absorbing gas and the thickness of the absorbing layer are 
large enough to absorb completely the central region of the 
line but not high enough to produce Holtsmark broadening, 
then the absorption coefficient is given by Eq. (64), namely 




nK = 


PT'' 

4c 


(70). 
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In order to evaluate Bq. (69), it is convenient to replace the 
continuous spectrum, of intensity 7^, by a Gauss error curve 
distribution of intensity where ^ is a number which, 

when later allowed to approach zero, will make the distribution 
of intensity continuous. Since 27Tdv = dfjL, Aq is then given by 

J OO nv'7 

( 6 - 0 = dy. 

— OO 

q 


As q approaches zero 

--f [■-('-=« 7?)]. 

whence, for a continuous spectrum. 



It must be emphasized that the above equation holds only 
when pi (which depends upon the pressure and the thickness of 
the absorbing layer) is large enough to warrant the use of 
Eq. (70). The advantage of using Eq. (71) to calculate pv' is 
that the measurement of the shaded area in Big. 26 is, within 
limits, independent of the width of the slit of the spectrograph. 
If the absorption line depicted by the heavy curve in Big. 26 
is not completely resolved, the photometer curve may appear 
as the dotted curve in this figure. Minkowski showed that the 
area above the dotted curve was, for several values of the slit- 
width, equal to the shaded area, within the limits of experi¬ 
mental error. 

This method of measuring v' was first employed by Laden- 
burg and Senftleben[34] in connection with a sodium flame at 
atmospheric pressure. The result will be discussed in the next 
chapter under “Lorentz Broadening Using pure sodium va¬ 
pour,Minkowski [49] measured the total absorption and obtained 
with the aid of Eq. (71) the quantity pv' for the sodium D lines 
at various vapour pressures, and compared these values with 
those obtained by the method of Section 4i. The photometer 

9-2 
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eiirves obtained by Minkowski in both methods did not show 
the slightest asymmetry, because the freq[uency distance from 
the centre of the D lines at which the measurements were made 
was so large in comparison to the hyperfine-structure separa¬ 
tion. 

Since in Eq. (71) v' is a constant equal to I/t, and p contains 
Nf, Aq is a convenient measure of Nf, the number of dispersion 



Pig. 27. Van der Held’s theoretical curves of total absorption 
against number of absorbing atoms. 

electrons associated with the absorption and emission of a 
particular spectral line. The number of dispersion electrons 
associated with the blue caesium doublet, 4593 and 4555, was 
measured by Schutz[67], who verified that Aq varies as the 
square root of Nf at high caesium vapour pressures. If the 
general expression for the absorption coefficient given by 
Eq. (40) is substituted in Eq. (69), and Aq. calculated by 
graphical integration for various values of the parameters, the 
resulting curve enables one to obtain a measure of the number 
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of dispersion electrons corresponding to any experimentally 
measured value of , no matter what the vapour pressure is. 
This was done by Schiitz [68], who, in a summary of the subject 
in the Zeitschrift fur Astrophysik, has given a curve of Aq 
against Nfl for three different values of the natural damping 
ratio. A similar group of curves was computed by van der 
Held [22] for four different values of the natural damping ratio. 
These curves are shown in Fig. 27. The natural damping ratio, 
denoted by Schiitz by the symbol ojfb and by van der Held by 
the symbol a, is exactly twice the quantity a appearing in 
Eq. (40). The values of a shown on the figure are those of van 
der Held. 

was measured by van der Held and Ornstein[23] at a 
number of values of the sodium vapour pressure, and the 
experimental curve of Aq. against Nfl was compared with van 
der Held’s theoretical curves. The experiments indicated a 
value of the natural damping ratio equal to 0*005 (within 8 per 
cent.), corresponding to a lifetime of 1*6 x 10-® sec. 

5. MAGNETO-ROTATION AT THE EDGES 
OF A RESONANCE LINE 

5 a. Magneto-Rotation at the Edges of a Resolved 
Resonance Line. If a beam of plane polarized light be 
allowed to traverse longitudinally an absorbing gas placed 
between the poles of a magnet, the plane of polarization of a 
particular frequency in the neighbourhood of an absorption 
line will be rotated by an angle Xv The theory of this pheno¬ 
menon, which is the familiar Faraday effect, was first worked 
out by Voigt [76], and later extended by Kuhn [32]. A simple 
account of Kuhn’s theory is given in the Appendix. On the 
basis of this theory, the angle of rotation at a frequency distance 
from the centre of the line, which is large in comparison with the 
separation of the Zeeman components of the line, is given by 

rre^Hlz Nf 

. 

where is the strength of the magnetic field, I the length of the 
absorbing column of gas, p, equal to 27 t (x^ — vf), and z is a func- 




134 ABSORPTIOIiT LINES AND MB ASDRE MENTS 


tion of the separations and relative intensities of the Zeevcx^^ 
components. When the magnetic field intensity is in 
neighbourhood of 1000 gauss, 2 is a constant for a partictxls^i 
spectral line. A complete discussion of the quantity z alon g 
with a table of values for various resonance lines is given in 
the Appendix. 


Introducing the classical quantity 


Eq. (72 


becomes 


ezHpl 


(73), 


which enables one to compute p from experimental measnx*o- 
ments of Xv > If ^ is known, / can be calculated from 

p. If not, the value of p at a particular pressure is combin.o<3 
with the value of pv' at the same pressure obtained by bine 
methods of Sections 4^ or 4J, to yield finally a value of v'. Xt 
must be emphasized that Eq. (73) is valid only when /x is lar^o, 
that is, at great frequency distances from the centre of the lino. 
In order that the angle Xv shall have a measurable value at bine 
extreme edges of the absorption line, the pressure of the absoirln - 
ing gas and the length of the absorbing column (that is, f>i: 
must be made rather large. These are usually chosen so tln 3 bf 
the centre of the line is completely absorbed. It is also neooss- 
sary that the resolving power of the spectroscope or spect)x*o- 
graph must be large enough to enable one to measure the ex£i/Ot 
value of p at which a particular angle of rotation occurs. Xlne 
choice of polarization apparatus depends on the spectral region 
in which one is working. Eor details as to the measuremenb oi 
the reader is referred to the papers of Kuhn [ 32 ] and Mlir^.* 
kowski[49]. 


The first exact measurements of p by the method of magnobo- 
rotation were made by Ladenburg and Minkowski [38], c 

measured the magneto-rotation at the edges of the sodiunx JO 
lines at various vapour pressures. Combining the resultinig 
values of p with values of the sodium vapour pressure, / 
found to be very nearly equal to 1/3 for the hne and 
for the Eg line, or, what amounts to the same thing, ctssumixxg 
to be 1/3 and to be 2/3, the curve of p againr^f 
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temperature was shown to be in agreement with the vapour 
pressure curve. 

Minkowski [49] measured the magneto-rotation at the edges 
of the sodium D lines at various vapour pressures and com¬ 
bined the resulting values of p with his own values of pv' 
obtained by the methods of Sections 4:i and 4J. The result of 
these three investigations was a value of v' for both lines equal 
to 0*62 X 10®, yielding a value for t equal to 1-6 x 10“® sec. In 
the same way, Schiitz measured v' for the blue caesium 
doublet. 

From measurements of magneto-rotation and vapour pres¬ 
sure, Minkowski and Miihlenbruch [so] obtained p and JV for 
the two caesium resonance lines b^Pi/ 2 , 8944; and 

^ , 8521), yielding a value of /=0-32 for the first 

and 0-66 for the second, corresponding to 'r=3-8x 10~® sec. 
and 3-3 X 10”® sec. respectively. In the same way Kuhn[32] 
obtained for the two cadmium resonance lines (5^So—5^Pj^, 
2288; and 5^So—3261),/= 1*20 and 0’0019 respectively, 
corresponding to 'r= 2*0 x 10“® sec. and 2*5 x 10~® sec., and for 
the two thallium resonance lines (6 ^1^3/2» 2768; and 

62Pi/2—7, 3776), /=0-20 and 0*08. Similarly, Weiler[ 80 ] 
found for the two potassium resonance lines 
7699; and 42 S 1 / 2 - 42 P 3 / 2 , 7665), /=0-33 and 0*67. 

56. Maoneto-Potation and Absorption of a Reso¬ 
nance Line that is not Completely Resolved. If a con¬ 
tinuous spectrum be sent in turn through a polarizing DSTicol, 
an absorption tube placed longitudinally between the poles of 
a magnet, an analysing Kicol and a spectroscope which does 
not resolve the absorption line of the gas in the absorption tube, 
the whole field of view will be dark when the two Nicols are 
crossed and when the magnetic field is zero. If the Kicols a/re 
kept crossed, and the magnetic field is turned on, the amount 
of light of a particular frequency that passes through the 
analysing Nicol will depend upon (I) the angle Xv through which 
the plane of polarization of that wave-length has been rotated, 
and (2) the absorption coefficient of the gas for that wave¬ 
length. If the pressure of the absorbing gas and the length of 
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the absorption tube are great enough to absorb completely the 
central region of the line, but not great enough to produce 
Holtsmark broadening, then, from Eq. (73), 

ezHpl 


and, from Eq. (70). 


4.ciJL^ 


If the intensity of the continuous spectrum be Iq, and the 
length of the absorption tube be I, the total intensity of the 
light J passing through the analysing Nicol will be 






sin^ dpi 

siii2 . e~^' dfj. 


(74), 


(75). 
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Eq. (75) becomes 
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sin^£C®e~*^^ dx .(76), 


and since 


J _oo 


sin^ dx 


a / ^rrb 


1 + / 1 + 


-vq. 


•(77), 


the final result is 


tAJ%' 


It is apparent from the above equation that a measurement of 
JJIq and H, along with either a measurement or a calculation 
of p, is sufficient to enable one to calculate v'. This method was 
employed by Schutz[66] to measure v' for the two sodium T> 
lines. He extended Eq. (78) to include both lines which were 
not separated by his spectroscope, and calculated p from 
Minkowski’s measurements of/ and from the vapour pressure. 
He obtained the result that v' = 0*64 x 10^ (t — 1*6 x 10~s sec.) 
in the sodium vapour pressure interval from 6*6 x 10~^ mm. to 
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3*7 X 10”^ mm., and that v' increased at higher vapour pressure 
because of Holtsmark broadening. Further results of Schiitz 
in connection with collision broadening by foreign gases will 
be discussed later on in this book. 

The disadvantage of Schiitz’s method of determining v' is 
the necessity for knowing p. An extremely ingenious variation 
of Schiitz’s method was developed by Weingeroif [ 8 i], in which 
a knowledge of p is not necessary. It will be remembered that 
the method of Schiitz involved the measurement of the total 
intensity of light transmitted through the analysing Nicol 
when both Nicols were crossed. Weingeroff noticed that, when 
the magnetic field was at some constant value and the analys¬ 
ing Nicol was rotated in the direction of the magneto-rotation, 
the observed line was first bright on a dark background, then 
it vanished into the background, and then it appeared dark on 
a bright background. A similar series of changes occurred when 
the analysing Nicol was turned in a direction opposite to the 
magneto-rotation. If the angle <56 denote the position of the 
analysing Nicol with reference to the crossed position (when 
Nicols are crossed <j> = 0), then the difference between the 
amount of light due to magneto-rotation plus background and 
the amount due to background alone is given by 


B 


J OQ 

— 00 


[sin*-^ {Xv~^ 4*) ^ 9^] .('7 


which obviously reduces to Schiitz’s expression, Eq. (74), when 
^ = 0 . When the central region of the line is completely absorbed, 
Xv and can be expressed as before, and Eq. (79) becomes 
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which, upon substituting 
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reduces to 
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'e^Hpi r 

8inc^ J . 


00 


-00 


G 


sin^ (x^ -f (p) 



<ia;...(81). 







138 ABSORPTION LINES AND MEASUREMENTS 
Since 

j sin^ + <f>) — sin^ dx 

= :5;^|cos2^yi+ yi+p + sm 2 ^y-H-yi + l-Vl| 

.(82), 

+ sin 2 ^^ - 1 + ^ 1 + p-\/ 2 |.(83). 

The above equation gives the amount of light over and above 
the background that passes through the analysing Nicol when 
the magnetic field is M and the setting of the analysing Nicol is 
If is kept constant and </> varied, there will be a value of <i> 
for which H will vanish, that is, the fine will merge with the 
background. Let this value of ^ be denoted by <^o • Then i® 
given by the equation 

cos 2^0 / J ^ “ 1 “ ^ ^ 4*0 jsj f “b / J ^ ^ 2 = 0 

.(84), 

whose solution was obtained graphically by AVeingerofE and is 
shown in Fig. 28 in which is plotted as abscissa and b = 

ezH 

plotted as ordinate. The experiment consists in measuring the 
angle through which the analysing Nicol must be rotated in 
order that the line merge with the background. From Fig. 28 

the corresponding value of is read off, whence, knowing 

2 : and H, v' is calculated. The great advantage of this method 
hes in the fact that a knowledge of the vapour pressure (that 
is, p) is not necessary. In this way Weingerofi measured v' for 
the sodium D lines at various vapour pressures. Since the two 
J> lines were not separated by his spectroscope, Weingerofi 
extended Eq. (83) to include both lines. Furthermore, since it 
was necessary to work at low magnetic field intensities where 
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z is not constant but is a function of H, it was necessary to per¬ 
form other experiments to obtain z. The final result was that 
in the vapour pressure range corresponding to temperatures 
from 240° C. to 330° C., v' remained constant at 0*62 x 10 ® 
( 7 -= 1*6 X 10~® sec.), and beyond 330° C. it increased because of 
Holtsmark broadening. Schiitz found that v began to increase 



at a vapour pressure corresponding to a temperature of 265° O., 
and Minkowski at a temperature of 287° C. Of these three 
results, that of WeingerofP is probably the most accurate. 

6. DISPERSION AT THE EDGES OF 
A RESONANCE LINE 

6 a. Genebae OisBEBSioisr Fobmijla. On the basis of 
Kramers’ quantum-theoretical dxspei’sion formula. Laden- 
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burg [39] showed that the index of refraction of a gas at a wave¬ 
length A is given by 

'■ ■ • .<B».. 


n 


1 = 


^ oo 

277 5 ) A;= 


where h and jf refer to any two stationary states ijc being the 
upper state) whose statistical weights are and g^ respectively. 
N and N^ are the numbers of atoms in the two states, the 
wave-length of the radiation emitted in the transition h-^j, 
fjcj is connected with the Einstein A coefficient by the 
formula [see Eq. (31)] 

f ^ 

Srr^e^ ' 

It is convenient to consider three special cases of Eq. (85), in 
order to discuss the existing experimental work in this field. 

66. Normal Dispersion op an Unexcited Gas very ear 
PROM THE Absorption Lines. If the gas is not electrically 
excited and is at a moderate temperature, there will be only a 
negligible number of atoms in excited states other than the 
normal one. Denoting the normal state by 1, and calling 
^j = = N , Eq. (85) can be simplified by neglecting the ratio 
NTel comparison with unity. There results then 

e^N “ A2A\i/m 
277 2 A2-A2 

where A^^j (i.e. A 
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1 = 


kl 


.( 86 ), 


^21J 


Asis A 4 ]^, etc.) are the wave-lengths of the 


absorption lines that infiuence the dispersion, and are the 
respective / values of these lines. This is the ordinary normal 
dispersion curve first derived classically by Sellmeyer, and 
gives the value of the index of refraction at wave-lengths that 
are hundreds or thousands of Angstroms away from the 
absorption lines. In this region, ti is most easily measured by 
the method of Puccianti [59], involving the use of a Jamin 
interferometer. 

It was shown by Herzfeld and Wolf [24] that the existing 
values of for each inert gas He, Ne, A, Kr and Xe in the visible, 
region could be represented by an equation of the type 

const. 
n~l = —^- 
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The values of A. calculated from the empirical curves, however, 
didnot agree with the known ultra-violet resonance lines of the 
noble gases, and were, in fact, in all cases, of shorter wave¬ 
length than the series hmit. Upon attempting to use a disper¬ 
sion formula of two terms, one term involving the correct 
ultra-violet resonance frec^uency, it was found that the wave¬ 
length of the second absorption line did not correspond to any 
known absorption line, being also of much too short a wave¬ 
length. It is therefore apparent that measurements of index 
of refraction at wave-lengths that are too far removed from 
the wave-lengths at which the absorption hues occur are not 
very reliable in giving information concerning the absorption 
lines themselves. 

A very careful measurement of the index of refraction of 
mercury vapour was made by Wolfsohntss] at wave-lengths 
from 2700 to 7000. He found that the results could be repre¬ 
sented by Eq. (86), using three terms, the first two involving 
the two ultra-violet resonance lines of mercury, 1850 and 2537 
and the third involving a wave-length somewhere between 
1400 and 1100. Inserting in the formula the accurate /-value 
for 2537 obtained by measurements of anomalous dispersion 
(to be described later), he found that the /-value for 1850 
varied from 0-7 to 1-0 dex^ending upon the wave-length chosen 
for the third term. (Jhoosing the third absorption line to be at 
1190, the limit of the princix)al series of mercury, he obtained [43] 
for the/-value of the 1850 line 0-96 corresponding to a lifetime 
of the state of 1-6 x 10~® sec. 

6 c. Anomaiaxjs Dispersion oe an Unexcited Gas at 
THE Edgiss oe a RESON ANCE LiNE. If, instead of measuring 
n at wave-letigtlis that are hundreds or thousands of Ang¬ 
stroms from an absorption line, the index is measured from 
0- 5 to I Angstrom from, the centre of the resonance hne at > 
the effect of all the other absorption lines becomes negligible, 
and Eq. (86) may be furtlier simplified by not having to sum 
over k. .Denotiog l)y Xq and/A by/, Eq. (86) becomes 

27rmc^'A^ — 


fi — 1 
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or 


n—\ 


e^Nf 


477mc^'A — Af 


,( 87 ). 


This is the well-known formula of anomalous dispersion, and 
has been used in conjunction with experiment to provide some 
of the best /-values that have as yet been obtained. The most 
accurate experimental method is the “hook-method’’ of 
Itoschdestwensky [61, 62], which will be described in detail. In 
Tig. 29 is shown a schematic diagram of a Jamin interferometer. 



Gras may be admitted into tube I at any known pressure, but 
tube II is kept evacuated. A source of continuous radiation is 
used, and the resulting beam of hght is focused on the slit of a 
spectroscope. With both tubes evacuated, and with the com¬ 
pensating plate P removed, the continuous spectrum is crossed 
by horizontal interference fringes. W^ith the compensating 
plate in position, the interference fringes are oblique. If the 
wave-length separation of a convenient number of fringes in 
the immediate neighbourhood of Aq is measured, an important 
constant of the apparatus K can be calculated as follows i 



__ No. of fring es 

W^ave-length separation of these fringes* 
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If a gas with, an absorption line at Aq is now introduced, into 
tnbe I, the obhqne interference fringes become hook-shaped 
symmetrically on both sides of the absorption line. If A re¬ 
present the wave-length separation of two hooks symmetric¬ 
ally placed with regard to the absorption line, then the theory 
of this method in conjunction with Eq. (87) yields the equation 

j, rrmc^ 

. 

from which/may be calculated when N and I (the thickness of 
the layer of gas) have been determined. A simple derivation of 
Eq. (88) may be found in a paper by Ladenburg and Wolf- 
sohn[4i3. 

Boschdestwensky [ 62 J used the hook-method to study the 
anomalous dispersion in the neighbourhood of the absorption 
lines of Na, K, Rb and Cs. The measurements led in all cases 
to the ratio of the /-values associated with the principal series 
of doublets. The results are tabulated in Table XII. 

Table XII 


Eloixieiit 

Running nximbers 
n, m 

/ of 

Na 

3, 3 

1-98 

K 

4, 4 

1-98 

Hf 

4, r> 

2-05 

lib 

5, 5 

2-01 


5, 6 1 

2-57 


5, 7 

2-9 

Oh 

(>, (3 

2-05 


(), 7 

4-07 


(3, 8 

7-4 


6, 9 

9-1 



1 


By the same method, Ladenburg and Wolfsohn [4i] measured 
the anomalous dispersion of mercury vapour near the reso¬ 
nance line 2537 within a wide range of vapour pressures. Using 
Eq, (88) for low values of the vapour pressure, and the results 
of WolfBohn’s inveBtigation of the normal dispersion of mer¬ 
cury vapour at high vapour x^ressures, the authors obtained a 
value of / equal to 0-025r> ± 0*005, corresponding to a lifetime 
of the 6state of 1*14 x 10™'=' sec. With the Jamin inter- 
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ferometer enclosed in an evacuated vessel, WolfsohnCSSa] 
measured the anomalous dispersion of mercury vapour in the 
neighbourhood of the 1849 line (b^So— and obtained for/, 
1*19, corresponding to a lifetime of the 6 ^P^ state of 1-30 x 10"® 
sec. 

By means of the Roschdestwensky hook-method, Prokof- 
jew [58] studied the anomalous dispersion of the resonance lines 
of Ca, Sr and Ba under experimental conditions which did not 
allow the accurate measurement of vapour pressure. Calling 
the lifetime of the singlet state and Tg the lifetime of the triplet 
state, Prokof Jew’s experiments yielded the ratio . Por Ca, 

Sr and Ba, this ratio was found to be 1*25 x 10"®, 26-9 x 10"® 
and 335x 10"® respectively. In the same way, Pilippov[8] 
found the ratio of Zn and Cd to be 6*76 x 10~® and 

72-5 X 10"® respectively. Prokofjew and Solowjew[57] found 
the ratio of .the/-values of the thallium lines, 5350 and 3776, 
to be 0-95. 


6d. Anomalous Dispersion op a Strongly Excited 
Gas at the Edges of the Absorption Lines If n is 
measured very close to an absorption line, the effect of the 
other absorption lines may be neglected, but when the excita¬ 
tion is strong enough, the number of atoms in the higher state 
Nj^ may become an appreciable fraction of the number in the 
lower state . Eq. (85) then becomes 


n — 1 


477 mc^ A —Ai 




j'ffk/ 


(89). 


The expression 1 — is known as the negative dispersion 

term and is appreciably different from unity only when the 
excitation of the gas is very strong. By the hook-method of 
Roschdestwensky, Ladenburg, Eopfermann and Levy in¬ 
vestigated the anomalous dispersion of electrically excited 
neon, in the neighbourhood of many absorption lines originat¬ 
ing at the metastable and ^Pq levels. The results of these 
investigations, in conjunction with the results of intensity 
measurements of the neon lines, enabled the authors to give 
relative/-values of all the neon hnes studied. It was found that 
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jhe current through the discharge tube was greater than. 
Uiamps. the negative dispersion term began to play an 
■a,nt role. Similar measurements were made on hvdroaen 
lenburg and Carst, and on helium by Levy. For further 

to the original papers in volumes 
aiiid. 72 of file ZeitscJirift fiJir JPJiysiJc, 


7. TABLES OE LIFETIMES 
A]Sri> DISCUSSION 

SxjMMAitY OJT Methods oit Measxjhihg Dijb\etim;e and 
5 OE Lifetimes. 

’Ods involving the emission of radiation. 

>oay of electrically excited resonance radiation, § 3 c. 
5 Gay of optically excited resonance radiation, § 3 d;. 

5 cay along an optically excited atomic ray, § 3 e. 
cay along a canal ray, § 3 /. 

•solute intensity of a resonance line, § 3 ^ 7 . 

ods involving absorption of radiation. 

fcal area of absorption coefficient, § 4 a, 

soiption coefficient at the centre of a .resonance line 
\ 4:h,c,d. ’ 

sorption coefficient at the edges of a resonance line § 4 ^ 
fcal energy absorbed from a continuoiis spectrum,’^ 4 ^. 

c>ds involving magneto-rotation of polarized UgM. 

gneto-rotation at the edges of a resolved' resonance 
ixie, § 5 a. 

gneto-rotatiou and ab.sorptioii of an unresolved rcso- 
L€tnce line, § 56 . 

yds involving dispersion of radiation. 
rmal dispersion very far .from a I'esonance line § 6 6 
omalous dispersion at the edges of a resonance lino, § 6 c. 
yds involving depolarization (see CJhap. v). 

oolarization of resonance radiation bv a steady 
ragnetic field. * ^ 

rsnrement of the angle of maximum polarization in 
mall steady magnetic fields. 
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Depolarization of resonance radiation by an alternating 
magnetic field. 

All the results that have appeared throughout the chapter 
are collected in Tables XIII, XIV and XV. 

Table XIII 


Atom 

Series notation 
of resonance 
line 

Wave¬ 

length 

T in secs. 

/-value 

Author, reference 
and method 

H 

iaSw2-22p 

1216 

1-2 

X 10-8 


Slack [69], § 3c 

He 

l^So -2iPi 

584 

4-42 X 10-10 

0-349 

Vinti [77 a], Theor. 


99 

9 9 

5-80 X 10-10 

0-266 

Wheeler [saa], 

Theor. 

Li 

22Si/2-22P 

6708 

2-7 

xlO-8 

0-25 and 0-50 

Trumpy [74 a], 

Theor. 

Na 

32 S 1 / 2 - 32 P 

5896, 5890 

1-5 

X 10—8 

— 

Hupfield [27], § 3d 

99 

99 

99 

8-2 

xlO-0 

-- 

Duschinsky [e], § 3 

99 

99 

99 

1-6 

xlO-8 

'-- 

V. d. Held and Orn- 
stein [ 2 »], § 30r, §4/ 

99 

99 

99 

1-48 X 10-8* 

0-35 and 0-70 

Ladenburg and 

Thiele [4aa], § 76 

99 

99 

99 

1-6 

XlO-8 

0-33 and 0-67 

Minkowski [ 49 ], § 6a, 

4:i 

99 

99 

99 

1-6 

X 10-8 

0-33 and 0-67 

Minkowski [ 49 ], §5 a, 
4/ 

99 

99 

99 

1-6 

Xl0~8 

0-33 and 0-67 

Schiitz [68], § 56 

99 

99 

99 

1-6 

X 10-8 

0-33 and 0-67 

Weingeroff [si], § 5 6 
Sugiura [/s], Theor. 

99 

99 

99 

1-6 

xlO-8 

— 

K 

42Siy3-42p 

7699, 7665 

2-7 

X 10—8* 

0-33 and 0-67 

Weiler [so], § 5a 

Cs 


8944 

3*8 

X 10-8* 

0-32 

Minkowski and 
Miihlenbruch [so], 

§ 5a 

99 

6^S,/,-62P3y, 

8521 

3-3 

X 10-8* 

0-66 

99 


7 b. Discussion oe Tables. The values of / and t listed in 
the tables represent for the most part work done in the last 
eight years. Previous work was concerned mainly with the 
ratio of the /-values of the. principal series doublets of the 
alkalis. A convenient summary of such work can be found in 
the Zurich Eabilitationsschrift of W. Kuhn and in a paper by 
J. Weiler, Z. /. PJiys. 50, 436 (1928). Further information can 
be found in the articles of R. Mmkowski and R. Dadenburg in 
the section of IVliller-PouiUet’s dcr Physih devoted 

to optics, in the article on dispersion and absorption by 
G. Jafie in the Ea/ndbuch der Experimentalphysih, Vol. 19, and 
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Table XIV 


Atom 

Series notation 
of resonance line 

Wave¬ 

length 

T in secs. 

/-value 

Author, reference i 

and method 

Me 1 


4571 

~4 X 10-» 

— 

Frayne [a], § 76 

Zn 

4^So~4‘'*1?i 

3076 

~1 X 10-5 

— 

SoleiMet, chap, v 


»1 

ff 

~1 xlO-5 

— 

Soleillet [7i], § 3e 


44So-~4^1\ 

2139 

<io-’ 

— 

Soleillet [71], § 3e 

Cd 


3261 

2-5x10-®* 

— 

Koenig and EUett 






[30], §3e 



19 

2-5 X 10-®* 

0-0019 

Kuhn [ 32 ], § 5a 


If 

11 

--2 X 10-® 

— 

Soleillet, chap, v 

?? 

ff 

11 

2-3 X 10”®* 

— 

EUett, chap, v 

f7 

f- tij r:ll> 

«> 1 

2288 

1-98 X 10-«* 

1-20 

Kuhn [32], § 5a 

' 71 

ff 

11 

1-99 X 10-®* 

— 

Zemansky [so], § 4e 

7f 



-10-® 

— 

Soleillet, chap, v 

T1 


5350 


'T of 7'^Si/a'\ 

0-076* 

Prokofjew and So- 


^ *'1 


- 

state is 1 


lowjew [ 37 ], § 6c 



3776 


i 1-4x10-8 ] 

0-08* 

Kuhn [32], § 5a 

_!1... 

\ ^ JLJ ^ tijh, / nw 

i (V^Pi^2”d''^l>3/2 

2768 


0-20* 

Kuhn [ 32 ], § 6a 


Table XV 


i 

t 

Atom j 

Series i 

notation of j 
reHonan<'0 i 

Wave¬ 

length 

T in secH. 

/-value 

Author, reference 
and method 


line 





'™Hg j 

0‘S« 63P, 

2537 

^1 xlO""’ 

___ 

Webb and Messenger [7S], § 3c 



1-08 X 10' ’* 


Garrett [12], § 3c 

ff 5 

1 

11 


0-98 X 10 ’ 


Wien [H41, § 3/ 

ff \ 

■fi 


1-0 xlO"’ 

... 

Fiichtbaxior, Joos and Dinke- 

ff 1 

11 

11 


lacker, as calculated by Tel¬ 
man [11, 74], § 4a 


; 1 


; 

1-08 X 10 

0-0278 

Kopfermaim and Tietze, as 

» - 


1 


cahnilatod by Zehden and 
Zemansky [31, h7], ^ 4/ 


1 

1 


i I 

1-14x10 

0-0255 

Ladenl>urg and Wolfsohn [41], 

n ! 

t %f 

\ 

i " 

M3xI0 ’ 


§6c 

von Kcusslor, Chap, v 

ff 

11 

i ii 

i It 

*1 

i It 

l-OHxlO 7* 

i 

t 

Olson, roealculatod by Mitchell, 

/ 'Vt X'j* 


i 

! 

i 

i 

1 --10 ’ 

. 

V 3 lUi|K V 

llnsiti and Kllett, Chap, v 

ff 

f ft 

t 1 f 

1 

Id * 

i . 

Fermi and Basctti, Chap, v 

Eg 

j Il'S. 

1 '* 

j 18-19 

0-3 X 10 « 
1-6 X 10 '» 

0-96 

Garrcstt [la], tj 4/ 

1 Ivadcnhurg and Wolfsohn [-«)], 


1 ff 

t ” 

i 


!^66 

<1 % 

ff 

\ 

1 t» 

1-30x10 <'* 

MO 

I VVelfsohn [Hf 5 a], § 60 




....■=■.. ... ...... 




10-2 
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in an article by KorfE and Breit in the Reviews of Modern 
Physics, Vol. 4, No. 3. 

The values in the tables which, in the opinion of the authors, 
are the most accurate are starred. The value for the lifetime of 
the states of sodium given by Ladenbnrg and Thiele, 

1*48 X 10 -s sec., is suggested as the best value to date, being 
the result of a critical survey of previous experiments. In the 
case of the lifetime of the 6 ^Pi state of mercury, the value of 
1-08 X 10-’^ sec. (Garrett and Webb) is suggested as the most 
reliable, partly because it is independent of a knowledge of the 
mercury vapour pressure and also because it agrees best with 
the absorption measurements of Kopfermann and Tietze when 
the Schuler and Keyston hyperfine structure is taken into 
account. 

The most accurate value of lifetime is probably that of the 
5^Pi state of the cadmium atom, 2-5 x 10”® sec., inasmuch as 
precisely this value is obtained by two utterly diifferent 
methods (Bluhn, Koenig and EUett), and very nearly this 
value, 2-3 X 10~® sec. (EUett), by still a third method. The 
agreement between Kuhn’s and Zemansky’s values for the 
lifetime of the 5 s'fcsbte of the cadmium atom suggests that 
the value 2-0 x 10 ”^ sec. for this lifetime is (luite reliable. 

The lifetime of the 7 ^Si /2 state of thallium was obtained as 
foUows. Prom Kuhn’s measurement of the/-value of the 3776 
line, and from Eadenburg’s equation connecting the /-value 
with the Einstein A coefficient, the result was obtained: 


. 4.3770 = 3*7 x 10 ^. 

Vonwiller [773 measured the ratio of the intensity of the 3776 
line to that of the 5350 line and obtained the value 1*56. Prom 
the relation 


3776 


^3776 ^3776 


1*56, 


■^5350 ^5350 ^5350 

^5350 found to be 3*4 x lO"^. Prokofjew and Solowjew[573 
measured the ratio of the/-values of the 5350 and 3776 lines 
and obtained the value 0*95. Prom the relation 


/5350. 

/3776 


-5350 


3776 


‘\3*78j 


95, 
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-^5360 found to be 3-5 x IC^, in good agreement with tbe 
first value. The sum of the two Einstein is 

3*7 X 10’ + 3*5 X 10’ = 7-2 x 10’, 

and since r = 1/S.d, the lifetime of the 7 ^Si ;2 state is 1*4 x 10~® 
sec. 

The value of the lifetime of the 3®Pj^ level of magnesium 
calculated by Erayne[9] on the basis of Houston’s wave- 
mechanical formulas is given in the table, because it is partly 
substantiated by Erayne’s experiments on the emission 
characteristics of a magnesium arc. These experiments in¬ 
dicate that the intensity of the 4571 line emitted by magne¬ 
sium vapour in the presence of foreign gases is consistent with 
8b value of r equal to 4 x 10~^ sec. 

7 c. Elbctboh Excitation Eitnctions. A possible con¬ 
nection between lifetime and electron excitation function was 
found by Hanle[2i], Schaffernicht [64 a] and Larche[44]. If the 
intensity of a spectral line be plotted against the electron ex¬ 
citation voltage a curve is obtained which starts in the neigh- 
Ibourhood of the excitation potential, rises to a maximum and 
then decreases to zero as the voltage is increased. Such a curve 
is called an excitation curve, and in the case of a resonance line 
there seems to be a relation between the width of the maximum 
and the lifetime. The excitation curves for the intercombina¬ 
tion lines of Hg, Cd and Zn rise quickly and descend quickly 
with a width that is quite narrow. The curves for the singlet 
resonance lines, however, descend very slowly, making the 
width rather large. The authors conclude that short lifetimes 
are associated with wide excitation curves, and long hfetimes 
with narrow excitation curves. More experimental material, 
however, is needed to express this regularity in a more quanti¬ 
tative form. The excitation curve of the cadmium line 2288 
( 51 So- 5 ^Ti) obtained by Larche showed an interesting ano¬ 
maly. It has a slight depression as though it were the sum of 
two curves, one thin and the other thick. On the basis of the 
relation just expressed between lifetime and width of excita¬ 
tion curve, this seems to indicate that the 5^Pi level of cad¬ 
mium has two lifetimes, of the order of 10“^ sec. and lO"® sec. 
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respectively, which is exactly what was inferred by Soleillet [70] 
from his experimental curves expressing the percentage 
polarization of cadmium resonance radiation 2288 and external 
magnetic field. There seems to be no doubt about the experi¬ 
mental results of Larcheand Soleillet, but there is considerable 
objection to supposing that the hyperfine structure levels of 
the state of cadmium, which are known to be extra¬ 

ordinarily close together, should have lifetimes differing by a 
factor of 1000. No other explanation, however, has as yet 
been given. 

In contradiction to the experimental results of Hanle, 
Larch6 and others, Michels [46] obtained narrow excitation 
curves for all lines, whether singlet or intercombination lines. 
It is therefore a possibility that the apparent relation between 
lifetime and width of maximum is illusory. It is impossible to 
decide the question at this time. 


Id. The Patjli-Houston Pormxjla. An interesting re¬ 
lation was derived by Pauli on the basis of the correspondence 

principle and later by Houston on the basis of the wave 
mechanics. 


If '^1 lifetime of the first ^P^^ state of a 2 electron atom, 

Tg = lifetime of the first ®Pj^ state of a 2 electron atom, 

Av = frequency separation of ^P^ and sp^, 

Sv frequency separation of ^P^^ and centre of gravity of 
®P states (one-third the way from ^P^ to ®P 2)5 
the Pauh-Honston formula states that 


.^2 

-^1 


_ 

9 \S 


90 ' 


(90). 


Table XVI, columns (3) and (5), values calculated 

by Eq. (90) are compared-with the experimental measurements 
of this ratio. It is seen that in aU cases the calculated values are 
^ger than the experimental ones. In a private communication 
was pointed out by Houston that the experimental values of 
^/t 2 are in better agreement with a fourth power of the 
frequency” law than with Eq. (90). Values of the expression 

2 /Ai7\2 /„.\4 


/Av\^ 

V®'"/ l>'l/ 
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are Hsted in column (4) of Table XVI, and are seen to be in 
fairly good agreement with measured values of . No ex¬ 
planation, however, has as yet been given for this agreement. 

Table XVI 


' 

(1) 

(2) 

(3) 

(4) 

(5) 


Atom 

[du ) 


2 / Av 

9 \ di/ J 

9 dv ) 

ri_^ 
ra Aj 

measured 

Authors 

Mg 

Ca 

Zn 

Sr 

Cd 

Ba 

Hg 

4-63 X 10-3 
1-87 X 10-3 
4-07 X 10-3 
8-08 X 10-3 

1- 32 X 10-1 

2- 32 X 10-1 
4’48 X 10-1 

•624 

•643 

•695 

•668 

•702 

•700 

•728 

11*6 X 10-’ 

2-06 X 10-5 

12- 4 X 10-5 
4-31 X 10-4 

13- 4x10-4 

4-12 X 10-3 
1*73 X 10-2 

7- 24 X 10-7 

1- 33 X 10-5 

8- 64 X 10~5 

2- 88 X 10-4 

9- 40 X 10-4 

2-88 X 10-3 
1-26 X 10-3 

1- 25 X 10-5 

6- 71 X 10-5 

2- 69 X 10-4 

8 0 xlO-4 

7- 25 X 10-4 

3- 35 X 10-3 
1-2 xlO-2 

Prokofjew [58] 
Filippov [s] 
Prokofjew [58] 
Kuhn [ 32 ] 
Filippov [s] 
Prokofjew [68] 
Garrett [ 1 - 2 ] 
Wolfsohn [85 a] 


7e. Higher Series Members OF THE Alkalis. In working 

with the resonance radiation of the alkali vapours it is some¬ 
times necessary to know the absorption or emission of the next 
doublet in the same series. In all cases the /-value and the 
transition probability of the next doublet are much smaller 
than those of the resonance lines. This is shown in Table XVII. 

Table XVII 


Atom 

Atomic 

number 

^2—>- X 

X 

1 

. .. —.. . . 

Author and reference 

Li 

3 

136-6 

31-4 

A. Filippov [ 7 ] 

Na 

11 

69-5 

21-8 

A. Filippov and W. Prokofjew [e] 

K 

19 

111-5 

30-3 

W. Prokofjew and G. Gamow [se] 

Rb 

37 

70-3 

20-3 

D. Roschdestwensky [ 62 ] 

Cs 

55 

69-0 

19-2 

R. Minkowski and W. Miihlenbruch [so] 
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CHAPTER IV 

COLLISION PROCESSES INVOLVING 
EXCITED ATOMS 

1. TYPES OF COLLISION PROCESSES 


On the basis of classical kinetic theory, a molecule was re¬ 
garded as a rigid sphere with a definite radius, and a collision 
between two molecules was defined as an encounter in which 
the two spheres touched. It is of course no longer possible to 
ascribe a definite radius to a molecule or atom, and when two 
such bodies come together and part again, they do so in a 
manner which cannot be described in detail. It is therefore 
necessary to adopt a point of view which is independent of the 
actual shape and dimensions of the molecules, and which at 
the same time is unambiguous. This has been done with admir¬ 
able clearness by Samson [84], and the following treatment will 
follow that of Samson rather closely. 


la. The Meaning of Collision^’. When any molecule 
parses another at any distance and with any relative velocity, 
a ^‘cbUision’’ is said to take place. The best description of a 
particular collision is to give the relative velocity before the 
colhsion V and the perpendicular distance q between the centre 
of the second molecule and the line of the velocity V through 
the centre of the first. We may call this a (F, colhsion. For a 
(K, q) colhsion there is a probability ^ (F, g) that a given pro- 
cess, say a transition of energy state, may occur on such a 
colhsion. We know nothing of the function ^ (F, g) except that 

LTt ^ for very 

^ F„ at which there is 

1 produce the transition. 

oomZ Ire u ® suddenly be- 

also be expected to 

vary differently with V and q for different trarisition processes. 
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16. The MEANiisra of Effective Cross-Section?'”. For 
statistical purposes we resort to an artifice which gives a con¬ 
venient index number with which to describe the statistical 
average over all values of q. We can calculate easily the total 
number of collisions of relative velocity V within a distance Q 
say, denote it by Z (F, dV and, by equating this to the total 
number of collisions actually known by experiment to produce 
the given process, evaluate and call it “ the effective velocity 

cross-section for the given process (The cross-section area is 
really ttQ®, but it is convenient to drop the tt and refer simply to 
as the cross-section.) It will clearly be a function of velocity 
and of the process considered and may have widely different 
values for different processes. It has no relation whatsoever to 
the gas-kinetic cross-section for the pair of molecules. 

Since actual experiments usually do not differentiate be¬ 
tween velocities but are carried on at a known temperature, it 
is convenient to make a similar definition of an "'effective 
temperature cross-section for the given process”. Xi Z{T,o^) 
represents the total number of collisions of all velocities 
within the distance a at temperature T, then 

J CO 

Z {V, Q^)dV. 

0 

The left-hand member of the above equation can easily be 
calculated on the basis of the Maxwellian distribution of 
velocities along the lines of classical kinetic theory, and the 
result is obtained ___ 

Z {T, a2) = %Nn 0-2 J2rr RT ^-t- .(91), 

where and N, n are the molecular weights and con¬ 

centrations respectively of the colliding molecules, and R is 
the universal gas constant. ‘^The effective cross-section for the 
process A'' is therefore calculated as follows: From the results 
of an experiment in which it is known that collision processes 
of type A occur, the number of such collisions per sec. per c.c. 
is calculated. This number is equated to the right-hand 
member of Eq. (91). The resulting value of cr^ is denoted by 
oj' and is called the effective cross-section for the process A . 





156 


OOLLISIOK PROCESSES 


Ic. CoLEisiolirs OP THEE SECOND KiND. Klein and Rosse- 
land[37], in 1921, on the basis of thermodynamical reasoning, 
inferred that, if ionizing and exciting collisions take place in £urL 
assemblage of atoms and electrons, inverse processes must also 
take place, namely, coUisions between excited atoms andL 
electrons in which the excitation energy is transferred to tire 
electrons in the form of kinetic energy. They called such colli¬ 
sions ‘‘collisions of the second kind”. The term was extende<d 
by Pranck and others to include collisions between excited 
atoms and normal atoms (or molecules) involving a transfer of 
the excitation energy from one to the other. As more and more 
types of collision processes were discovered the conception 
became broader, until now the expression “collision of the 
second kind” includes all collision processes in which the 
following conditions are fulfilled: 

(1) One of the colliding particles is either an excited atonx 
(metastable or otherwise) or an ion. 

(2) The other coUiding particle is either an electron, su 
normal atom or a normal molecule. 

(3) During the coUision either all or a part of the excitation 
of particle (1) is transferred to (2). 

Typical examples of collisions of the second kind are given 
in Table XVIII. Some of these have been discussed in Chap, ir, 
and the others will be considered throughout this chapter. 

TBRTijRBrN'G CoELisioNS. There are types of collisions 
involving excited atoms in which either no energy or an ex- 
^emely smaU amoimt of energy is transferred. Such collisions 
involve a perturbation of the excited atom so that its radiation 
or absorption characteristics are altered in some way. If the 
breadth of an absorption hne of a gas is measured at high pres¬ 
sure or in the presence of a foreign gas, it is found to be greater 
than usual, indicating the existence of colhsions which alter 
the absorbing characteristics of an atom. Such collisions can 
be called broadening collisions. If the percentage polarization 
o the resonance radiation emitted by a gas is measured in the 
pesence of a foreign gas, it is found to be smaUer than usual, 
mdicatmg the existence of coUisions which alter the position 
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of the electric vector of the light emitted by an excited atom. 
Such collisions are called depolarizing colhsions and will be 
treated in Chap. v. 

Table XVIII 



Particle 

No. (1) 

Example of collision 
of second kind 

Methods by which such 
collisions are studied 


Atom in an 
excited state 
from which 
it can emit 
resonance ra¬ 
diation 

1 

Cs(2P)-+-e 

=Cs(62Siy2)+e 

Hg (63 Pi)+H2 

=Hg(6iSo)+H-t-H 

Hg (63Pi)+Na 

= Hg (6%)+Na(10^Si/2) 
Hg (6 ®Pi) + N2 

=Hg(6»Po) + (N2)' 

Na(3^P3,2)+A 

=Na(32Pi/2) + A 

Cs (w2P)+Cs 
= (CsCs)+ + e 

T1 (72Si/2)-hl2 
=(Tii)'+r 

Optical and electrical 
measurements on the 
positive column of a 
gas discharge 

Quenching of resonance 
radiation. Reduction 
of Hg pressure as oxide 
is reduced by H atoms 

Sensitized fluorescence 

Quenching of resonance 
radiation. Rapidity 
of escape of resonance 
radiation 

Radiation of line 

when excited by D 2 
the presence of Argon 

Photo-ionization of va¬ 
pour by means of 

6 ^Siya—wi ^P at various 
pressures 

Quenching of T1 line 
5351 when excited T1 
atoms are produced by 
photo-dissociation of 
Til 

Metastable 

atom 

Hg(63Po)-t-H2 

= (HgH)' + H 
Hg(63Po)-l-N2 

=Hg (63 Pi)+N2 

Bands in fluorescence 

Rapidity of escape of 
resonance radiation 

_ ------- 


Ion 

Ne+ -f Cu 

=:(Cu+)' + Ne 

He+^l-Na 
= He + N2+ 

Enhancement of spark 
lines in gas discharge 

Absorption of canal 

1 rays 

1 


Note. A dash means an nnapecified excited state. A chemical symbol 
nnaccompanied by any other designation refers to the normal state. 
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2. CLASSICAL THEORY OE LORENTZ BROADEHIHG 

OF AN ABSORPTION LINE 

2a, The PHEiroMEisroH of Lobentz Broadeistiko. The 
interpretation of the broadening of spectral lines as due to 
collisions goes back to Rayleigh and Helmholtz. The first ex¬ 
perimental evidence of the pressure broadening of spectral 
lines was obtained by Michelson [58], who showed that emission 
lines were broadened by an increase of pressure and who 
worked out an expression for the frequency distribution of the 
emitted radiation- Schonrock [85] extended Michelson’s theory 
of emission lines and obtained an expression for the half¬ 
breadth of an emission line in terms of the mean free path and 
the temperature. In view of the complicated conditions that 
are present in a source of light such as an arc or spark discharge, 
no simple expression for the frequency distribution or half¬ 
breadth of an emission line can hope to take into account all the 
broadening factors. It is therefore much more fruitful to con¬ 
sider the broadening of an absorption line, since the conditions 
inside of an absorption tube can be made relatively simple. 

Lorentz [51] was the first to formulate a simple theory of the 
pressure broadening of absorption lines, and was able to 
calculate both the half-breadth and the frequency distribution 
of an absorption line that was broadened by collisions either 
with other absorbing atoms or with foreign gas molecules. 
Since the time of Eorentz many experiments have been per¬ 
formed on the broadening of an absorption linebyforeigngases, 
and most of these experiments, notably those of Fuchtbauer 
and his co-workem, show the following characteristics as the 
foreign gas pressure is increased: 

(1) The absorption line is broadened. 

(2) The maximum of the absorption line is shifted. 

(S) The absorption line becomes asymmetrical. 

These three phenomena are illustrated in Fig. 30. 

The simple theory of Lorentz is capable of giving an inter- 
pmtation, on the basis of classical theory, of only the first of 

^e effects- Both the shift and the asymmetry are apparently 
ou 1 e t e realm of classical theory and require for their 
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explanation the introduction of quantum ideas. The quantum 
theory of Xorentz broadening along with quantum explana¬ 
tions of shift and asymmetry will be touched upon later. For 
an approximate interpretation of existing experimental data 
the simple Lorentz theory which will be given in the next 
paragraph will be found to be helpful. 



Fig. 30. Ijoroiitz broadening of an. abHorption line, showing 
broadening, shift and asymmetry. (Exaggerated.) 

26. The Simple Lorentz Theory. The eflliect of collisions 
upon the absorbing and emitting characteristics of a classical 
“oscillator-atom” w'^as treated by Lorentz in a manner analo¬ 
gous to that of radiation damping. If an absorbing atom per¬ 
forms Z collisions per second, with the molecules of a foreign 
gas, the resulting efect is equivalent to Z interruptions per 
second in an undamped wave train. The expression for the 
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absorption coefficient of a gas under these conditions was found 
by Lorentz to be of the same form as that when natural 
broadening is present, namely 



( 92 ), 


where is called the Lorentz half-hreadth and is given by 

^ _ 1 /number of broadening colHsions per\ 

^ ~ 77 \ second per absorbing atom / 


7T 


(93). 


It is quite apparent that Eq. (92) is a symmetrical curve with a 
maximum at v — vq, and therefore it would seem incapable of 
handling an experiment in which shift and asymmetry are 
present. When, however, a broadened absorption line is 
spectroscopically resolved, both the shift and the asymmetry 
can be corrected for, so that the Eorentz half-breadth may be 
obtained, and from it the number of broadening collisions. In 
other experiments where the hne is not resolved, the e:ffect of 
the shift can be eliminated entirely, leaving asymmetry as the 
only error. Eq. (92) therefore is by no means useless, but can 
be used in conjunction with some experiments to yield an 
approximate value for Avj ^. 

2 c. CoMBIITATIOK OF EoBENTZ, NaTTJBAL AKI) DoPPLEB 
Broadening. An approximate expression for the absorption 
coefficient of a gas under conditions in which Lorentz, natural, 
and Doppler broadening are present can be obtained by a 
method due to !Reiche[8i], in which the interdependence of 
Doppler and Lorentz broadening is ignored, i.e. as if the colli¬ 
sions performed by one absorbing atom with the foreign gas 
molecules did not take place irregularly, but with a certain 
constant time interval equal to . With this simplification 
Lorentz broadening can be combined with Doppler broadening 
in exactly the same way that natural broadening was com- 
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bined with Doppler broadening. The resulting absorption 
coefficient is given by 

fco p 2S /,—-1^ 


_ ^^0 

77- 


exp 


Vln 2 


,(iS...(94), 


+ A] 


where Icq is the maximum absorption coeffiicient when only 
Doppler broadening is present, Av^ is the natural half-breadth 
of the line and Avj, is the Doppler breadth. It has been men¬ 
tioned before that Voigt [99] calculated on the basis of classical 
theory the absorption coefficient of a gas under conditions in 
which Doppler broadening, natural damping and any other 
damping process were present. This theory is capable of yield¬ 
ing a more accurate expression than Eq. (94), because Lorentz 
broadening can be introduced as a damping term which is not 
constant, but is instead a function of the velocity of the 
absorbing atom. When this is done, an integral is obtained 
which is much more complicated than Eq. (94). It was pointed 
out by Reiche, in a private communication, that Voigt’s in¬ 
tegral represents a symmetrical function of v with a maximum 
at vq , and therefore, since it does not account for the shift and 
asymmetry, its slight advantage over Eq. (94) hardly warrants 
its use, in view of the added mathematical difficulties. 


In deahng with the pressure broadening of infra-red absorp¬ 
tion lines, Dennison [i3] derived a formula which is substantially 
the same as Voigt’s general formula, but which, for purposes of 
calculation, had to be replaced by two simple Lorentz expres¬ 
sions: one for the centre of the Hne and one for the edges. It is 
doubtful whether Dennison’s final formulas are very much 
more accurate than Eq. (94), in that they also do not take into 
account the asymmetry and shift that are present. For a 
simple derivation of Eq. (94) on the basis of classical theory the 
reader is referred to a recent paper by Weisskopf [104]. Intro¬ 
ducing the quantities 


and 




, Avjf + Av 


— A/ln 2 


.(95) 

(96), 


M Z 


IX 
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23 

and letting y = Vln 2, 

Eq. (94) becomes k^ = ko-j . 

The above equation will be recognized to be of the same 
form as that representing the absorption coefficient when 
natural and Doppler broadening only are present (see Chap, 
nr, § 2(x). There is, however, an important distinction. The 
quantity a! cannot, in this case, be treated as a small quantity; 
for, due to the presence of , it may be made as large as we 
please by increasing the foreign gas pressure. The integral, 
therefore, in Eq. (97) cannot be expressed in a simple form, but 
must be evaluated by series or by numerical integration. 
A table of values of h^jlcQ for several values of a' and oj will be 
found in the Appendix. In Fig. 31, Eq. (97) is plotted as a 
function of a> for four different values of a\ 

3. EXPERIMENTS ON LORENTZ BROADENING 

3a, Photogbapbeic Measurements. A most extensive 
investigation of Lorentz broadening was made by Eiichtbauer, 
Joos and Dinhelacker [22] on the mercury resonance line 2537. 
A beam of light from a source emitting a continuous spectrum 
was sent through an absorption tube containing a mixture of 
mercury vapour at room temperature and a foreign gas. The 
light was then focused on the slit of a spectrograph, and photo¬ 
graphs were taken of the 2537 line in absorption, while the 
mercury vapour pressure remained constant and the foreign 
gas pressure was increased from 10 to 50 atmospheres. So 
much broadening was produced at these high foreign gas 
pressures that the absorption line was easily resolved by the 
slit of the spectrograph. Under these conditions also, the 
quantity a' in Eq. (97) is so large that the absorption coefficient 
reduces to the simple Lorentz form 



The experimental curves of absorption coefficient against 
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frequency, obtained by taking photometer measurements of 
the plates, showed the shift and asymmetry already men¬ 
tioned. The half-breadth of the shifted curve was taken to be 
the LiOrentz half-breadth. In this way was measured with 



various foreign gases at various pressures, and it was found 
that the graph of against -p (the foreign gas pressure) was 
a straight line with a different slope for each foreign gas. A few 
of these curves are shown in T'ig. 32. The results will be inter¬ 
preted in the light of effective cross-sections later on in this 
chapter. 
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36. Measurements involvustg Magneto-Rotation. The 
conditions under wMch. Schiitz [87] studied the Lorentz broad¬ 
ening of the sodium resonance lines were the same as those 
described in Chap, iii, § 56. An absorption tube containing 
sodium vapour and a foreign gas was placed in a longitudinal 



Relative density of foreign gas in atmosplieres 

Fig. 32. I*iich.tbauer, Joos and Dinkelacker’s experiments on 
Lorentz broadening of the mercury resonance line. 


magnetic field and between a polarizing and an analysing 
hTicol. A beam of light from a source emitting a continuous 
spectrum was sent through the tube and focused on the slit of 
a spectroscope-photometer arrangement. AVith zero magnetic 
field and crossed Nicols, no light entered the photometer; hut 
with the Nicolskept crossed and the magnetic field estahhshed, 
magneto-rotation at the edges of the absorption line caused 
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light to enter the photometer. It has already been shown that 
the amount of light of a particular freq^ueney passing through 
the analysing Nicol depends upon the absorption coefficient for 
that frequency, the strength of the magnetic field, and certain 
atomic constants dealing with the Zeeman effect. The sodium 
vapour pressure was high enough to absorb completely the 
centre of the line, and the foreign gas pressure was kept very 
low so that a’ was kept small. Under these conditions, Eq. (97) 
reduces to 



= const. 


(v-v„)2 


(98), 


which, when expressed in classical notation, and introduced 
into the equations of Chap, m, §56, leaves them completely 
unaltered in form. Only the quantity v is changed, being now 
the sum of natural and Lorentz damping. Since the final 
equation is a relation between the intensity of light entering 
the photometer and v , the method of Schiitz allows v to be 
obtained at any foreign gas pressure. The results of Schiitz’s 
experiments were expressed in the form of a graph between 
v'jvQ and the foreign gas pressure, where Vq represents the 
natural damping. Some of these curves are shown in Eig. 33, 
and they are seen to be straight lines. Their interpretation will 
be given later. 


3 c. Experiments on the Absorption op Resonance 
Radiation. It will be remembered that the absorption of a 
beam of resonance radiation in traversing a gas depends upon 
the form (frequency distribution) of the emission and absorp¬ 
tion lines. Orthmann[76] was the first to study the Lorentz 
broadening of the mercury resonance line by measuring the 
absorption of a beam of mercury resonance radiation by a mix¬ 
ture of mercury vapour and hydrogen. Neumann [7i] extended 
Orthmann’s measurements, using argon, air, helium and 
hydrogen. In later years Kunze[42] and Zemansky [ii4] per¬ 
formed the same experiment under conditions which allowed 
the Lorentz half-breadth to be calculated with fair accuracy. 
The theory of the method is very simple. Assuming the mer¬ 
cury resonance line to consist of five equal, completely separate, 
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hyperfine structure components; and representing the emission 
line from the resonance lamp by the expression and the 
absorption coefficient of the mixture of mercury vapour and 



Eig. 33, Schiitz’s experiments on Lorentz broadening of 
sodium resonance line. 


foreign gas, by the absorption ^ is given by (see Chap, iii, 
§46) 

J oo 

E^(l-e-K^)dv 

^ = 7S- ......(99). 

I E^dv 

In the experiments of Kimze, the foreign gas was admitted 
to the resonance lamp at exactly the same pressure as in the 
absorption cell, thereby ehminating any error due to the 
shift of the absorption line relative to the emission line. 
This necessitated the use of inert gases only, since a gas like 
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J oo 

E^(l-e-K^)dv 

^ = 7S- ......(99). 

I E^dv 

In the experiments of Kimze, the foreign gas was admitted 
to the resonance lamp at exactly the same pressure as in the 
absorption cell, thereby ehminating any error due to the 
shift of the absorption line relative to the emission line. 
This necessitated the use of inert gases only, since a gas like 
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liydrogen or oxygen, if admitted to a resonance lamp, would 
quencli the resonance radiation to such a low intensity that it 
could not be measured. Since the resonance lamp employed 
l>y Kunze satisfied fairly well the conditions laid down in 
Chap. Ill, § 3 a. for an ideal resonance lamp, and since the thick¬ 
ness of the emitting layer of the resonance lamp was nearly 
equal to the thickness of the absorption cell, the expression for 
becomes [see Eq. (50)] 


= const. (1 — 


and A. can be written 


A 


j: 

j 


kr 


oo __ ly/ 7 

(1-e 

0 



.( 100 ), 


.( 101 ). 


The conditions of temperature and mercury vapour pressure 
in Kunze’s experiment were such that JCf^l was 0*475. Sub¬ 
stituting this value for JcqI in the above formula, and replacing 
/v\;//q) by the expression given by Eq. (97), a result is obtained 
which can be integrated graphically with the aid of the table 
in the Appendix. (The graphical integration is to be done for 
all five hyperfine structure components.) The result is a 
difi'erent value of A for all the different values of a/. Since a' 


contains the ratio Is.VjJl\v, the theoretical curve of A against 
a' can be used to give the value of AvfJAvj, corresponding to 
a.ny experimentally measured value of A. at any foreign gas 
pressure. It is to be expected, of course, that the neglect of the 
accurate hyperfine structure of the line and its asymmetry in 
l)roadening will produce a small error in the final value of Avj ^. 
In this way, the ratio AvjJAvjy was obtained for the tliree inert 
gases as a function of the gas pressure. A graph of the residts is 
shown in Fig. 34. 

O 

In Zemansky’s exi^eriments, many gases were used which 
coidd not be introduced into the resonance lamp because of 
their strong quenching ability, and consecpiently the emission 
line remained fixed while the absorption line was shifted and 
broadened by the foreign gases. It will be seen later, however, 
that the results agree quite well with those of Fiichtbauer, Joos 






Fig. 35. Zoma-nBky'B exjjerinit'tit.s on Ijorinitz; broiMleiiing of 

nicrcTiry resonance lino. 
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and Dinkelacker and with those of Kunze. To obtain a theo¬ 
retical curve between A and a' to be used with Zemansky’s 
experimental results, the emission line was represented by the 
expression [see Eq. (60)] 

= const, e .(102), 



Argon prossnro in in in. 

Fig, 36. JLorontz broadening of mercury roaonanco lino by argon. 


and the absorption became 



(103). 


In his experiments, Jc^lwas 4*44 and, upon introducing Eq. (97) 
for Jc^/Jcq and integrating graphically, A was calculated as a 
function of a'. The results for a few foreign gases are shown in 
Fig. 35; and in Fig. 36, a comjiarison of the results of Fiicht- 






170 


COLLISION PROCESSES 


bauer, Joos and Dinkelacker, Kunze, and Zemansky is shown 
for the case of argon. 

3d. Evaluation of Effective Cross-Sections for 
Lorbntz Broadening. It is seen from Figs. 33, 34, 35 and 36, 
that all experiments on Lorentz broadening provide linear 
relations between the Eorentz half-breadth and the foreign gas 
pressure. This is in agreement with the Eorentz formula for 
Av^ given by Eqs. (93) and (91), namely 



where is the effective cross-section for Lorentz broadening 
and N is the number of foreign gas molecules per c.c. If p is the 

9740 

foreign gas pressure in mm., then iV'.y) x 10^®, and 
Eq. (104) becomes 
^jk 

E \ 1-95 X 101*> 

P 1, 

which shows how the effective cross-section may be ob¬ 
tained from the slope of any curve in Figs. 33 to 36. 

Table XIX contains all the values of <TjJ^ obtained inthis way. 

3e. Lorentz Broadening in a Sodium Flame. The 
increase in intensity of a sodium flame, as the thickness of the 
flame or the sodium concentration, or both, were increased, was 
first measured by Gouy[25:i in 1879. Since then, similar ex¬ 
periments have been made by Senftleben i!) 0 |, Wilson iioc], 
Locher[i8], Child [HJ and Bonner [loj, who, with the excej>tion 
of Child, showed that the intensity of the light emitted by the 
flame was a function of the product of flame thickness and the 
concentration of the sodium salt that is sprayed into the Ihune. 

When the partial pressure of the sodium vaf)our in the flame 
is small, the flame can be treated in exactly the same manncir as 
the emitting layer of an ideal resonance Iam|> (see Gliaj). in, 
§ 3 a). li denotes the intensity of light (com prised en tirely of 
the L) lines) emitted by a flame of tliiclcness /, then we have 

X-^ = const. J'( 1 — e dv .(106), 
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where deiiends on the amount of sodium vapour present, and 
the absorption line form, which is obviously determined by 
natural and Lorentz damping and the Doppler effect. (Hyper- 
fine structure is practically wiped out by Dorentz broadening.) 
A convenient way of representing the experimental results is 
to plot the ratio of the intensity from a flame of thickness 

Table XIX 


Absorb¬ 
ing gas 

Foreign 

gas 

a;} X 101« 

Fiicht- 
bauer, 
Joos and 
Dinke- 
lacker 

X 101« 

Zemansky 

X 10i« 

Ivunze 

X 10 i« j 
Schiitz 

Hg 

He 

— 

150 

21-4 

. . 


Ha 

27-8 

24-5 

— 

_ 

35 

Ne 

— 

— 

35-7 

— 

35 

CO 

--- 

44-5 

-- 

_ 

35 

Na 

(»4-8 

510 

-- - 

— 

55 

Oo 

()5-1 


— 

— 

5 5 

CH 4 

-— 

42-8 

— 

— 

3 5 

H .>0 

l>8-5 

— 

-- 

.. - 

55 

a“ 

88*9 

()l-5 

() 2-0 

— _ 

35 

CO.. 

125 

— 

— 

— 

35 

NH, 

— : 

71-2 

, 

_ _ 

35 

CaHa 

— 

7;b5 


— 

Na 

Ho 


— 


31 4 

5 5 

Ne 

— 

— 

— 

37-8 

3 5 

H.> 

— 


— 

330 

35 

No 

— 


— 

08-0 

5 5 

A 

— 

! 


810 

1 . 


21 (1 2 ) to that from a flame of thickness I (I^) against . This 
ratio can be written 


h 

h 


,f(i- 

n 

.* 

e '"'jdu 

J(i- 

e ''")rZi/ 


(107), 


and can be evaluated for various values of (and therefore 
of li) once is known as a function of v. In Fig. 37 are 

shown the experimental results of Goiiy and Honner, with the 
ratio 1 2 /1 1 plotted against . The abscissa scales are chosen 
to make the two sets of results coincide with each other as much 
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as possible. It is quite clear that first attains a minimum 
value of about 1*35 and then rises slowly. 

Schiitz [88] was the first to obtain a curve of this shape theo¬ 
retically. He introduced into Eq. (107) an expression for hyjlcQ 

JL 

/, 



Fig. 37. Expex’iments of Gouy and Bon nor on fcho omission of sodium flames. 


equivalent to our Eq. (97), representing the absorption coeffi¬ 
cient when natural and Lorentz damping and Doppler effect 
are present. With a' equal to any arl)itrarily chosen value, 
Schiitz was able to show that /g/fi first attained a mininiuin 
and then rose slowly to the value \/2. He estimated that, to 
agree with Gouy and Senftleben’s results, a' would have to be 
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about 0*5. From this we can. estimate the effective cross- 
section associated with sodium and air. 

Since a' — v^in 2 = 0*5, 

Av^ 



Fig. 38 . Fiichtbauer, Jooh and Dinkelaoker’s measurements of the 
siiift of the mercury resonance line. 

% 

then, since Avj^jAvj^ is very small, Ai/j/Av,, = 0*6. Replacing 
Avj^ by ZjJtt and by its gas kinetic expression, and calculat¬ 
ing Av^^, is found to be roughly 15 x 10™^^ cm.^, which is 
considerably smaller than Schiitz’s value for nitrogen alone. 
A more recent measurement of a' was made by van der Held 
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and Ornstein[28] for a sodium flame. The resulting value of 
a\ 0-53, is in good agreement with that calculated by Schiitz. 

3/. The Shift of the Absorption Line. The most com¬ 
plete experiments on the shift of a Lorentz-broadened absorp¬ 
tion line were made by Tiichtbauer, Joos and Dinkelacker [22 j 
on the mercury resonance line. The shift was found to be 
always toward the red, and, from Fig. 38, it is seen that the 
shift is proportional to the foreign gas pressure. It is apparent 
also that, in a rough way, those foreign gases which produce 
large broadening also produce large shifts. 



30^. The Asymmetry in Broadening, i'lic most extensive 
study of the asymmetry in the frequency distribution of a 
Lorentz-broadened absorption line was made l)y Minkowski iin i 
on the sodium D lines. If Fig. 39 represents an asyinmetrically 
broadened absorption line, with ordinates equal to the r<itio of 
the transmitted to the incident light, then the curved line 
marked C is drawn by dividing the ordinate axis into a niuti bei* 
of parts and indicating at each level the centre of the line. In 
this way the asymmetry of a sodium resonaiicic line broadened 
by a number of gases is indicated in Fig. 40. It is seen tliat, with 
and He, the asymmetry is toward tlie violet, and with all 
the other gases the asymmetry is toward the i-ed. I t is also 
apparent that, in a rough way, those gases wlvich produce the 
most asymmetry are also those whicli broaden tlie most. These 
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results were explained by Minkowski in a qualitative way by 
assuming that there is an interchange of kinetic energy and 
excitation energy during collision, whereby an atom, capable 
of absorbing the frequency vq , can absorb a frequency smaller 
than vq plus a small amount of the kinetic energy of the colli¬ 
sion. Or vice versa: an atom, capable of absorbing the fre¬ 
quency vq, can absorb a frequency larger than Vq and at the 
same time give up the remainder to the kinetic energy of the 
collision. These ideas are in agreement with similar ideas 
advanced by Oldenberg [74j to explain the appearance of bands 
that were emitted by a mixture of mercury vapour and some 



40. Minkowski’s incasaroments of tlic asyinmetry of the 
sodium resonance lino. 


of the inert gases. They are also coTitained implicitly in the 
general theory of Lorentz broadening developed by Weisskopf 
and extended by kenz, which will bo discussed in the next 
section. 


4. QUANTUM THEORY OF LORENTZ BROADENING 

4.a. Preliminary ^riiEORi es, Tlie first attempt at a quan¬ 
tum theory of Lorentz broadening was made by Jablonski [3i]. 
He considered a collision between an absorbing atom and a 
foreign gas molecule as a temporary formation of a quasi- 
molecule. In Pig. 41 are shown the Pranck-Condon curves of 
the two states of tliis molecule, the first state corresponding 
to the molecule : normal absorbing atom A plus foreign gas 
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molecule F, and the second state corresponding to the mole¬ 
cule : excited absorbing atom A.' plus foreign gas molecule F. 
The difference between the two Franck-Condon curves deter¬ 
mines the frequency absorbed (or emitted) as a function of the 
separation r. Jablonski’s ideas were only qualitative and were 
not capable of yielding an expression for the frequency dis¬ 
tribution of the absorption line, or for the half-breadth. 

The next important step in the development of an accurate 
theory of Lorentz broadening was made by Margenau[53,54] in 



Fig. 41. Franck-Condon curves referring to collision broadening. 


America and at about the same time by Kulp [4i] in Germany. 
These authors extended the ideas of Jablonski, and, applying 
the statistical theory of density fluctuations, were able to 
calculate the shift of an absorption line in terms of the pressure 
of the foreign gas and of atomic constants. The shift was shown 
to be proportional to the pressure, in agreement with experi¬ 
ment. London’s theory of van der Waals’ forces was used by 
both authors, which is tantamoxmt to considering only the 
right-hand portions of the Franck-Condon curves (at large 
values of r) where the mutual potential energy of the quasi- 
molecule is due to polarization, or F' (r) — F (r) = — 
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46. Weisskopf’s Theory. The first rea-lly successful theory 
of Lorentz broadening was developed by Weisskopf [los], who 
showed the quantum-mechanical principles involved, and gave 
the mathematical tools (which, by the way, are identical with 
those used in classical electron theory) for calculating the 
frequency distribution of the broadened line. According to 
Weisskopf, Torentz broadening is regarded as a conversion of 
translational energy into light energy and vice versa, accord¬ 
ing to the ideas of Minkowski [oi] and 01denberg[74j. Wave 
mechanically, it is analogous to the electron-vibration bands 
of a diatomic molecule in which the energy of motion of the 
nuclei can be either added to or subtracted from the electron 
terms. In the case of the diatomic molecule, the spectrum 
is discrete, because of the regular character of the nuclear 
motions. In the case of Lorentz broadening, however, the two 
sides of the broadened line represent continuous spectra due to 
the irregularity of the motions involved. The process of Lorentz 
broadening is to be considered as the quantum analogue of a 
change in the frequency of vibration of an oscillator atom 
caused by the approach of a perturbing foreign gas atom, so 
that the phases of the normal vibration before and after the 
collision no loTiger agree. This idea was first put forward by 
LenzLUij. If we imagine the absorbing atom stationary, and 
the perturbing atom Hying |)ast along a line which is at a dis¬ 
tance r from the al)sorbing atcmi, then the phase change will 
depend upon r. The distance of closest approach, p, was 
defined by Weisskopf as tliat value of r for which the phase 
change is 1. liephicing the whole Franck-Condon curves by 
their right-hand [)ortions, and using Londxufs expression for 
the potential energy due to polarization, 


p was found to l)e aj)pi‘oxim<itely 

p - 


Ur 




.(108), 



a 


c 


(109), 


0 


where is the relative velocity of the colliding partners. 

London lia,s given a rigorous expression for C, but it is more 
convenient to calculate tlic maximum and minimum j^ossible 


M Z 


12 
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values of O for purposes of comparison with experiment. From 
London’s formula 


^max. = ■§■0^2^-^ (*^1 . (ll^)j 

( XTp' \ 

AF + AJSJ'~' .(Ill), 

and ^'= m9>, 

m (A-F - Ai/o) (A^o)'^. ^ 

where is the polarizability of excited atom A., 

ag is the polarizahihty of normal foreign molecule F, 

/o is the /-value of the line in question, 

^Fq = Tivq , 

AF — mean excitation energy of F, 

A jS 7' = energy difference between excited state of atom A 
and the next highest combining state, 

AE^' = energy dijfference between excited state of atom A 
and ionization. 


The upper and lower limits of G can be calculated from data 
in Table XX. 


Table XX 


Atom or 
molecule 

Polarizability 
a X 1024 

Smallest 
excitation 
energy in volts 

Ionization 
energy in 
volts 

He 

0-20 

19-8 

24-6 

A 

1-63 

11-5 

15(> 

Ne 

0-39 

16-5 

21 5 

No 

<a 

1-74 

6-5 

17 

Oa 

1-57 

8 

13 

COa 

2-7 

-- 

14-3 

CO 

1-9 

6-4 

10 

Na(32P) 

96 

2-1 

51 

Hg (63Pi) 

20 

4-7 

10-4 


A comparison of values of p calculated by means of Weiss- 
kopf’s formulas, and experimental values of o-j^, are given in 
Tables XXI and XXII, which have been taken from Weiss- 
kopf’s report in the Fhysikalische Zeitschrift ii05]. 

Two facts are immediately evident from the tables. First, 
there is a fair agreement between the theoretical values of p 
and the experimental measurements of ctj^ . Second, thei*e is no 
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clear-cut relation between the ability of a foreign gas molecule 
to broaden a line and to take energy from the excited atom, 
because o-j^ and o-q (a^ refers to quenching of resonance radia¬ 
tion) are quite different. To the agreement between p and cfj^ 
very little importance can be attached, was obtained from 
either direct or indirect measurements of the Lorentz half- 

TA.BX.E XXI 


Broadenhsto op meroitry resonance line 


Foreign. 

gas 

molecule 

Fuchtbauer, 
J o 08 and 
Dinke- 
Jacker 

c,. X 10« 

Zemanaky 

(T;. X 108 

Ivunze 

X 108 

Theo¬ 

retical 

max. 

p X 108 

Theo¬ 

retical 

min. 

p X 108 

Quenching 
a,^ X 108 

Ho 

r)-27 

4:’95 



— 

2-94 

He 

— 

3-88 

44)3 

5-0 

3-2 

0 

A 

9-44 

7-85 

7-88 

8-3 

5-4 

0 

No 

— 

— 

r>-98 

6-7 

4-4 

0 

Na 

8-05 

7-15 

- i 

7-9 

51 

0-524 

O 2 

8-07 

— 

— 

— 

— 

4'4(> 

COo 

11-2 

___ 


9-1 

(vO 

1-88 ' 

co“ 

— 

(b()8 


— 

—. 

2-42 


Table XXII 


Broadening of sodium resonance line 


l:'''oroign 

Schiitz 

Minkowski 

Tlicoretical 

'’I’hcoretical 

Quenching 

moieculo 

a,, X I ()8 

X 108 

„ 

ma.K. p X 108 

min./o X 10” 

ay X 1()8 

tb 

5-8 


— 


2-52 

H(^ 

r>(j 


()-3 

4-8 

0 

A 

9-0 

7-9 

10-0 

7-(5 

0 

Ne 

15 


7-9 

(5-0 

0 

No 

A 

8-3 

7-7 

— 

— 

3-09 


breadth through the agency of a speoilic relation connecting 
and the half-lireadth. In Weisskopf’s theory, however, no 
expression was obtained for the half-breadth, and therefore it 
is not clear what quantity should be compared with p. 

4c. Liqnz\s "fiiKORY. Idiis point was finally clearod up by 
Lonzi;i7 | in a very important pajier which carries the theory of 
Lorentz broadening to a point much farther than it was brought 
by Weisskopf. On the basis of a more general expression for 
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the mutual potential energy of the quasi-molecule formed by 
the colliding partners, namely 

V'(r) — V (r) = — ar-^ .(113)? 

Lenz was able to obtain an analytic expression for the fre¬ 
quency distribution of a line which contained all three known 
phenomena—broadening, asymmetry and shift; and also ex¬ 
pressions for the half-breadth and shift in terms of atomic con¬ 
stants and a distance defined as the distance of closest 
approach. The distance of closest approach, pQ, is defined as 
the distance from an absorbing atom to the line representing 
the relative velocity of the absorbing and perturbing atoms, 
at which a phase change of 27r occurs. Calling the relative 
velocity Cq , this distance is found to be 

1 

( a 

.(114), 

from which pQ can be calculated once the constants a and p are 
known. It should be remarked that Lenz’s definition of p^ 
differs from Weisskopf’s definition of p to the extent that 

1 

Po= 1*5(277)3^-1.p .(115). 

Instead of assuming ^ = 6 and attempting to determine the 
value of d in order to compute p ^, Lenz determined p from ex¬ 
perimental measurements of shift and half-breadth, and 
from measurements of half-breadth, in the following way. The 
shift of the line, in sec.“i, was shown to be 


Pq^ 


o A /~ / o \ r ( 2 — - ^ sin ^ 

2 2 VtT ^ \ p — \) p — 1 


2-25 (:P-1) -j./ ^ 


/. 2 \' . 27T 

1 H--, I Sin —. 

\ p-^i p- 


... (11G), 


and the half-breadth, also in sec.-i, to be 




_ 11^/9 ^ 

2\/77(2k^)^~-J 




COS 


77 


P — 1 


1 - /. 2 \ ' . 277 

1 I 1 + - , I sm - 

\ p~^i ?•< - 1 

where n is the number of perturbing (foreign gas) atoms 


(117), 


■ C.C., 
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Cq is the relative velocity of the absorbing and perturbing 
atoms, and the quantity k^jl has the values 0*57, 0*49, 0*44 when 
p = 6, 8, 10 respectively. The above formulae hold only when 
the absorbing atom is very much heavier than the perturbing 
atom, which is approximately satisfied in the case of the 
broadening of the mercury line. Dividing by Av^^, the very 

interesting result is obtained that 

_ X tan —^ .(IIS), 

" p — 1 

which provides a method of determining p from experimental 
values of Avg and . In Table XXIII the values of Avg/Avj^ 
obtained by Diichtbauer, Joos and Dinkelacker for the broad¬ 
ening of the mercury resonance line by several foreign gases 
are given along with the values of p calculated therefrom. 
Recent values obtained by Margenau and Watson [54 a] for the 
sodium D lines are also included. 

Tabus XXIII 






p„ in A. 

. 9 

Al>sorbing 

atoiii 

Foreign 

Al'.s 

Av /, 

3> 

from 

Fq. (117) 
and ox- 
peri me lit 

po A. 

from Eq. (1 15) 
Theoretical 

Hg 

A 


5-8 

14-4 

fietween 11-7 






and 18 


11.. 

id 1 

OKI 

11 

8'2 



1 

Na 

O-lo 

r>;{ 

12 


3 3 

C< ).. 

0-244 

8 

18 


3 3 

ILO 

0-22 

8-(> 

12 


Na 

N, 

0-1 1 

.5-:i 


— 


A 

o;{4 

(M 


Hotweon Hr5 






and 2I ‘() 

3 3 

Ik 

0-22 

8-2 

— 

“— 


With the aid of the known vaJues of p and of the experi¬ 
mental measureincnts of Av^^, can now be obtained from 
Eq. (117). These are listed in the fifth column of Table XXIII, 
and are seen to be larger than the values of obtained with 
the aid of the old Lorentz theory. It is interesting to note that 
argon, for which p = r)-8, is the only gas to which the London 
theory {p = (>) can be applied. It is therefore worth while to 
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compute the pQ for argon from Weisskopf’s value of p and to 
compare the resulting theoretical value with the value ob¬ 
tained from Avj ^. Since Weisskopf’s value of p lies between 5*4 

1 

and 8*3 A., and Lenz’s is 1-50 (2'77)^^~^ times as large, the 
theoretical value of p^ comes out between 11*7 and 18 A. in 
agreement with the value 14*4. 

The frequency distribution of the Lorentz-broadened line 
was found by Lenz to be 


J{co) 


1 -h tank {€ (coq -h Acoq - -To 
(“0 + ^“>0 - 


.( 119 ), 


where e = 0-31-0*0lljp, a>o = 27rvo, Aa)o = 277Av^, Aojjj = 27rAvj , 
and tq = po/^o • This formula represents a curve whose maximum 

is shifted by the amount Acoq — | Acd^^ . tq . The second factor, 

O 

however, is small in comparison with the first, and may be 
neglected when the foreign gas pressure is not too high. The 
experiments of Fiichtbauer, Joos and Dinkelacker justify this, 
since the shift was found to be proportional to the foreign gas 
pressure. The quantity Aco^ represents the half-breadth of the 
line. The formula must not be expected to hold at very great 
distances from the centre of the line. 

As a last result, Lenz calculated the asymmetry of the line, 
by using, as a measure, the difference between the intensities 
at equal distances on both sides of the line, divided by the 
sum. He found 


Y 7^ — {e (6 l> 0 + Act>0 — '^o} .(120) 

-I- "T“ . 

to be independent of the pressure of the foreign gas and to hold 
only near the centre of the line and for small foreign gas pres¬ 
sures (less than one atmosphere). Unfortunately, there are no 
experiments at hand with which to compare the above expres¬ 
sion with any degree of accuracy. 

It is remarkable that Lenz was able to obtain so many useful 
results on the basis of the simple law of interaction, 

V' (r) — V {r)= — ar~'^. 
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This may mean that only the right-hand portions of the 
Franck-Condon curves are significant in treating Lorentz 
broadening. It would be an interesting problem, however, to 
represent analytically the complete Franck-Condon curves 
suggested by Kuhn and Oldenberg [40] from an analysis of the 
mercury-rare gas bands, and to follow through Lenz’s theory 
with these expressions substituted for V' (r) — V(r). It is to be 
expected, of course, that the mathematical difficulties would 
be very great. 


5. HOLTSMARK BROADENING 


The broadening of an absorption line that takes place when 
the pressure of the absorbing gas is increased (with no foreign 
gas present), which we have called Holtsmark broadening, was 
first treated by Holtsmark [30] on the basis of classical theory. 
He calculated the mean frequency shift due to interaction of 

similar oscillators and found it to vary as VNf. Measurements 
of the Holtsmark broadening of the mercury and sodium 
resonance lines made by Trumpy [dh j were apparently in agree¬ 
ment with Holtsmark’s theory. There were, however, objec¬ 
tions to the theory, and both Frenlcel[2i] and MensingC57j 
attempted to liandle the ])roblem on the basis of quantum 
mechanics. Recently Schiitz-Mensing [so] has pointed out that 
Holtsmark’s original classical treatment was unjustified and, 
when carried out prox^erly, gives rise to a line breadth that 
varies directly as Nf. In no case was it ])ossible to calculate the 
actual line form. 


Recently the problem has been attacked from an entirely 
different point of view by Weisskopf [ioT) j. In the opinion of this 
author, Holtsmark broadening is to be regarded in the same 
light as Lorentz broadening, namely as a result of damping due 
to collisions among the abaorbing atoms. On the basis of 
classical dispersion theory, the absorption coefficient of a gas 
when both natural damping and collision darn|iing are present 
is found to he 


i 

H- 1 


sin I arc tan 


A(A-6)-}- 1 


..( 121 ), 
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where 

- 477 H. . 1 Nf 

~ y ’ ^ ”2 2771^0^ 

...(122), 


1 ^ 1 ^ ^ Itt It T 

...(123) 

and 

r ^ 

...(124). 


In the above formula, N stands for the number of absorbing 
atoms per c.e., Z^j- for the number of Holtsmark broadening 
collisions per sec. per c.c. per absorbing atom, and for the 
effective cross-section associated with Holtsmark broadening. 
Assuming that the interaction between two absorbing atoms 
is equivalent to the interaction between two dipoles, Weisskopf 
was led to an approximate expression for o-^^, namely 


— 




(125). 


4:Vm 277 Vq 

Introducing the above value of into Eq. (123) and using 
Eqs. (122), b is found to be 

e^Nf 
b 




1 e^Nf 

2r 


(126). 


There are two important limiting cases. (1) When N is very 
small, b is very small, A is equal to 4t7TT{v— vq), and Eq. (121) 
reduces to the classical dispersion formula 


b 


kcc 


2 

14- A2 ’ 


which, at the edges of the line, even in the presence of the 
Doppler effect, has been shown to reduce to 


(2) When N is so large that collision damping far outweiglis 


natural damping, 6 = 4, A is equal to 


277 (u 


Z 


H 


^, and the 
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absorption coefficient is given by the expression 
, V(4-A)^+l . , 4 

* ^ -a-TT -""" 4-)Ti 


..(127), 


which is represented graphically as a heavy curve in I^ig. 42. 
E3q. (127) would still be expected to hold when the Dopjoler 
ellect is present, provided the Holtsmark broadening was much 
larger than the Doppler broadening. The dotted curve in 
Kg. 42 is the simple Lorentz curve, and it is seen that the 



A -^ 

Fig. 42. Form of absorption lino with largo lloltsinark l)roadcnin[g. 


heavy curve and the dotted curve agree at the edges of the line. 
We have then the result that, in tlie two extremes, vanishingly 
small al>sorbing gas ])ressiire, and very higli pressure, the 
frequency distribution at the edges of the line is identical, 
depending only on the damping. At intermediate values of N 
(when 6 lies between 0 and 4) the frequency distribution of the 
edges of the line wil l Ijo given l)y 


h oc 



r 




H 




-f- 4cr j f JSf 


jrrRT 
V M 


(128), 


where 


.(129). 
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Now this is precisely the formula that has been used by 
Minkowski [60], Schiitz[87] and WeingeroU [103] to calculate the 
damping from experiments performed on the edges of the 
sodium D lines (see Chap, iii, §5). If, therefore, Weisskopf’s 
theory is correct, these experimentally determined values of 



of vapour pressure. (A smooth curve was drawn through the original 
experimental points.) 



Fig. 44. Minkowski’s measurements of the damping of the NaD lines as a 

function of vapour pressure. 

the damping should vary lineaxly with N V T or, in terms of 
the vapour pressure, with p/VT. 

In Fig. 43, the damping v' (which is exactly twice y) is 
plotted against _p/'\/2^ for the experiments of Weingeroff, and 
in Fig. 44 for those of Minkowski. Foth sets of experi- 
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ments yield straight lines, hut with different slopes, 
v' = 2y, 

v' = - + 2Z„ 

T 


1 ^ ^ jrr JRT 

= i + 8cr,^x9-74xlOXBy^.^^, 


Since 


and from Weingeroff’s results: 

1-7 X 10-"® sec., o-^ = 14 X 10*“® cm., 
whereas from Minkowski’s results: 

T = 1*7 X 10*~® sec., o-jj = 31 X 10*”® cm. 

These two values of o-^f are to be compared with Weisskopf’s 
theoretical value 44 x 10“® cm., obtained with the aid of 
Eq. (125). 

Margenau[5i] has given an interesting theory of Holtsmark 
broadening in terms of the screening effect upon a particular 
absorbing atom by other absorbing atoms that continually 
pass in and out of its line of sight. A wave-mechanical calculation 
yields the result that the half-breadth of an absorption line 
produced by such screening should be 0-445 divided by the 
mean time between collisions—-a formula very much the same 
as Lorentz’s formula. As far as the final formulas are con¬ 


cerned, Mai'genau and Weisskopf agree in their treatment of 
Holtsmark l)roadening. '^riieir main difference of opinion, lies 
in the fact that Weisskopf regards H oltsm ar k broadening as an 
example of Lorentz broadening, whereas Margenau considers 
that a 'part of Holtsmark broadening may be due to the 
screening effect of neighbouring atoms. 


6. EARLY MEASUREMENTS OF THE QUENCHING 
O F R E S O N A N C E RAD IA ^ 1 O N 

Oa. Quenching of Hesonance Radiation by Foreign 
Gases. It was first noticed by Wood[i08] that the introduction 
of a small amount of air into a mercury resonance lamp reduced 
the intensity of the emitted resonance radiation. Further 
experiments on mercury, sodium and cadmium resonance 
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radiation, to be described later, indicated that this is a very 
general phenomenon that takes place whenever the foreign 
gas atoms or molecules are capable of receiving some or all of 
the excitation energy of the excited atoms in the resonance 
lamp. In the current terminology, the resonance radiation 
whose intensity is reduced by the introduction of a foreign gas 
is said to be quenched”, and a collision between an excited 
atom and a foreign gas molecule in which some or all of the 
excitation energy of the excited atom is given over to the 
foreign gas molecule, thereby preventing the excited atom from 


Foreign 
Gas Inlet 


Pig. 45. Stuart’s apparatus for studying the quencliing of 
Hg resonance radiation. 

radiating, is said to be a ""quenching collision”. The ""quench¬ 
ing”, is defined as 

^ _ Intensity of resonance radiation with foreign gas 
Intensity of resonance radiation without foreign gas ’ 
and the results of a quenching experiment are expressed l)y 
""quenching curve”, in which Q is plotted as a function of the 
foreign gas pressure. 

66. Experiments of Stuart with Mercury. The most 
extensive early investigation of the quenching of mercury 
resonance radiation was made by Stuart [93], who used the 
apparatus shown in Eig. 45. The main resonance lamp Ry\ hito 
which the foreign gases were introduced was excited l)y the 
very narrow line emitted by the resonance latnp , and tlie 
quenching of the resonance radiation from jRxi was measured 
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with, a number of foreign gases. The experimental results are 
shown in Fig. 46 in the form of quenching curves. The following 
features of Stuart’s experiments are to be emphasized: (1) The 
mercury vapour pressure corresponded to room temperature, 
at which there was considerable diffusion of imprisoned reso¬ 
nance radiation. (2) The main resonance lamp jSh was excited 
by a very narrow line. (3) In the case of the inert gases. He, A 
and No, appreciable quenching occurred only at high foreign 



Foreign gJi.s pre.SHnrc in mm. 

Fig. 4(). Stuai’t.’H quenching curves for Hg rcHonantie ra<liaiion. 


gas ])i’essiires, fi-oui 10 to 200 mm. (4) Even at high pressures, 
the quenching of tlie inert gases was very much smaller than 


that of Ho, (> 2 , f't), CO 2 and 


(>c. ExrERiMFNTS vvi/rit Sodium and Oadmeum. With 
apparatus similar to that of Stuart, Mannko))ff ir >21 measured 
the quenching of sodium resonance racliation l)y H 2 , N 2 and a 
mixture, Ne -He. He found tliat l)oth N 2 and H 2 were very 
eli’eetive in (juencliing, and that Ne He was vei’y ineffective, 
even at higli ])ressures. The sodium va|)our pressure in these 
ex])erimcnts was high enough to give rise to considerable re- 
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absorption of the resonance radiation on its way out of the 
lamp- 

The quenching of cadmium resonance radiation 3261 was 
studied qualitatively by Bates [5]and by Bender [8], whoshowed 
that Hg was very effective in quenching cadmium resonance 
radiation. Further experiments by Bender indicated that Ng 
and CO also quench, but not as effectively as Hg - 

6 d , Bifeioulty of interpreting Early Experiments. 
Experiments on the quenching of resonance radiation are 
undertaken mainly for two reasons: (1) to ascertain whether a 
foreign gas does or does not quench, and if so, to decide what 
mechanism is responsible for the quenching; and (2) to obtain 
an accurate numerical estimate of the effectiveness of those 
gases which are known to quench. Attempts to obtain this in¬ 
formation from the experiments of Stuart were made by Stuart 
himself, by Foote [19], Gaviola[24] and Zemansky [ii2], with 
indifferent success. It is quite clear that, with all foreign 
gases at all pressures, reabsorption of the resonance radiation 
(diffusion of imprisoned resonance radiation) played an im¬ 
portant role, the effect of which, in Stuart’s experiments, it is 
impossible to calculate accurately, because of the complicated 
geometrical conditions under which the experiments were per¬ 
formed. Furthermore, with the inert gases at high pressure, 
Lorentz broadening altered the width of the absorption line 
relative to the width of the exciting line to such an extent that 
it is doubtful whether the so-called quenching curves obtained 
with the inert gases can be regarded as being due to quenching 
at all. Mannkopff’s experiments on sodium resonance radia¬ 
tion also are difficult to interpret, not only because of re¬ 
absorption of resonance radiation but also because of a reaction 
which appears to take place between normal sodium atoms and 
some foreign gases, notably nitrogen and hydrogen, with the 
result that the sodium vapour pressure, and consequently the 
rate of formation of excited atoms, is reduced, causing a reduc¬ 
tion in the intensity of the emitted resonance radiation that 
is not to be confused with the phenomenon of quenching. 

It is rather important to emphasize that a quenching curve. 
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that is, an experimental curve of Q against foreign gas pres¬ 
sure, by itself, without further details as to line breadths, 
vapour pressure, geometry of apparatus, etc., can give no in¬ 
formation of an absolute nature whatever, and indeed in some 
cases is not convincing evidence that quenching takes place 
at all. To read from a quenching curve the half-value pressure 
(the foreign gas pressure at which (2 = 0-5), and to say that, at 
this pressure, the time between collisions is equal to the life¬ 
time of the excited atoms, may lead to errors of several hundred 
per cent. The most that can be inferred from a series of quench¬ 
ing curves, all taken under the same conditions but with 
different foreign gases, is the relative quenching ability (if it is 
quenching) of the various gases; and, as an approximate method 
of describing the relative effectiveness of various gases, the 
half-value pressure may be used. To obtain accurate informa¬ 
tion of an absolute character about quenching collisions be¬ 
tween excited atoms and foreign gas molecules, methods must 
be developed to enable one to take into account the effect of 
radiation diffusion and of Lorentz broadening, or, better still, 
the experiments should be performed under conditions in 
which these effects are absent. To see how this is done it is 
necessary to consider these two effects at a little greater length. 

7. THEORY OF THE QUENCHING CURVE FROM 
AN IDEAL RESONANCE LAMP 

la. ^Phe Stern-Volmer Formula. Tet us suppose that a 
beam of radiation is incident upon an ideal resonance lamp 
such as that depicted in Fig. 24, and let us assume that the 
following conditions are fulfilled: 

(1) The absorbing gas in the resonance lamp is at such a low 
pressure that only primary resonance radiation is emitted 
which is not further absort)ed on its way out. 

(2) There is a foreign gas f)resent at sueli a low pressure that 
Lorentz broadening of the absorption line is nogligibJy small. 

X.i n represents the number of excited atoms per c.c. in the 
emitting layer of the resonance lamp, t the lifetime of the 
excited atoms, and the number of times per sec. that an 
excited atom gives up its excitation energy upon collision to 
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one c.c. of molecules of foreign gas (number of quenching 
collisions per sec. per c.c. per excited atom), then, in the steady 
state. 


Rate at which excited atoms] _ [Rate at which excited atoms 
are being destroyed J ( are being formed 


or 


n 


+ ZQn = E, 


and 


n = 


E 





where E, under the conditions imposed above, is independent 
of the foreign gas pressure, and remains constant so long as the 
absorbing gas pressure and the intensity of the exciting light 
remain constant. 

The radiation emitted by the resonance lamp is a constant 
fraction (depending on geometry), say of the total energy 
emitted by the n excited atoms, thus 


. 72 / 

Emitted radiation with foreign gas = € hv 

T 

= ehvE -- p/- • 

ISTow, the emitted radiation without foreign gas — ehvE, whence 


Q 


(130). 


This formula was first obtained by Stern and Volmer[92]. 
Since Zq varies linearly with the foreign gas pressure, a quench¬ 
ing curve obtained in an experiment performed under these 
conditions should follow a simple curve of the type 



1 

1 -f const, p ’ 


or, plotting IjQ against p, a straight line should result. It 
would seem, therefore, that the criterion for applying the 
Stern-Volmer formula to an experimental quenching curve 
would be to see whether the experimental values of IjQ vary 
linearly with p. It appears, however, that this is not a very 
sensitive criterion. For example, Stuart’s quenching curve 
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obtained with obeys this formula, whereas the other curves 
do not, and yet the formula is equally inapplicable to all the 
quenching curves. Similarly, bothMannkopfE’sand von Hamos’ 
experimental values [26] for the quenching of sodium resonance 
radiation by Ng obey the formula, although MannkopfiE’s ex¬ 
periments were performed under conditions which definitely 
preclude its use. The fact of the matter is, that almost any 
small portion of a descending curve can be fitted with some 
degree of accuracy to a formula of the Stern-Volmer type. The 
only way to tell whether the use of the formula is justified is to 
test whether the conditions that are assumed in the derivation 
are satisfied or not. For example, in working with sodium 
resonance radiation, it is easy to see whether primary reso¬ 
nance radiation alone is excited, or whether radiation diffusion 
is present, by merely noticing whether resonance radiation is 
coming only from the direct path of the exciting light or from 
the resonance lamp as a whole. In the case of ultra-violet 
resonance radiation, the easiest procedure is to obtain several 
quenching curves with the same foreign gas but at different 
absorbing gas pressures. If the same quenching curve is 
obtained at various low absorbing gas pressures, then the 
region in which the Stern-Volmer formula is applicable has 
been attained. If not, the absorbing gas pressure must be 
reduced until the quenching curve becomes constant. 

The only quenching experiment, involving the excitation of 
noi’mal atoms in a resonance lamp by the resonance line, which 
seems to warrant the use of the Stern-Volmer formula, is that 
of von Hamos on the quenching of sodium resonance radiation 
by Ng. The value of the effective quenching cross-section 
obtained from von Hamos’ experiments is listed in a table at 
the end of § 8. 

lb. Fffegt of Lorbntz Broadening on Quenching. 
Even when the absorbing gas pressure is low, the Stern-Volmer 
formula may be inapplicable. This is the case when the foreign 
gas pressure is high enough to produce Lorentz broadening of the 
absorption line. To understand how this affects the quenching 
curve, let us consider two extreme cases: (1) the exciting line 


M Z 


13 
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is a broad, self-reversed line, such as that emitted by a hot arc; 
and (2) the exciting line is a narrow, unreversed line such as that 
emitted by a resonance lamp. These two cases are depicted in 
Fig. 47. The figures show the relation between the exciting line 




Pig. 47. Lorentz broadening in a resonance lamp. 

(which remains constant) and the absorption line of the gas in 
the resonance lamp as it is broadened by increasing the foreign 
gas pressure. The area on the graph, which the exciting line 
and the absorption line have in common, is an indication of the 
energy absorbed in the resonance lamp, and therefore of the 
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rate at which excited atoms are forming. It is evident from the 
figure illustrating case (1) that, when the exciting line is wide, 
this area increases as the absorption line gets broader. In this 
case, therefore, if the foreign gas does not q^uench at all, the 
quenching curve should rise, and if quenching does take place, 
it would be partly or completely offset by the increased absorp¬ 
tion. In case (2), it is evident that the net effect of Lorentz 
broadening of the absorption line is to cause the emitted 
radiation to decrease whether real quenching is 'present or not. 

The experiments of Kates and von Hamos [26] are in sup¬ 
port of these conclusions. Kates obtained the quenching curve 
of mercury resonance radiation for the foreign gas methane. 
Tor small values of the methane pressure (0 to 10 mm.), the 
curve descended slightly, due to a small amount of true 
quenching. When the methane pressure was increased (10 to 
200 mm.), the quenching curve showed a marked rise. Since 
the exciting fight was obtained from an arc, the conditions 
under which Bates worked were equivalent to case (1). 

Von Hamos studied the emission of sodium resonance radia¬ 
tion under conditions in which the exciting fine could be made 
broad or narrow by runifing the arc hot or cold, and in which 
the absorption line could be either broadened by a foreign gas, 
or shifted with respect to the exciting line by a magnetic field. 
His results confir m in every detail the conclusions stated above, 
and also indicate that the inert gases do not quench sodium 
resonance radiation at all. It seems to be quite certain from 
these considerations that the quenching of mercury resonance 
radiation by the inert gases observed by Stuart, and the 
quenching of sodium resonance radiation by the mixture 
Ne—He observed by Mannkopff, are not true quenching at all— 
but are due entirely to Jborentz broadening. 

In view of the difficulty of interpreting Stuart’s quenching 
curves, experiments were performed by Zemansky under con¬ 
ditions in which Borentz broademng was absent but radiation 
diffusion played the main role. Before these experiments can 
be understood, it is necessary to gi ve a brief account of Milne’s 
theory of radiation diff usion. 


13-2 
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8. HABIATION DIFFUSION AND QUENCHING 


8a. Milner's Theory. Consider a mass of gas, enclosed 
between th.e planes x = 0 and x = l, exposed to isotropic mono¬ 
chromatic radiation at the face x = 0, which is capable of 
raising atoms from the normal state 1 to the excited resonance 
state 2. Suppose at any moment that there are normal atoms 
per c.c. capable of absorbing this radiation and excited 
atoms per c.c. capable of emitting this radiation. Then it has 
been shown by Milne [59], on the basis of Einstein’s radiation 
theory, that at any point is given by 


dx^ 





== 4/b^T 


0^2 

dt 


( 131 ), 


where t is the lifetime of the excited atoms, and Jc is the absorp¬ 
tion coefficient of the gas in cm.~^ {Jc contains n-y) for the radia¬ 
tion in question. This equation holds for all values of and 
provided ^2 which is undoubtedly the case for light in¬ 

tensities employed in the laboratory. Dividing the radiation 
into two parts, in the manner of Schuster [86], Milne showed 
that the net forward flux of radiation at any point is given by 


tt/ 




_ rrcr' U / 

LI 

and the net backward flux by 


dnA 

1 

0 

~dt) 

2k 

dx 


( 


Yin -|- T 


dn. 


)] 


( 132 ), 


'7tI_ 

where 


rra' T 


1 

0 

/ 072/o\~I 


Bt ] 

• + 2* 

dx ^ 

a/)] 


cr == ^ .- 


( 133 ) , 

( 134 ) , 


and and ^2 O'!*© the statistical weights of the normal and the 
excited states respectively. 

The dn^jdt that appears in these expressions represents the 
resultant rate of formation of excited atoms under the influence 
of the three processes: absorption of radiation, spontaneous 
emission and stimulated emission. If there should be any other 
rate of formation of excited atoms, say R, then dnjdt must be 
replaced by dn^ldt — R. It must be emphasized that the above 
t eory is good only for the one-dimensional flow of radiation. 
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stnd that the motions of individual atoms and any radiation 
frequency changes that accompany such motions have not 
Ibeen taken into account. 


86. Use OF Milne’s Theory to study Quenching. In 
order to apply Milne’s theory to the actual conditions of a 
<5Luenching experiment, consider the arrangement depicted in 
IFig. 48. The absorption cell containing the absorbing gas and 
SL foreign gas is an experimental approximation to an infinite 


ac-O JC“£ 



K Radiation 

Ufx-O) 

Fig. 48. Conditions postulated by Milne. 


slab. Incident on the face a: = 0 is the isotropic radiation postu¬ 
lated by Milne and, in addition, a collimated beam of intensity 
jK. The effect of the collimated beam is to provide a further 
rate of formation of excited atoms equal to 


^ K 


-kx 


3By virtue of Einstein’s relation, 

D _ ^2 1 1 

Ox'2hi^'T cr'r’ 

we can write 

It ate of formation of excited atomsi __ 

due to collimated beam J iTxa'r ‘ 


(135). 
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Tlie effect of tlie presence of the foreign gas is to provide a 
further rate of destruction of excited atoms eq[ual to 

Rate of destruction of excited atoms ] 

due to quenching collisions j = .(136), 

where Zq depends on the foreign gas pressure according to 
Eq. (91). It must be emphasized that all collision processes 
between an excited atom and a foreign gas molecule, at the con¬ 
clusion of which the excited atom is no longer in exactly the 
same state, are included in the symbol Zq . Zq may therefore 
include a number of different quenching collisions, of which 
one may involve a lowering of the excited atom from the 
resonance (radiating) state to a neighbouring metastable leveL 
If such a process takes place, the assumption is made that the 
metastable atom is not raised again to the resonance state. 
This hmits the applicability of the theory to experiments which 
are performed at ve/ry low foreign gas pressures, where the 

number of collisions capable of raising atoms to the resonance 
state is neghgible. 

Replacing now the dnjdt of Eqs. (131), (132) and (133) by 


^^2 rv 

-0^ + -Za - 


^7ra' T 


Q—kx 


and putting the new dn^jdt equal to zero, in order to represent 
the stationary state, Eq. (131) becomes 


dx^ 


4:h^ 


tZ 


^ .( 137 ), 


and Eqs. (132) and (133) become 


ttI 

ttI 
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(1 + 
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2k dx 
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2k dx 


3K 
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-kx 


-kx 


.(138), 

.(139). 


If now we do away entirely with the isotropic radiation, and 

eep only the collimated beam, we have the boundary con¬ 
ditions that 


when x = 0, 
when x = l. 


I_ = 0. 





INVOLVING EXCITED ATOMS 


199 


The details of the solution of Eqs. (137), (138) and (139), sub¬ 
ject to the boundary conditions above, are given in a paper by 
Zemansky [iiS], where it is shown that the scattered radiation 
emerging from unit area of the face x = l is given by 

7Tlj^{x = l) = KG{Jd,TZQ) .(140), 

where G {kl, 'tZq) 

1 

.(141). 


6 a/ tZq (1 + 'tZq ) 4- sinh 2kl 


sinh {21cl / ^ 2 sinh” 

\ V l+T-Zn 


1 +tZq 







It is clear that the function G depends only on the two quan¬ 
tities kl (called, in astrophysics, the “opacity”), and tZq, the 
number of quenching collisions per lifetime. In a table in the 
Appendix, values of G are given for many values of Id and tZq , 
and the function G is plotted in Fig. 49. It can be seen from the 
figure and can also be shown from Eq. (141) that, as 

1 id 
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whence the quenching Q approaches 


which is the Stern-Volmer formula of Elq. (130). 

Since the above calculation concerns an infinitesimally 
narrow range of frequencies which are not altered upon re¬ 
peated absorptions and re-emissions, it is necessary to develop 
methods for handling the actual situation in which the exciting 
light is a fairly broad spectral line, and in which the absorbing 
gas has an absorption line with a Doppler distribution. It if be 
assumed that each narrow frequency band dv, present in the 
exciting light, diffuses without change of frequency according 
to Eq. (140) with the appropriate then a knowledge of the 
frequency distribution of both the exciting and the absorption 
lines will enable one to integrate graphically to obtain the 
resultant emerging radiation. This procedure was adopted by 
. “I. with some success, but has the disadvantage that it 
K tedious, and that the error introduced by assuming that each 
frequency band difeuses as a unit without change of frequency 
is difficult to estimate. It is far simpler and probably more 
accurate to assume that the effect of the broad exciting line 
and the various frequency changes that take place as the 
radiation diffuses is the same as that which would be produced by 
an tnfimtesimal frequency band for which the absorbing gas has 
an equivalent absorption coefficient". In other words, we can 
describe the whole diffusion process by attributing to the 
diffusing radiation an equivalent opacity, say B, which when 
substituted for U, in Eq. (140) will enaWe us to calculate Se 
uitensity of the emerging radiation. Thesuccess of this method, 
of course, depends entirely upon the degree of accuracy with 
w 1 C t e equivalent opacity can be calculated. Samson [ 84 ] 
as method of calculating an equivalent opacity which 

IS rehable at low absorbing gas pressures at which most ex- 
periments are performed. 

= Ofaoitv at Low Pbessukb. Samson 

sumed tha,t the scattered or diffused radiation had a fre¬ 
quency distribution determined only by the Doppler effect and 
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independent of the breadth of the exciting line. He defined an 
equivalent absorption coefficient as that value of kl, say kl, 
which a gas would have to possess for an infinitesimal frequency 
band in order that this infinitesimal band would be trans¬ 
mitted to the same extent that the actual Doppler radiation 
is transmitted. It has already been shown in Chap, iii, 
that the transmission of a Doppler line is given by [see Eq. (61)] 
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where, for a simple line [see Eq. (35)], 

7. __ V^2 Tvr 

Avp V TT ' Srrrg^' 

The transmission, however, of an infinitesimal frequency band 
for which the gas has an opacity JcL is whence kl can be 
calculated from the formula 
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e ~^~ day 


(142), 


once k^l is known. There will be found in the Appendix a table 
of values of Samson’s kl for a number of values of kj,. 


Sd . Derivation of a Theoretical Quenching Curve. 
Once the equivalent opacity has been calculated, the scattered 
radiation emerging from the face x = l can be obtained for a 
number of values of tZq from the curves of Eig. 49. Dividing 
by the result when tZq = 0, the quenching Q is obtained as a 
function of tZq. A number of such theoretical quenching 
curves are shown in Fig. 50 along with the Stern-Volmer curve, 
which is valid only when 7cl is vanishingly small. From the 
correct theoretical quenching curve the value of tZq may be 
read ofi corresponding to any experimentally observed value 
of Q, and therefore, an exi>erimental quenching curve of Q 
against foreign gas pressure can be converted into a curve of 
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tZq against foreign gas pressure which, by virtue of the gas- 
kinetic expression for , should be a straight line whose slope 
contains the quenching cross-section. 

8e. Experimektai:. Determinations op Quenching 
Cross-Sections. Zemansky[ii5] and Bates [6,7] used the 
apparatus depicted in Fig. 51. Besonance radiation from a 
mercury resonance lamp It was passed through a thin quartz 
absorption cell containing mercury vapour and a foreign gas 



Fig. 50. Theoretical quenching curves for various equivalent opacities. 


at some known pressure. The difference between the readings 
of the photoelectric cell, P, in positions (1) and (2) gave the 
intensity of the scattered radiation, since, in position (1) the 
photoelectric cell received only the transmitted collimated 
beam, whereas in position (2) both the transmitted collimated 
beam and the scattered radiation were received. The incident 
radiation was measured often (through the cellophane window 
C, which cut it down to an easily measurable value), in order 
to take account of any variation in intensity of the radiation 
from It. The ratio of the intensity of the scattered radiation 
with a foreign gas to that without a foreign gas gave the 
quenching Q, which was measured for many foreign gases. 
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In Zemansky’s experiments, the mercury vapour pressure 
in the absorption cell corresponded to a temperature of 20-0° C. 
throughout. Assuming the mercury resonance line to consist of 
five equal hyperfine-structure components, and taking r to be 
1-08 X 10“'^ sec., JcqI is found to be, from Eq. (35), 

7^0?= 1*31 X 10-i» AZ. 

At 20° C., A = 4-19 X 10^^, and I was 0-792 cm., whence IcqI was 
found to be 4*35. Substituting this value of k^l in Samson’s 



Fig. 51. Queiicliirig apparatus satisfying tlic provisions of Milne’s theory. 

formula, Eq. (142), kl was calculated to be 2-24. Erom the 
curves in Eig. 49, the theoretical quenching curve appropriate 
to these experiments was plotted. Erom the theoretical 
quenching curve, and experimental measurements of Q at 
various foreign gas pressures with several foreign gases, curves 
of tZq against p were obtained, and, from the slopes of these 
lines and the gas-kinetic expression for Zq , the value of ctq^ 
appropriate to each foreign gas was finally obtained. All such 
values are given in Table XXIV along with values obtained 
by Bates. All the foreign gases were studied within a pressure 
range in which Borentz broadening was entirely negligible. In 
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this pressure range no appreciable quenching was observed for 
helium or for argon, proving that Stuart’s quenching curves 
for these gases are due entirely to Lorentz broadening. 

Table XXIV 


Foreign gas 
molecule 

cm.2 X 10^® 

Foreign gas 
molecule 

cm.2 X 10i« 

CH 4 

00852 

O 2 

19*9 

HaO 

1*43 

Hs 

8*60 

NH 3 

4*20 

COa 

3*54 

NO 

35*3 

CaHe 

5*94 

1 

CO 

5*82 

• C3H8 

2*32 

Na 

0*274 

C4H10 

5-88 




59*9 



Other 

Very 



hydro¬ 

large 


1 

1 

carbons 



9. COLLISIONS OF EXCITED ATOMS PRODUCED 
BY OPTICAL DISSOCIATION 

It is clear from the preceding sections that the interpretation 
of quenching experiments, performed under conditions in 
which the excited atoms are produced by the absorption of 
resonance radiation, is rendered complicated by the presence 
of such phenomena as radiation imprisonment and Lorentz 
broadening, which preclude the possibility of using the simple 
Stern-Volmer formula. It has been seen how these complica¬ 
tions can be avoided or how, when radiation imprisonment is 
present, it may be taken into account by Milne’s theory. Since, 
however, this last method is very tedious, it is therefore for¬ 
tunate that another method is at hand which is not only sim¬ 
pler from an experimental and a theoretical point of view, but 
is also more powerful as a tool for studying quenching. 

9 a. The Optical Dissociation of Nal. This method de¬ 
pends upon a very important process first observed by 
Terenin[953, namely, the dissociation of the Nal molecule into 
an excited sodium atom and a normal iodine atom by light of 
wave-length 2430 or less. The process may be represented by 
the equation: 

Nal 4-Tiv (A =1900 to 2430) = Na (S^P)+1. 
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Since the dissociation potential of Nal into an excited sodium 
atom and a normal iodine atom is 5*078 volts, corresponding 
to A= 2430 A., it is clear that, when the dissociation is accom¬ 
plished by means of light of wave-length shorter than 2430, 
the excess energy is transformed into relative kinetic energy 
of the resulting atoms, as was shown by Hogness and Franck [29]. 
The excited atoms formed by the dissociation emit the D lines, 
whose intensity in the presence of a foreign gas is diminished, 
enabling one to measure the quenching under particularly 
advantageous conditions, namely, (1) at any moment the con¬ 
centration of normal sodium atoms is very small, hence very 
little of the D light is absorbed by sodium atoms on its way out 
of the vessel, and the Stern-Volmer formula can be used with 
confidence; (2) the velocity of the excited sodium atom can be 
varied at will by performing the dissociation of Nal with 
various wave-lengths, and therefore the dependence of the 
effective quenching cross-section on the velocity can be 
studied; (3) foreign gases may be used which react chemically 
with normal sodium atoms. 

95. Experimental Results. Three different molecules 
have been used for the production of excited atoms. Winans [107], 
Terenin and Prileshajewa [9(>1, and Kisilbasch, Kondratjew and 
Leipunsky [36] used Nal, and Winans, in another experiment, 
used NaBr to produce excited sodium atoms, and Prilesha¬ 
jewa [79, 80 ] used TII to produce excited thallixim atoms. The 
apparatus in all cases was substantially the same, so that a 
description of Terenin and Prileshajewa’s procedure with Nal 
will suffice. Solid Nal was warmed to about 550° C. in a quartz 
vessel until the vapour pressure was about 0*015 mm. Exciting 
light from a spark was focused on a warmer part of the vessel 
and the D radiation, emitted perpendicular to the exciting 
light, was measured as a function of the foreign gas pressure. 
A visual photometric method was used in all cases, a second 
vessel containing Nal without a foreign gas being used as a 
comparison standard by Winans, and another source of yellow 
light being employed for this purpose by Terenin and Prile¬ 
shajewa. Winans used three different exciting wave-lengths. 
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whereas Terenin and Prileshajewa used eight different wave¬ 
lengths. Corrections were made by Terenin and Prileshajewa 
for the absorption of both the exciting light and the emitted D 
light by the foreign gas. 

In Pig. 52 are shown some typical quenching curves in 
which the exciting source was a cadmium spark and the dis¬ 
sociated molecule was ISTal. The fact that these curves obey 
the Stern-Volmer formula is indicated in Pig. 53, where 1/Q is 
plotted against foreign gas pressure and a straight line is 



obtained. The effect of the wave-length of the exciting source 
upon the quenching is shown in Pig. 54, where the quenching 
of I 2 is shown for three different exciting sources. 

9c. Evaluation op Eppeotive Cross-Sections. It has 
already been mentioned that, if the dissociation of the JSTal 
molecule is accomplished by means of light of wave-length less 
than 2430, the excess energy is transformed into relative kinetic 
energy of the resulting atoms. In calculating the collision rate 
of excited atoms it is incorrect, therefore, to attribute to them 
the usual kinetic energy of thermal motion. It was shown by 
Terenin and Prileshajewa that, in comparison to the speed of 
the excited sodium atom after dissociation, the molecules of 
Nal could be regarded, with negligible error, to be stationary. 





*'54. -Depenclence. of quenching on v'clocity of excited JSTa atoxn. 
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in which case the number of quenching collisions per excited 
sodium atom per sec. per c.c. is given by 




(143), 


where is the number of foreign gas molecules per c.c. and v-^ 
is the velocity with which the excited sodium atom escapes 
from the Nal molecule upon dissociation. Since the velocity 
of escape is uniformly distributed as regards direction in space, 
as was shown by Mitchell [62], it follows from elementary 
mechanics that 


mg 2w 

+ ^2 


.(144), 


where and are the masses of the sodium atom and iodine 
atom respectively, and w is the excess energy of the dissociating 
quantum. Using the Stern-Volmer formula: 


^ 1+ T Zq " 

with T= 1*6 X 10~® sec., and denoting the foreign gas pressure 
in mm. by p, we get finally 


, l-83xl0-»/l 

0-2 =-h-i-l .(145). 

In Tables XXV and XXVI are given values of for various 
exciting sources for both the Nal and NaBr molecules, cal¬ 
culated with the aid of Eq. (144). 


Table XXV 

Toe, the Nal molecule (wave-length limit 2430) 


Exciting 

source 

Mean 

wave-length 

Velocity Uj in 
cm./sec. X 10“® 

Pe 

2400 

0-7 

T1 

2380 

0-7 

Sb 

2311 

1-3 

Ni 

2300 

1-4 

Cd 

2232 

1-7 

Zn 

2082 

2-4 

Mg 

2026 

2-6 

A1 

1990 

2-8 
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Table XXVI 

Toe, the NaBr molecule (wave-lbhgth limit 2144) 


Exciting 

Mean 

Velocity in 

source 

wave-length 

cm./sec. X 10~® 

Cd 

2232 

0-4 

Zn 

2082 

1-2 

A1 

1990 

1-8 


In Table XXVII, the quenching cross-sections, calculated 
with the aid of Eq. (145), are listed along with the values ob¬ 
tained by Mannkopff and von Hamos. Comparing MannkopfE’s 

Table XXVII 


Optically 

dis¬ 

sociated 

molecule 

Foreign 

gas 

Excitation 

Velocity of 
excited Na 
atom in 
om./aec. x lO"** 

o 

cm.2 X 10i» 

Author 



Resonance 

~0-7 

17 

(corrected 
about 8) 

Mannkopff 

Nal 

99 

Cd 

1-7 

6-4 

Winans 

79 

99 

Zn 

2-4 

5-7 

99 

— 

Na 

Resonance 

~0-7 

61 

Mannkopff 

-- 

99 

99 

r^O-7 

29 

von Hamos 

Nal 

99 

Zn 

2-4 

6-08 

Kisilbasch, Kon- 
dratjew and Lei- 
punsky 

79 

99 

A1 

2-8 

10-6 

99 

9 9 

99 

Al 

2-8 

9-6 

Winans 

99 

CO 

Zn 

2*4 

404 

Kisilbasch, Kon- 
dratjew and Lei- 
punsky 

9 9 

COa 

Cd 

1-7 

16-9 

Winans 

99 

I 

Fe 

0-7 

38-2 

Terenin and Prile- 
shajewa 

99 

99 

Ni 

1-4 

60-5 

99 

99 

99 

Zn 

2-4 

41 '4 

99 

99 

2 

Fe 

()-7 

239 

99 

99 

99 

:ri 

0-7 

191 

99 

99 

99 

Sb 

1-3 

127 

99 

99 

99 

Ni 

1-4 

153 

99 

99 

; 9 9 

Cd 

1-7 

89-2 

99 

99 

99 

Zn 

2-4 

38-2 

99 

99 

99 

Mg 

2() 

47-8 

99 

99 

99 

Al 

2-8 

54-1 

99 

NaBr 

lira 

Cd 

0-4 

36(5 

Winans 

99 

99 

Zn 

1-2 

J 24 

99 

99 

99 

Al 

1*8 

102 

99 


M Z 


14 
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value of for nitrogen with that of von Hamos (which was 
obtained under more advantageous experimental conditions), 
it is seen to be approximately twice as large. Assuming then 
that Mannkopff’s value for Hg is also about twice as large as the 
correct value, we can estimate a corrected value for II 2 • This 
is given in brackets. The dependence of ctq^ on the velocity of 

(T^XlO'^ 



the excited sodium atom is shown graphically in Figs. 55 
and 66. 

In the experiments of Prileshajewa with excited thallium 
atoms, the TII molecule was dissociated by light of wave¬ 
length less than 2100 into a thallium atom in the 7 state 
and a normal iodine atom, according to the equation 

hv [A < 2100] 4 - Til = T1 (7 2 S 1 / 2 ) H-1. 

A thallium atom in the 7 state may return spontaneously 
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either to the normal state, emitting the line 3776, or to 

the metastable state emitting the green line 5350. The 

reduction in intensity of either of these lines, as the pressure 
of the foreign gas is increased, may be used to measure the 
quenching of the 7 ^ 81/2 state. Prileshajewa measured the 



quenching of the green line hyr three exciting wave-lengths and 
with three foreign gases: L^, 1 and Til. 

The deri vation of the quenching formula apf)ropriate to this 
case is acc!omj)lishcd l)y appeal to Fig. 57, showing the various 
processes that take place. Calling the rate of formation of 
7 atoms E, and denoting the Einstein A coefficients of the 
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lines 3776 and 5350 by and A 2 respectively, the number of 

excited atoms per c.c., is given by 

= A2^71 -f- A2^1/ "f" Aq 7h. 

The observed intensity of the green line is proportional to 



Volts 

Fig. 57. Energy level diagram of T1 atom showing emission of 3776 
and 5350 and impacts of the second kind. 


Without foreign gas 


A2n = 


A2 + A2" 


whence the ‘"quenching”, Q, is 

J.1 + ^2 


Q = 


Q = 


A-l Aa -\- Z( 


^1 + ^2 

It is shown at the end of Chap, iii (§76) that 

J.i + J.2=7-2 X 10^ 


,(146). 


and therefore and finally can be obtained from experi¬ 
mental measurements of Q. 
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The final results are shown in Table XXVIII. With Ig and I 
as foreign gases, the dependence of (Tq^ on velocity is the same 
as that found by Terenin and Prileshajewa with excited 
sodium atoms; i.e. with Ig, decreases with increasing 
velocity, and with I there is substantially no change. The 
results, however, with Til indicate j ust the reverse, namely an 
increase of with increasing velocity. 


Table XXVIII 


Optically 

dissociated 

molecule 

Foreign gas 

Velocity of 
excited T1 
atom in 
cm./sec. X 10~® 

a,/ X 10i« 

Til 

L 

0-30 

98 

yy 

99 

0-36 

93 

99 

99 

0-40 

09 

99 

1 

0-35 

45 

99 

99 

0-36 

37 

99 

9 9 

0-40 

27 

99 

9 9 

()-4G 

40 

99 

Til 

0-33 

29 

99 


()-38 

03 

9 9 

99 

0-44 

80 


10. OTHER COLLISION PROCESSES 

Collisions of the second kind involving sensitized fluorescence 
and chemical reactions have already been described in Chap, ii, 
along with their interpretation in the light of quantum- 
mechanical principles. We are concerned in this chapter with 
only those experiments which yield a quantitative estimate 
of effective cross-sections associated with collisions of the 
second kind. Besides pressure-broadening collisions and 
quenching collisions there are three other types of collisions 
from experiments on which quantitative data may be obtained. 

10a. (■OLLISIONS INVOLVING THE SODITJM TRANSITION 

^ ^ first observed hy Woodl ioo, iio] that, 
upon excitation of sodium vapour at low pressure by one of the 
D lines, only that line appeared as resonance radiation; where¬ 
as, upon introducing a foreign gas, or by raising the sodium 
vapour pressure, both D lines appeared. It is clear that the 
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appearance of, say, the line, when sodium vapour mixed 
with argon is excited by D 2 j must be due to a collision which 
lowers a sodium atom from the state to the 3 ^Pi /2 state, 

that is, a collision of the type 

Na (3 ^Pg/a) + ^ = Na (3^Pi/g) + A . 

Similarly, by exciting with the line, in the presence of argon, 
the collision 

Na (3 2 P,/ 2 ) + ^ = Na (3 2 P 3 / 2 ) + A 

takes place. 

Ijochte-IIoltgreven[49] repeated Wood’s experiment under 
better conditions, and measured the ratio of the intensities of 
the two D lines emitted by sodium vapour upon excitation 
first with Dg then with using four different foreign 
gases: argon, a mixture of neon and helium, nitrogen and 
hydrogen. Lochte-Holtgreven expected that, as the foreign 
gas pressure was increased, the ratio D^/Pg should approach 
1/2 upon excitation with Dg, and the ratio should 

approach 2 upon excitation with . These expectations were 
confirmed within the limits of experimental error in the case 
of the inert gases. In the case of nitrogen and of hydrogen, the 
results were influenced by quenching. The resonance lamp was 
so constructed that a layer of unexcited sodium atoms lay 
between the emitting layer and the exit window, which, by 
absorbing the two P lines unequally, was partly responsible 
for the failure of the experimental ratios to reach completely 
their theoretical values. Control experiments showed the 
effect of this absorbing layer as well as the effect of diffused 
resonance radiation. In Pig- 58, the ratio of the intensity of 
the Pj^ line to that of the Pg line is plotted against the argon 
pressure, when the exciting light was Pg, and when the 
absorption within the resonance lamp was reduced to a 
minimum. It is seen that the ratio approaches the theoretical 
value 1/2 at high argon pressures. Prom the initial portion of 
the curve it is possible to estimate the effective cross-section 
associated with the process 3 ^Pgyg-> 3 ^P^/g caused by collisions 
with argon. The value of for this process is very roughly 
40 X 10“^®, whereas for the process 3 ^P^/g-> 3 ^Pg/g it is roughly 
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18xl0~^®. In the case of a neon-helium mixture, the two 
values of are also approximately in the ratio of 2 to 1. 

106. Collisions connected with Photo-ionization. It 
was first shown hy Mohler, Foote and ChenaultC64] that an 
ionization current was established in caesium vapour when it 
was illuminated by various lines in the principal series of the 
caesium spectrum. Similar results were obtained by Lawrence 



Argon pressure in inni. 

Fig. 58. ElTeei of argon in causing the emission of Dj when sodiimi 

vapour is illuininated wdth Dg. 

and Edlefeen[i5j with rubidium vapour illuminated by rubi¬ 
dium lines. It was at first assumed that an excited atom, 
formed by line absorption, received sufficient energy during a 
collision with a normal atom to ionize it. Thus: 

Cs {7ii ‘^I*) -h t's = C8+ -4- Cs H- e, 

where the Os atom is produced by the absorjjtion of the 

caesium line Although this collision process is 

reasonable in the case of an atom excited to a state within a 
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few hTindredths of a volt of ionization (such as 15 or higher), 
it is improbable when m = 8 or 9, since the number of collisions 
involving the requisite amount of energy is too small to account 
for the observed photo-ionization. The explanation therefore 
was advanced by Pranck and Jordan that a collision between 
an excited atom and a normal atom resulted in the formation 
of a molecular ion and an electron. This explanation was borne 
out by further investigations of photo-ionization in caesium 
vapour by Mohler and Boeckner[66]. According to this point 
of view, the photo-ionization process consists of two parts, the 
collision process 

Cs (m^P) + Cs = (Cs Cs)', 

where the dash indicates a high electronic level of the molecule, 
and then the spontaneous process 

(Cs Cs)' = (Cs Cs)+-h e. 

The first of these processes would be expected to depend on the 
pressure and the second to be independent of the pressure. On 
the basis of photo-ionization experiments in caesium vapour, 
Mohler and Boeckner were able to calculate roughly the pro¬ 
duct of the lifetime of a caesium atom, r, and the effective 
cross-section, associated with the collision in which an 
excited molecule is formed. The probability of ionization of an 
excited molecule, , was found to be independent of pressure. 


Table XXIX 


m 

6 ^Sj/a—m “P 

Ec 

X 101“ 

8 

3888 

0-003 

0-22 

9 

3612 

0-154 

1-0 

10 

3477 

0-26 

1-1 

11 

3398 

0-40 

1-1 

12 

3347 

0-50 

1-0 

13, 14 

3300 

0-77 

1-2 

16, 17 

3250 

0-89 

3-3 

20 

3226 

0-93 

16 

29 

3200 

1-00 

48 


The values of vo-^ and are given for nine different wave- 
lengths in Table XXIIXI. Since the various t’s are not known, 
the absolute values of the effective cross-sections cannot be 
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calculated. A rough estimate of x, however, seems to indicate 
that a is large compared with usual atomic dimensions. 

In the presence of a foreign gas the photo-ionization was 
found to be diminished. This was explained by Mohler and 
Boeckner[67] on the basis of collisions of the type 

Cs (m^P) -f- Cs (w^P) + F, 

where jP is a foreign gas molecule and 72 , ^P is a lower excited 
state. From measurements of the diminution of photo- 
ionization by foreign gases, it was possible to estimate the 
effective cross-section associated with the above collision, and 
it was found in the case of argon, helium, nitrogen and hydro¬ 
gen to be very nearly the gas-kinetic value. 

10c. Collisions involving the Enhancement of Spark 
Lines. The statement was made in Chap, i, in connection 
with sources for exciting resonance radiation, that an inert gas, 
in which an electric discharge is maintained, is very effective 
in exciting the atoms of an admixed vapour. This phenomenon 
was described at greater length in Chap, ii under the heading 
""^Sensitized Fluorescence'’. The collision process in question 
is an example of a collision of the second kind between an 
excited inert gas atom and a normal atom, in which the normal 
atom is raised to a level from which it can radiate. Upon com¬ 
paring the spectral lines emitted by the admixed vapour with 
the normal arc spectrum of the vapour, a qualitative estimate 
of the effectiveness of the sensitizing collisions is obtained. 
Recently, a series of experiments have been performed by 
Duffendack and Thomson [ic] which can be interpreted quanti¬ 
tatively and which yield relative values of effective cross- 
sections. In these experiments, the relative intensities of certain 
spark lines of silver, gold, aluminium and copper, emitted by 
reason of impacts with helium and neon ions, was measured 
and compared witii the relative intensities of the same lines 
emitted by a condensed spark. The ratio of the intensities of a 
group of lines originating from the same upper level under 
.these two conditions was called the '"enhancement”, and was 
used as a measure of the effectiveness of the sensitizing colli¬ 
sion. A typical collision of this type is as follows: 

Ne+ 4- Cu = Ne 4- Cu+ (»Di), 
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and Table XXX explains how the enhancement for this 
collision was calculated. 


Table XXX 


Copper 

line 

Initial 

level 

Normal 

intensity 

Intensity 
in neon 

Enhance¬ 

ment 

2485-95 


4-3 

57 

13-2 

2590-68 


2-1 

32 

15-2 

2703-34 

?? 

3-8 

57 

15-0 

2721-84 

S? 

1-9 

27 

i 

14-7 

(Aver.) 14-6 


In Tables XXXI and XXXII are given a number of results 
which will be discussed from the standpoint of quantum theory 
in the next section. 


Table XXXI 

COPPEB ION LEVELS EXOITEU BY NEON IONS 


Copper ion level 
Cu^-(^^Ss) 

Relative enhance¬ 
ment by neon ions 

Energy discrepancy 
in volts 


1-0 

0-40 

®1>2 

2-7 

0-36 

3D, 

14-6 

0-16 


9-7 

0-12 


Table XXXII 

Aluminium ion levels excited by neon ions 


Aluminium 
ion level 

Relative enhance¬ 
ment by neon ions 

Energy discrepancy 
in volts 

51 P 

12-2 

0-022 

53p 

>30 

0-003 

4 IF 

1-0 

0-27 

43F 

2-6 

0-28 


11. THEORETICAL INTERPRETATION OP 
QUENCHING COLLISIONS 

11a. General Principles. Collision processes involving 
an interchange of excitation energy between the two colliding 
particles have been of considerable interest to theoretical 
physicists, since the publication in 1929 of an important paper 
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on the subject by Kallmann and London [32]. Later papers by 
Morse and Stueckelberg [69], Rice [82,83], Zener [ii7], London [50], 
Landau [43, 44], Morse [7o], and Stueckelberg [94], have all con¬ 
tained applications of various methods of the quantum 
mechanics to collisions of this type, with varying degrees of 
success, depending upon the validity of the assumptions that 
were made. A brief survey of the various collision processes 
that have been dealt with in the preceding sections and in 
Chap. II will show such a wide range in regard to type, nature 
of interaction between colliding partners, amount of energy 
transferred, etc., that it is not surprising that the whole range 
has not been embraced completely by one theory. Certain 
general principles, however, stand out as being fundamental 
in all these treatments, and will be found to be adequate to 
interpret some of the existing experimental results. From a 
quantum-mechanical standpoint, a collision of the second kind 
is a special case of the general problem of the molecule. A colli¬ 
sion is regarded as the temporary formation of a qiiasi-mole- 
oule, and the Franck-Condon curves of this molecule, repre¬ 
senting conditions before and after collision, play the main role 
in the theoretical calculation. In general, the eflective cross- 
section associated with a particular collision process depends 
upon (1) the relative kinetic energy l)efore im|)act, (2) the law 
of interaction l)etween the two systems, and (3) the difference 
between the relative kinetic energies before and after impact. 

The dependence of elTective ci'oss-secd/ion upon rela,tive 
kinetic energy before impact is shown in Ifigs. 55 and 5b, and 
in Table XXV111, in connection with excited sodium and 
excited thallium atoms. It is seen that the elTective cross- 
section at first decreases, and then seems to increase as tlie 
velocity of the excited atom increases, '^^riiese curves are the 
analogue of the Karnsauer curves for electrons. According to 
Morse [ 701 , the dec;rcasing part of these ciuwes is in agreement 
with theory, but tlie theory does not |)i'edict rise in effective 
cross-section at higli velocities. Instead, it is consistent with 
the theory that, at low velocities, should attain a ma ximum , 
and at still lower velocities, detvrease. Tins elTeet ha,s not yet 
been observed. Both the tlieory and the experimental results 
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are in too undeveloped a state to warrant any further dis¬ 
cussion. 

It has already been mentioned in Chap, ii that the conditions 
favouring a collision of the second kind are (1) the difference 
in the relative kinetic energies before and after impact (which 
must equal the difference between the energy that one system 
has to give up and the energy that the other system can take, 
and which is therefore termed by Duffendack the ‘‘energy 
discrepancy”) should be as small as possible, and (2) the total 
spin angular momentum of both systems should be conserved 
(known as Wigner’s rule). The experiments of Cario, iBeutler, 
and many others, discussed in Chap, ii, illustrate how colli¬ 
sions giving rise to sensitized fluorescence satisfy these prin¬ 
ciples. The method of sensitized fluorescence is particularly 
well adapted to the study of these points, because it allows 
only the energy discrepancy to be varied, while the other 
factors remain fairly constant. The energy discrepancy can 
be accurately calculated in such experiments, because the 
colliding systems are atoms whose energy levels are completely 
known. In collisions involving sensitized fluorescence, how¬ 
ever, it is difficult to estimate effective cross-sections. The 
results given in Chap, ii, therefore, had to be discussed in a 
qualitative manner. 

116. Enhancement oe Copper and Aluminiitm Ionic 
Levels. The experiments of Duffendack and Thomson on the 
enhancement of copper and aluminium spark lines by neon 
ions, described in § 10c, allow a more quantitative inter¬ 
pretation than the experiments on sensitized fluorescence in 
Chap. II. The “enhancement”, as defined by Duffendack and 
Thomson, can be regarded as roughly proportional to the 
effective cross-section associated with the collision pi'ocess 

Ne+-h Cu = (Cu+)' -h Ne. 

In the third column of Tables XXXI and XXXII are given 
the values of the energy discrepancy corresponding to each 
ionic level that was excited. The relation between enhance¬ 
ment and energy discrepancy is shown graphically in Fig. 59. 

It is clear from the figure that the triplet levels of both copper 
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cHid alxiixiiiiiinii a/F© ©xcitiGd mor© stroDgly tliaii t)li© conGspoDd- 
ing singl©t levels. Taking all the triplet levels together, it is 
seen that the enhancement increases as the energy discrepancy 
decreases. The same is true foi* all the singlet levels. These two 
results are in accord with all previous work on sensitized 
fluorescence. The preference of the triplet levels over singlet 
levels with smaller energy discrepancy is, however, not in 
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accord with VVigner’s rule concerning conservation oF spin 
angular ni()nicntiiin. It is dilTicailt to say whether this con¬ 
stitutes a serious objection to Wigner’s rule or not. 


llr. MNERav 1 nticrohange with Moi.Fciiiaos. It has 
l)eon mentioned tha.t, in ex|)erirnentHon sensitizetl 11 uorescenco, 
although tlie energy dis(a;ej)a.n(\y (;a,n he determined un¬ 
ambiguously, thcb absolute value of the elTective cross-section 
cannot. J ust the o|>|)osite is true of c.xporiments on the quench- 
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ing of resonance radiation. Although the effective cross- 
sections associated with the quenching of mercury, sodium 
and thallium resonance radiation can be regarded as known 
with a fair degree of accuracy, it is not. always possible to 
decide precisely what transition the excited atom or the 
foreign gas molecule performs. One reason for this lies in our 
ignorance of the energy levels of some molecules. The vibra¬ 
tional levels of the higher electronic states of the Nal, Til and 


Table XXXIII 


Atom 

Transition 

Energy 
in volts 

Transition 

Energy 
in volts 

Hg 

63Pi->63Po 

0-218 

63Pi-^6iSo 

4-862 

Na 

— 

— 


2-094 

T1 


2-306 

7 “1*1/2 

3-267 

Cd 

5®Pi-^53Po 

0-0669 

53Pi-^5iSo 

3-783 

I 


0-758 

^P3/,->^P3/3 

6-741 

Br 


0-455 


7-82 


Table XXXIV 


Molecule 

Energy of dissociation 
into normal atoms 
in volts 

Molecule 

Energy of dissociation 
into normal atoms 
in volts 

Ha 

4-44 

NaH 

2-25 

Oa 

5-09 

CdH 

0-67 

HgO 

5-05 

HgH 

0-369 


(H20=0H+H) 

Nal 

2-98 

k 

1-54 

Til 

2-61 

Bra 

1-96 

NaBr 

3-66 


NaBr molecules, for example, are unknown. There are some 
cases where two or three different processes seem to be equally 
suited to explain quenching. In these cases, there is always 
the possibihty that all the processes occur, and that the 
measured effective cross-section is only an average value. In 
order to calculate the energy discrepancy in quenching colli¬ 
sions by molecules, it is necessary to know the energy that the 
excited atom can give up, and, in some cases, the energy 
necessary to dissociate the molecule. These quantities are 
given for convenient reference in Tables XXXIII and XXXIV. 

It is also necessary to know the energies of those vibrational 
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levels of a molecule which lie nearest to some given value. 
These will be found throughout the next four tables. Knowing 
the heat of dissociation and the energies of various vibrational 
levels of the hydrogen molecule, Kaplan [33] was able to explain 
the experiments of BonhoeJfferCO] and Mohler[65] on the ex¬ 
citation of spectral lines by recombining hydrogen atoms. 
These experiments indicate that, when two hydrogen atoms 
combine to form Hg in the presence of various metals, certain 
spectral lines of these metals are excited. In most cases it 
was possible to connect the intensity of a spectral line with the 
difference between the heat of recombination and the energy 
of a vibrational level. This difference was the energy effective 
in exciting the line. This energy minus the excitation energy of 
the line then constituted the energy discrepancy. In agreement 
with the ideas of quantum mechanics, the smaller the energy 
discrepancy was, the larger was found the intensity of the line. 


11 d. Collisions with Excited Mero ijry Atoms. The inter¬ 
pretation of exj)eriments on tlie quenching of mercury reso¬ 
nance radiation may be best discussed in connection with 
Table XXXV, in wliich the various possil)le quenching pro¬ 
cesses are listed, 'the bciiaviour of CH.i, CO and Ng seems to 
indicate that tlie mercury atom is lowered to the (rtPQ state in 
causing the tra.nsition of the molecule frotn the zero vibra¬ 
tional state to tlie first vilirational state of tlie normal elec¬ 
tronic level. None of the molecules has a,n elecitr'onic level near 


4*80 volts, and, althongli a high vibra-tional level may lie nea.r 
this value, a transition to such a high level does not seem 
probalile. In the ease of (juencliing by liydrogen, on the 
other hand, it a-ppears that the mercury atom gives up all of 
its energy. A conqileto discirssion ot this point was given in 
C-hap. II. 

In the case of HoC, three [)ossil)iliti(\s arc: shown in the tal)l(L 
The first certainly exists, biM*aus(^ H.^() mol(Muil(\s are known 


to 1)0 very effective in {U’odm'ing m(‘tastahk‘. mercury atoms. 
The other two pr<)(*<\ss(‘s aie enca*gcii icailly possibliL 4’h<' Ix^- 
haviour of NO is vcuy interesting, in that its eff(H*tive cross- 
section is tlie secHind largest, listed in the tal)le. 'This valuta was 



224 


COLLISION PROCESSES 


obtained by Bates, who considers that both processes listed in 
the table are possible. This view was confirmed by the work of 
Noyes [ 73 ]. 

As regards the quenching of COg and NH 3 , there is not 
sufficient evidence to enable one to distinguish between the 
processes Hsted in the table. The explanation of the quenching 
of mercury resonance radiation by Og is still in doubt. Of the 

Table XXXV 

[Hg' denotes Hg^ denotes 6^Po; ( denotes a vibrational level 

of the normal electronic state; chemical symbols alone denote the normal 
state.] 


Foreign 

gas 

mole¬ 

cule 

Possible quenching 
process 

Energy 

avail¬ 

able 

volts 

Energy 

required 

volts 

Energy 

discre¬ 

pancy 

volts 

cm.^ 

X 10^“ 

CH 4 

Hg'-HCH4 = Hg„, + (CH4)^, 

•218 

•161 

4--057 

•0852 

CO 

Hg' + CO=Hg„+(CO)„ 

•218 

•265 

-•047 

5-82 

Ng 

Hg' -h N 2 — Hg,,j + (^2)vi 

•218 

•288 

- 070 

•274 

Hg 

Hg' + H2 = Hg-f-H+H 

4-86 

4-44 

4- -42 

8-60 

HgO 

Hg'+H20 = Hg„ + (H,0)^, 

•218 

-197 

+ 1 

1-43 

99 

Hg' -F HaO =Hg -H OH + H 

4-86 

5-05 

--19 

1-43 

99 

Hg'-t-H20=HgH-f-0H 

4-86 

4-0-37 

5-05 

4--18 

1-43 

NO 

Hg' + NO=Hg,„4-(NO)^, 

-218 

•231 

-•013 

35-3 

99 

Hg'-t-N0=Hg4-(N0)^ 

4-86 

4-90 

- 04 

35-3 

CO 2 

Hg'-t-C02 = Hg„, + (C02),, 

•218 

•238 

- -020 

3-54 

99 

Hg' + C02 = Hg+(C02)^ 

4-86 

5-50 

- -64 

3-54 

NH 3 

Hg'+NH 3 = Hg,,, + (NH 3 ),, 

•218 

•202 

4- -016 

4-20 

99 

Hg' + NH 3 = Hg 4 - (NH 3 )' 

4-86 

4-90(?) 

— -04 

4-20 

O 2 

Hg'4-Og = Hg 4- 0 -h 0 

4-86 

509 

-•23 

19-9 

99 

Hg' 4 - 02 = Hg -h O 2 (^S) 

4-86 

4-86 

0 

19-9 

99 

Hg' 4 - 02 = Hg 4 - O 2 (^ 2 ) 

4-86 

4-90 

-04 

19-9 

99 

Hg'4-02 = (Hg'02) 

— 



19-9 

CeHa 

Hg'4-Ce He = Hg -4 Ce Hg 4 -H 

j 4-86 

— 

— 

60 


four processes Hsted in the table the second was suggested by 
Mitchell [63], the third by Bates [7] and the fourth by Noyes [ 72 ], 
Some of these processes were discussed in Chap, ii in connec¬ 
tion with the formation of ozone. The quenching ability of 
GqIIq was explained by Bates as being due to the removal of a 
hydrogen atom. 

In the case of those molecules which are either known to 
produce metastable mercury atoms, or which have a first 
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vibrational state near enough to 0-218 volt to make this a 
possibility, the variation of effective cross-section with energy 
discrepancy is instructive. In Fig. 60, the effective cross- 
section is plotted against the energy of the first vibrational 
state. No curve can be drawn through the points because the 



law of interaction between the excited niercury atom and the 
foreign moleciile is different in each ease. The effective cross- 
section, tiierefore, is not a. function of tlie energy discrepancy 
only. Nevertheless tlie points in Fig. f)0 show (juite definitely 
thcit large effectives cross-sections are associated with small 
e nergy disc ref)an cies. 

11c. (■oi^r;isioNs witii Fx<nTici> (Tvomium Atoms. In re¬ 
gard to the (fuenchiiig of e.xcited cadmiurn atoms by N.^ and 

I 5 


IVI z 
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CO, one can be fairly certain of the collision processes that take 
place. These are shown in Table XXXVI. 

It is not reasonable to regard the cadmium transition 
5^P3^->5 ®Po, which must, of course, take place frequently, as 
a quenching process, in view of the fact that the converse tran¬ 
sition 5 ®Pq -> 5®Pj also takes place very often. In order that 
cadmium resonance radiation he quenched, it is quite likely 
that the 5 ^P^ atoms must be brought all the way to the normal 
level. Two possibilities are present to explain the quenching 
ability of Hg. The first, involving the formation of the CdH 
molecule, is almost certain to take place, not only because the 

Table XXXVI 


[Cd^ denotes Cd denotes S^Sq, ( denotes a vibrational level of 

the normal electronic state.] 


Foreign 

gas 

molecule 

Possible quenching 
process 

Energy 

available 

volts 

Energy 

required 

volts 

Energy 

discrepancy 

volts 

N2 

Cd'+Na = Cd + (Na)« 

3-783 

___ 

_ 

CO 

Cd^+CO=Cd + (CO)^ 

3-783 

! - 

— 

Ha 

Cd'+H2=CdH-f-H 

3-783 
+ -67 

4-44 

+ •013 

Ha 

Cd' + Ha^Cd + CHaK, 

3-783 

About 

3-84 

1 

- -00 


energy discrepancy is so small, but also because the CdH band 
spectrum was observed by Bender in mixtures of cadmium 
vapour and Hg. The second process has been included merely 
because it is energetically possible, with a small energy 
discrepancy. 

11/. Collisions with Excited Sodium Atoms. The possible 
quenching processes involved in collisions between excited 
sodium atoms and foreign gas molecules are shown in Table 
XXXVII. The behaviour of X 2 , CO and COg is fairly certain. 
Ng and CO have vibrational levels in the neighbourhood of 
2-094 volts, and it is reasonable to assume the same for CO.>. 
According to the energy discrepancies, CO ought to have a 
larger effective cross-section than N 2 , but this is not the case. 
The disagreement, however, is not serious. With Hg, the two 
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processes listed in the table are about equally reasonable from 
the standpoint both of possibility and of energy discrepancy. 
Of the three processes listed for I 2 , the first is the least reason¬ 
able. The vibrational levels of the first excited electronic level 
of Ig lie between. 1*92 and 2*77 volts, so that the energy dis- 

Tablb XXXVII 


[Na' denotes 3^P; ( ),j, and ( denote a vibrational level of the normal 

and of an excited electronic state respectively; a chemical symbol alone denotes 
the normal state. I^ refers to the metastable ^Pi /2 state.] 


Foreign 

gas 

mole¬ 

cule 

Possible quenching 
process 

Energy 

avail¬ 

able 

volts 

Energy 

i-equired 

volts 

Energy 

dis¬ 

crepancy 

volts 

0 

cm.^ X 10>-® 

Na 

Na'-fNa = Na-|-(N2),„ 

2-094 

1-94 or 

2-20 

10 '■7' 

i 

r 

T 

~6 

CO 

]Sra'-i-CO=Na + (CO),, 

2-094 

2-03 or 

2-26 

+ -06 or 
-17 

~4 

COa 

Na,' + CO., == Na -h (G0.>),„ 

2-094 


„ 

--15 

Ho 

Na' + Ha^Na-f-CHa),, 

2-094 

1-9,3 or 

2-34 

+ -16 or 
--25 

~6 


Na' + H3==NaH-f H 

2-094 

-1-2-25 

4-44 

--10 

rwfj 

h 

Na'-h 1.3 = Na + I,,,-l-I 

2-094 

l-.'54 

-l-0-7(> 

-•21 



Na' + I 2 = Na + (la)/ 

2-094 

Between 

1-92 and 2-77 

— 

^4:0 


Na' -f- r 2 = (NaI)/ + I 

2-094 
-1- 2-98 

1-.54 

-1- ? 

— 


Bra 

Na' + Br., = Na H- Br h- lir 

2-094 

1-90 

+ ■13 

-'100 

9 1 

Na' +Bv.,^^Na + (Br,)/ 

2-094 

Between 

1-93 and 2-39 


— 100 


Na' f Br 2 =(NaBr),/ 

2-094 

l-9() 

+ ? 

-- 

— 100 

1 

Na' + I=(NaI)/ 

2-094 
+ 2-98 

V 


—40 


crepancy in the second irrocess would presumably be quite 
small. The third process is preferred by Terenin and Prile- 
shajewa, but without a knowledge of the vibrational levels of 
the excited electronic states of Nal the energy discrepancy 
cannot be calculated. Similaiiy, in the case of Brg, the second 
and third processes are more reasonable than the first, for 
reasons similar to those given for I 2 . In the case of I, nothing 
of a definite character can be said, except that a theoretical 


15-2 
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calculation of tlie effective cross-section to be expected for 
such a process, made by Terenin and Prileshajewa[97], yields 
a value about a million times smaller than the measured value, 

l\g. Collisions with Excited Thallium Atoms. The 
possible collisions between excited thallium atoms and and 
I are given in Table XXXVIII. 

Of the four processes listed in connection with Ig, the first is 
preferred, because of its extraordinarily small energy dis¬ 
crepancy. The second process is also very reasonable and would 

Table XXXVIII 


[TF denotes Tl^ denotes denotes the metastable state; 

( )«' refers to a vibrational level of an excited electronic state.] 


Poreign 

gas 

molecule 

Possible quenching 
process 

Energy- 

avail¬ 

able 

volts 

Energy 

required 

volts 

Energy 

discrepancy 

volts 

0 

cm.- X 10^® 

I 2 

T1'+I, = T1„+I„ + I 

2-306 

1-54 
+ •758 

-b-008 

-70 


Tr+i,=Ti+i,^+i^ 

3-267 

1-54 

+ •76+ -76 

+ -21 

0 

1 


Tr+i2=Ti,,, + (i2V 

2-306 

Between 

1-92 and 2-77 

— 

—70 

JJ 

T1' + I2 = (T1I)/ + I 

3-267 
+ 2-61 

1-64 

-I-? 

— 

-70 

I 

Tr-fi=(Tii)/ 

3-267 
+ 2-61 

V 

~— 

—30 


presumably have a very small energy discrepancy. The third 
and fourth processes involve the emission of a band spectrum 
as fluorescence. The fact that Prileshajewa did not observe any 
fluorescent bands is an objection to these processes. This point, 
however, is not completely settled. In connection with the 
behaviour of I, the same objection that was made before for 
this kind of process holds here. Theoretically, it should have 
an effective cross-section of about IO -22 cm., whereas the 
measured value is about a milhon times larger. 

12. RAPIDITY OP ESCAPE OP DIPPUSED RESONANCE 

RADIATION PROM A GAS 

12a. Experiments with Mercury Vapour at Low 
Pressures, In Chap, iii the experiments of Webb and 
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Messenger [loi] and those of Garrett [23] were described in con¬ 
nection with their significance as measurements of the lifetime 
of the state of the mercury atom. It was emphasized that 
the decay constant of the exponential curve, representing the 
decay of the resonance radiation emitted by mercury vapour, 
could be interpreted as the Einstein A coefficient (1 /t), only if 
the vapour pressure was so low that the diffusion of the reso¬ 
nance radiation, through repeated absorptions and emissions, 
could be neglected. When this is not the case, the lifetime of 



Av„ 

Fig. 61. Relation between decay constant of escaping mercury resonance 

radiation and vapour pressure. 

(Vapour pressure range from 0 to about O-OOl mm.) 


the radiation escaping from the mercury vapour is consider¬ 
ably longer than the lifetime of an atom. This is shown in 
Fig- 61, where the exponential constant of decay of the radia¬ 
tion, in sec.“^, is j^lotted against the expression NljAvj-^, 
where N is the number of absorbing atoms, I the thickness of 
the layer of mercury vapour and Avjj the Doppler breadth 
of the diffusing radiation. Since I is constant and Avjj varies 
only slightly in the temperature range covered by Webb and 
Messenger’s results, the quantity is very nearly j)ro- 

portional to the vapour pressure. The decrease in p as the 
vapour pressure increases from zero to about 0*001 mm. in- 
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dicates the increase in the lifetime of the escaping radiation. 
To explain these results it is necessary to make use of Milne’s 
theory, which was introduced in § 8 of this chapter. 


126. Milne’s Theory. Imagine an infinite slab of gas 
hounded by the planes x — 0 and x = l. Suppose the gas has been 
excited for a while and, when 35 = 0, there is a distribution of 
excited atoms, depending on x, thus '?^ 2 =/(^)• Dne to re¬ 
peated absorptions and emissions from moving atoms, the 
radiation diffusing through the gas will have a Doppler distri¬ 
bution. Calling the equivalent absorption coefficient of the 
gas for this radiation k, and the lifetime of the excited atoms r, 
the concentration of excited atoms at any point and at any 
time after the excitation has been removed is given by 

. 


and the net forward and backward fluxes of radiation are 
represented respectively by 


7tI 


+ 


7T(J 

n 


and rrl 


TTCT 
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n^ + r 


7^0-t-T 


dt 

dn^ 
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_L 1. 

2% dx 
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dnc^ 

dJ 


I 2k 


Tin, 'T ■ 


dn, 


)] 


...(148) 

...(149). 


In these expressions a^ig/a^ represents the total rate of 
change of excited atoms due to the three Einstein processes, 
since there is no other process of formation after the cut-off of 
the excitation, and no other process of decay in the absence of 
impacts of the second kind. The problem is to calculate at 
on the basis of the boundary conditions 


(1) when^ = 0, n 2 =f(x); 


(2) when^>0, 1^ = 0 at x = 0; 

(3) when ^ > 0, I_ — 0 at x = l. 


It was shown by Milne [59] that the radiation escaping from the 
face x = l could be represented by a series of the form 

Trl^{x~l) — A^e~^i^ + A2e.~^f+ ...(150), 
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where the ^’s depend upon the original distribution of excited 
atoms when i = 0, and the yS’s are given by 



(151), 


where A^- is the ^th root of the equation 


tan2/ = 


U 

y 


(152). 


It can be shown that jSg ? j ©tc., are all larger than , and that 

etc., are so large when t is of the order of 10~^ sec. or 
more, that all terms except the first can be neglected. Milne’s 


Table XXXIX 


Temp. 

°K. 

Avi. X lO"''* 

= 5-97 X IOWt 

N X 10-13 

Nl 

Avj, 

X 10-^ 

A;oZ = l-33 
Nl 

xlO-4 ^ 
Av 1, 

hi 

(Samson) 

/S X 10-« 
Theor. 

j8 X 10-6 

Exp. 

254 

•95 

•078 

•15 

•20 

•16 

8-0 

10 

263 

•97 

•22 

•41 

•55 

•38 

6-5 

6-3 

273 

•99 

•66 

1-2 

1-6 

1-0 

3-8 

5 

280 

100 

1-3 

2-3 

:m 

1-8 

2-3 

2-3 

290 

1-02 

31 

5-5 

7-3 

2-9 

1-3 

1-3 

295 

103 

4-7 

8-3 

111 

3-5 

105 

•75 


result is therefore as follows; After a time has elapsed, the 
radiation escaping from a gas decays exponentially with the 
time, with an exponential constant, jS, given by 

1/r 




1 + 


'JcV 

i At , 


,(153), 


where is the first root of Eq. (152). 

In order to compare Webb and Messenger’s results with 
Milne’s theory, it is necessary to calculate hi at the various 
vapour pressures in the experimental range. This is done by 
Samson’s method and is described in detail in §8c. Table 
XXXIX contains the theoretical values of ^ along with Webb 
and Messenger’s experimental results, and the heavy curve in 
Fig. 62 is a graph of the theoretical results. It must be em¬ 
phasized that the experimental tube of Webb and Messenger 
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was only a very rough experimental approximation to an 
infinite slab, and, in the absence of an accurate Imowledge of 
the thickness of the mercury vapour layer, a value of I equal 
to 1-8 cm. was chosen for purposes of calculation. The agree¬ 
ment is satisfactory in view of the lack of correspondence 



Number of atoms per c.c. ( x 

Fig. 62. Decay of Hg resonance radiation escaping from mercui'y vapour. 
(Vapour pressure range from 0*01 to 1 mm.) 


between the experimental conditions and those postulated by 
the theory. The discrepancy between the experimental and 
theoretical values of ^ at the highest temperature, where IcqI 
is 11‘1, may be due partly to the inadequacy of Samson’s 
method of calculating the equivalent opacity at this vapour 
pressure. 

12 c. Experiments with Mercury Vapour at Higher 
Pressures. The rapidity of escape of mercury resonance 
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radiation from a slab of mercury vapour after the cut-off of 
the excitation, was measured by Webb[ioo] and by Hayner[27 ] 
by an electrical method. A repetition of this experiment with 
optical excitation was made by Zemansky [iii] for vapour 
pressures ranging from about 0*01 mm. to 1 mm., and with two 
different thicknesses of the mercury layer, 1-95 cm. and 1 • 30 cm. 
The results of Zemansky indicated a rapid increase in the 
lifetime of the radiation in the pressure range 0*01 to about 
0-3 mm., and then a slower decrease in lifetime from 0-3 to 
1 mm. In terms of jS, the exponential constant of decay, this 
means first a decrease and then an increase, as shown in Fig. 62. 
The interpretation of these experiments is not yet certain. 
A discussion of the left-hand part of the curves (decreasing jS), 
separate from that of the right-hand part, will tend to point 
out more clearly the nature of the problem. In regard to this 
left-hand i^art, there are two theories: (1) that the fundamental 
process at hand is the diffusion of resonance radiation com¬ 
posed of those frequencies that are absorbed and emitted by 
virtue of the Doppler effect; (2) that collisions between excited 
6‘*Pj^ atoms and normal atoms produce metastable 6®Po atoms 
which, in diftlising through the mercury vapour, either reach 
the walls and give up their energy, or are knocked up again to 
the state from which they radiate. 

On the basis of the first theory, Milne’s theory gives the 
same result as in Webb and Messenger’s experiments, namely 

.(154), 

with the distinction that k, in this case, is the equivalent 
absorption coefficient at high vapour pressure, where Samson’s 
method of calculation would not be expected to hold, and , 
under these conditions, is very nearly equal to 7 r/ 2 . 

12d. Equivalent Opacity at High Pressure. At high 
pressures, k can be calculated by a method due to Kenty [34, iio j 
which, in contradistinction to Samson’s method, breaks down 
at low i)ressures. According to Kenty, the motions of both 
emitting and absorbing atoms are assumed to have a Max- 
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wellian distribution. The radiation diffusing through a gas is 
then found to have a diffusion coefficient, X>, given by 

x>= [V 2 F (-\/inV) - -F’ (V2 In /fco ^)].(155), 

3 A/ TTT 7Cq 

where r is the lifetime of the excited state, I the thickness of 
the layer of gas, the absorption coefficient at the centre of 
the line, and 

= .( 156 ). 

J 0 

Table XL 


Temp. 

° K. 

N X 10-15 

-r - X 10-® 

Av^ 

Jcol 

Id 

(Kenty) 

iS 

Theoi*. 

Exp. 

333 

•770 

1-38 

183 

30 

29500 

26600 

343 

1*40 

1*64 

218 

33 

24500 

28100 

343 

1*40 

2*46 

327 

42 

15000 

14200 

353 

2-50 

2*90 

386 

47 

12000 

19.300 

353 

2*50 

4*35 

578 

58 

7940 

8810 

363 

4-40 

5*02 

668 

63 

6750 

12100 

363 

4-40 

7*53 

1000 

78 

4380 

7070 


On the basis of Milne’s theory, the diffusion coefficient of 
radiation for which the absorption coefficient is k is equal to 


1 



( 157 ). 


Equating the two expressions for the diffusion coefficient, the 
equivalent opacity kl^ at high pressures, is found to be 


kl = 


3 jir 

iV 2 


Ki 


V 2 F (Vln kQl)~F (V 2 In k^l) 


.( 158 ). 


A table of values of hi for many values of Icq I will be found in the 
Appendix. In Table XT, the experimental values of p (corre¬ 
sponding to the left-hand part of the experimental curves) are 
compared to the theoretical values calculated by Milne’s theory 
with the aid of Kenty’s equivalent opacity. The agreement is 
seen to be satisfactory enough at least to lend credence to the 
theory of radiation diffusion. 
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Now, on the basis of the theory of metastable atom diffusion, 
it was shown by Zemansky [ii3] that the left-hand part of the 
curve could be represented by 

(8 = ^^ . 

where the constant depends on the velocity of the atoms and 
the geometry of the layer of vapour, and can be regarded as 
an effective cross-section for diffusion. This was shown to agree 
well with the shape of the curve, and enabled a value of 
a a to be inferred from the experiments. The resulting value, 
2-3 X 10~® cm., is remarkable in that it is smaller than the usual 
gas-kinetic value’’, 3*6 x cm. This result, by itself, does 
not constitute a serious objection to the metastable atom 
theory, since effective cross-sections for various processes 
depend upon the nature of the processes and can be expected 
to vary from very small to very large values. A much more 
serious objection to the metastable atom theory was pointed 
out by Kenty[34j, namely, the doubt as to the existence of 
sufficient metastable atoms to give rise, by being raised to the 
state, to a measurable amount of radiation. The formation 
of a metastahle atom would depend upon a collision of the type 

Hg + Hg = Hg (^Po) + Hg, 

and the production of radiation would involve the two 


processes 

Hg + Hg = Hg -h Hg, 

Hg (=T\) = Hg -t hv. 

For the transition —0*218 volt of excitation energy 
must go into relative kinetic energy of the colliding partners, 
since a normal mercury atom has no energy level lower than 
4*7 volts. In other words, the ability of normal mercury atoms 
to effect this transition ought to be about the same as the 
ability on the part of inert gas atoms to perform the same 
transition. From experiments on the q uenching of mercury 
lesoiuince radiation, it is found that the inert gases do not 
(j uench at all, or if they do, to a very small extent. Moreover, 
from theoretical considerations, the probability of any colli¬ 
sion involving the transfer of 0-218 volt of excitation energy 




236 


COLLISION PROCESSES 


into the kinetic energy of the gas is expected to be extremely 
low. Substantially the same objections may be made in con¬ 
nection with the transition so that it appears ex¬ 

tremely doubtful whether the experiments can be explained 
on the basis of the metastable atom theory. A final decision, 
however, cannot be made without further experimental work. 

In reference to the right-hand portion of the experimental 
curves for p, there are also two possible theories: (1) impacts 
destroying either ^P^ atoms or ^Pq , and (2) Holtsmark broad¬ 
ening of the absorption line giving rise to a smaller value of kl 
than is given by Kenty’s formulas, thereby causing /3 to in¬ 
crease. It is impossible to decide which of these points of view 
is to be preferred, since they both seem equally suited to 
account for the somewhat slow rise in p that is observed. The 
whole matter must be left open until further experiments are 
performed, and further theoretical calculations on the effect 
of Holtsmark broadening upon the equivalent opacity are 
made. 

The difficulties that arise in the interpretation of experi¬ 
ments on the decay of radiation from a gas appear also when 
an attempt is made to explain the large currents found at con¬ 
siderable distances from the end of a noble gas discharge. 
According to Elenty[35], resonance radiation is capable of 
diffusing through the gas at a much faster rate than was 
formerly supposed, because the equivalent opacity of the gas 
for the resonance radiation, as calculated on the basis of his 
theory, was small. The observed currents therefore could be 
interpreted as photoelectric currents. An equivalent inter¬ 
pretation, however, has been given by Pound and Lang¬ 
muir [20] on the basis of metastable atoms. Since this subject 
is beyond the scope of this book, the reader is referred to the 
original papers for a more complete discussion. 

13. DIFFUSION AND COLLISIONS OF 
METASTABLE ATOMS 

13a. Early Work. The first measurements of the life¬ 
time of metastable atoms were made by Meissner [56] and by 
Horgelo [14]. An inert gas in an absorption tube was electrically 



iisrvoLvilsrG excited atoms 


237 


excited for a while, and then the excitation was stopped. After 
a short time had elapsed, a beam of light, capable of being 
absorbed by metastable atoms (thereby raising the metastable 
atoms to a higher energy level), was sent through the absorp¬ 
tion tube. The length of time beyond which absorption was no 
longer perceptible was measured, and called roughly the life¬ 
time of the metastable atoms. Various methods of starting and 
stopping the excitation of the absorbing gas, and of starting 
and stopping the emitting lamp, were employed. They all had 
the disadvantage that the time between the cut-off of the 
excitation and the passage of the light could not be determined 
accurately enough to yield a reliable curve of decay of absorp¬ 
tion against time. An improvement was made by Dorgelo and 
Washington [15], in that both the absorption tube and the 
emission lamp were operated on a.c. with a constant phase 
difference of 180°. The time between the cut-off of the excita¬ 
tion and the absorption of the light was varied by altering the 
frequency of the a.c. These qualitative experiments indicated 
that metastable inert gas atoms lasted approximately a few 
thousandths of a second after the excitation was removed, and 
that the lifetime depended on the gas pressure and temperature. 

Since these early experiments, there have been many in¬ 
vestigations on metastable atoms, which have not only been 
of interest in themselves, but have yielded information of the 
utmost importance in explaining phenomena occurring in gas 
discharges. Before these later experiments can be explained, 
it is advisable to consider first the general theory of the method. 

136. Theory of Measurement with Inert Gases. After 
considering and trying out various methods of exciting an inert 
gas, and of allowing a beam of light to traverse this gas after 
a known time has elapsed after the excitation, Meissner and 
Graffunder [56] finally came to the conclusion that the follo wing 
method was most suitable. Both the emitting lamp and the 
absorption tube were operated with a.c. of the same frequency. 
The generators supplying the a.c. were so arranged that the 
phase of the alternating excitation of the emitting lamp could 
be made to lag behind that of the absorption tube by any 
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amount. In this way, a beam of light from the lamp could be 
made to traverse the absorption tube at any desired time after 
the excitation of the absorption tube had ceased. For a detailed 
description of the circuits, the reader is referred to the paper 
of Meissner and Graffunder, and also to a more recent paper 
by Anderson [2]. 

The gas pressure in the emitting lamp is made quite small, 
and the current is kept as low as possible. The emitting layer 
is very small, almost a capillary. Under these conditions, it is 
wholly reasonable to assume that the frequency distribution 
of the emission line, arising from a transition from a high level 
to one of the metastable levels, is determined by the Doppler 
effect alone, uninfluenced by self-reversal. The absorption of 
this hne by the metastable atoms in the absorption tube is 
measured by a photographic method, and is determined as 
a function of the time which elapses between the cessation of 
the excitation of the absorbing gas, and the passage of the 
absorbable light. The experimental results are expressed in 
the form of a curve of decay”, with absorption, plotted 
as ordinates, and time plotted as abscissas. 

The next step is to translate the curve “A against into 
against where n' is the average number of metastable 
atoms per c.c. responsible for the absorption. Although it is 
impossible to calculate n' in absolute magnitude, the quantity 
kQl, which contains n', can be calculated on the basis of the 
assumption that both the emission and the absorption lines 
are simple Doppler hnes, or, if they show hyperfine structure, 
that they consist of a number of approximately equal, separate, 
Doppler components. Uet be the absorption coefficient of 
the gas in the absorption tube at the centre of the line (or at 
the centre of each hyperfine-structure component), and I the 
length of the absorption tube. Then the absorption, A^, is 
given by 


A 







CO 



dco 


( 160 ). 


The above expression will be recognized as the quantity A^ 
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defined in Chap, iii, § 4cZ, with a= 1. From the table of values 
of .d-i given in the Appendix, a graph may be drawn connecting 
logj^Q and log^o (10/<7 qZ). This curve is shown in Fig. 63, and 
enables one to read oft log^j (IOAjqZ) (which is equal to log Gn', 



where C is a constant) for any observed value of A^. The 
experimental curve, "" A-^ against Z ”, can therefore be converted 
into a curve of ‘dogio against Z”. It will be shown later 
that, when Z is large enough, 

n' = nQe~^^ .(161) 

_ ^ . 


logio»i' = logic 
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whence 


logio — const- — 


2-30 


(162), 


which shows that the curve ‘‘log^o Cn' against should be a 
straight line, whose slope, multiplied by 2-30, is the exponen¬ 
tial constant of decay of the metastable atoms. 

The exponential constant, p, may be obtained directly from 
the original experimental curve of against provided 
one uses only that portion of the experimental curve in which 
lies between 0-3 and 0-8. For, upon plotting logio(l^^o^) 
against it is immediately evident that 

logic = 0*3 + 1-4^1 [0-3 < -di < 0*8], 

and again setting IOJcqI equal to Cn', 

logio n' = const. + [0-3 < A-^ < 0-8]. 

Anticipating, as before, 

n' =■ Uq 

or logio = logic K-o - t, 


we get finally 

Ai= const. - t [0-3 < < 0-8] .. .(163), 

which shows that the original experimental curve of A^ 
against t should be a straight fine, in the region where A^ lies 
between 0-3 and 0-8, whose slope, multiplied by 1-4 x 2-3, is 
the exponential constant of decay of the metastable atoms. 

13c. Experimental Results with Neon, Argon, and 
Helium. Meissner and Graflfunder [66] measured the absorp¬ 
tion of excited neon for the lines 6402 and 6143 as a function 
of the time after excitation and for various values of the neon 
pressure in the absorption tube. It can be seen from Fig. 64 
that the absorption of these lines is determined by the number 
of atoms. As a matter of fact, all three states he so close 
together that the total energy difference, 0-09 volt, is com¬ 
parable to the average kinetic energy of the gas, TcT, which, at 
300° K.., is 0-026 volt. Therefore, after the excitation has 
ceased, transitions occur so frequently among the three states 
that they may be regarded as one state. The experiments 
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therefore may be considered to indicate the way in which atoms 
in all three states decrease in number after the excitation has 
ceased. From the experimental curves of against t, was 
obtained in the manner described in § 136. The values of jS at 
various neon pressures are given in Table XTI. In Fig. 65 a 
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Formation and detection of metastable neon atoms. 


Table XLI 


Neon jiressure 
p, in mm. 

Exponential constant 
in sec.""^ 

0-24 

6100 

0-50 

4400 

102 

3500 

1-42 

2800 

2-15 

3200 

302 

3900 

5-60 

5800 


straight line is obtained when jSp is plotted against showing 

that j3 depends on the pressure according to the relation 


+Gp .(164), 

P 

M Z x6 
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where B and <7 are constants. Meissner and Graffunder's 
results yield the following values for B and C: B= 2000 and 
<7=1100. 

With apparatus very similar to that used by Meissner and 
Grafifunder, Anderson [2] studied the absorption of the argon 
line 7635 by excited argon as a function of the time after 



Pig. 65. Dependence of exponential constant on neon pressure. 


excitation, at various argon pressures. It will be seen from 
Fig. 66 that the absorption of 7635 is an indication of the 
number of argon atoms in the metastable state. Un¬ 
fortunately, Anderson did not give curves of absorption against 
time, and hence p cannot be calculated by the methods of § 13 6. 
The values of given in Table XLII, are therefore slightly 
inaccurate, but can still be used to obtain worth-while in¬ 
formation. Plotting pp against for the temperature 300° El., 
all points except the last lie roughly on a straight line, in- 
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dicating that Eq. (164) is approximately satisfied with B = 160 
and (7 = 120. At the temperature 80° K., the curve of pp against 
p^ is quite a good straight line with the constants 15 and 



Volts 


Fig. 66. Formation and detection of metastable argon atoms. 


Table XLII 



O = 170. This line is shown in Fig. 67. The fact that Anderson’s 
results agree well with Eq. (164) at the low temperature, and 
not so well at the high temperature, may be due to the fact 
that the three levels of argon are separated more than those 

i6-2 
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of neon, and, at room temperature, they cannot be regarded 
as one composite level as in neon, but that transitions among 
the levels play a role which necessitates a much more com- 
phcated formula. At 80° K. these transitions are probably few 
in number, and hence the results express the behaviour of 
argon atoms alone. 

With apparatus also similar to that of Meissner and Graff- 
under, Ebbinghaus[i7] measured the absorption of the helium 
line 10830 by excited helium as a function of the time after the 
cut-off of the excitation. From Fig. 68 it is clear that the 
absorption of the 10830 line is an indication of the number of 
metastable 2^Si helium atoms. The experiments can be ex¬ 
pected to yield information concerning the 2^Si state alone, 
since there are no other states that lie as close to it as in the 


Table XLIII 


Thickness of 

Helium 

Exp. 

absorption 

pi-essure 

constaat 

tube a, in cni. 

p, in mm. 

/3 

1-65 

2-5 

810 

1-65 

3-7 

760 

30 

3-7 

603 


case of neon and argon. Using the method of § 136 to calculate 
p from the experimental curves of A against t, the values given 
in Table XLIII were obtained. For reasons which will be 
given in the next section, can also in this case be expected 
to obey Eq. (164), and the following values of B and C are 
obtained: when a is 1*65, B = 1350 and C = 107; when a is 3*0, 
B = T70 and 0=107. 

13 d. Theoretical Interpretation of Results with 
Inert Gases. The manner in which j3 varies with pressure 
gives an immediate clue as to the processes which metastable 
atoms perform in an excited gas after the excitation has been 
removed. The large values of jS at low pressures indicate the 
rapidity with which metastable atoms diffuse to the walls, 
where they give up their energy. In this region an increase in 
pressure causes a decrease in diffusion rate. At higher pres¬ 
sures, the slowly rising values of ^ indicate a collision process 
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which either lowers the metastahle atom to the normal state 
or raises it to a higher state of short life from which it radiates. 
The experiments that have just been described are capable 
therefore of yielding information concerning the diffusion and 
collision of metastable atoms. To obtain this information it 
is necessary to solve the following problem, which was first 
handled by Meissner and Grafiunder [56] and later by Zeman- 
sky[ii3]. Consider a cyhndrical tube of length I and radius c 
placed with its centre at the origin of cylindrical co-ordinates. 
Suppose that the tube is filled with a gas that has been electric ¬ 
ally excited for a while and that a distribution of metastable 
atoms has been set up in the tube. Let the excitation be cut off, 
and let a cylindrical beam of light of radius 6, which the meta¬ 
stable atoms are capable of absorbing, traverse the tube. 

We shall make the following assumptions: (1) After the 
excitation has ceased, there is no further rate of formation of 
metastable atoms. (2) Metastable atoms diffuse to the walls 
where they lose their energy. (3) Metastable atoms perform 
impacts with normal atoms which raise the metastable atoms 
to a higher energy level. (4) The rate at which metastable atoms 
are being raised to a higher state by the absorption of the light 
is negligible compared to the rate at which (2) and (3) go on. 

If n represent the number of metastable atoms per c.c., 
then, at any moment after the excitation has ceased, n will be 
given by 


dt 


-h Zn = D 



1 dn 
T dr 



(165), 


where D is the diffusion coefficient for metastable atoms, and 
Z is the number of impacts per sec. per metastable atom that 
are effective in raising the metastable atom to a higher 
radiating state. The boundary conditions are: 


when ^ = 0, n=f{r,x); 

f at r = c, 
at — Z/2, 
at X = — 1 - Z/ 2. 

The details of the solution of this problem will be found in the 
paper by Zemansky. The result is that, after a short time has 
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elapsed, the average number n' of metastable atoms per c.c. 
in the path of the light beam is 

.(166), 

( 'K.Ql ^2\ 

DZ .(167). 

It will be seen that Eq. (166) is the result that was anticipated 
in § 136. 

In the case of a rectangular absorption cell of infinite height, 
of thickness a, and length Z, traversed by a beam of light 
travelling in the direction in which Z is measured, the problem 
is very similar, and has been solved by Ebbinghaus [17]. The 
result is that, after a short time has elapsed, the average 
number n' of metastable atoms per c.c. in the path of the light 
beam is again an exponential function of the time, with an 
exponential constant, (3, given by 

^=(5+?)^+-^ . 

From kinetic theory, the diffusion coefficient is given by 


Z) 


'BT 

M 


Ztt's/ 


TT 


a 


cl 


‘N 


.(169), 


where R is the universal gas constant, M is the molecular 
weight, N is the number of atoms per c.c. through which the 
metastable atoms are diffusing, and the diffusion cross- 
section for a metastable atom. If p represent the pressure in 
mm., Eq. (169) becomes 


Z> = 2-25x 



(170). 


Kinetic theory gives for the number of collisions capable of 
raising an atom to a state whose energy is e volts higher, the 
expression 


Z = ‘iycj^N 


ttRT 

~~W 


( 171 ), 


where is the cross-section for the process and y is the fraction 









248 


COLLISION PROCESSES 


of all collisions of energy greater than e. Two expressions have 
been used for y in the past, namely 



y = 6 

.(172) 

and 

>'=('+rr)‘’“ 

.(173). 


but it is not yet clear which is to be preferred. Since, in all 
cases, € is also not definitely known, it seems best to let the 
question remain open, and not to attempt to calculate cr^ alone, 
but to allow the experiments to yield values of ya^. Writing 
Eq. (171) in terms of pressure, p, in mm., we have 

^ = 6-30 X 1023.(174). 

We are now in a position to give the empirical constants jB 
and G a meaning in terms of and yo^. From Eqs. (167), 
(170) and (174), it is clear that obeys the equation given 
empirically in § 13 c, namely, 

i8 = - + C'p, 

P 


and, in the case of a cylindrical absorption tube, 

Try 


B 


/ 5-81 


T 


IT 


+ -p I X 2-25 X 10-16 



(175), 


Ui 


and for the case of a rectangular absorption tube, 

T 


B 


W } 


T 


X 2-25 X 10-16 


M 


cr, 


(176), 


d 


and in both cases. 


C=6-30xl023ya2y^ .(177), 


In Table XLIV all the experimental quantities are given 
which, with the aid of the above equations, enable us to 
calculate and ya^. 
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Table XLIV 


Gas 

Mole¬ 
cular 
weight M 

Temp. 
T, °K. 

Radius 

c, 

in cm. 

Thick- 

ness 

ill cm* 

Length 

h 

in cm* 

B 

c 

No 

20-2 

300 

1-8 

__ 

12 

2000 

1100 

A 

39-9 

300 

2-0 


Large 

160 

120 

A 

39-9 

80 

2-5 

— 

Large 

15 

170 

He 

4 

300 

—. 

1-65 

5-2 

1350 

107 

He 

4 

300 

— 

3*0 

5-2 

770 

107 


The final results are given in Table XLV. 


Table XLV 


Metastable 

atom 

Conditions 

o 

cm.2 X lO’^® 

ya^ 

cna.2 X 10^® 

Ne eP 2 ,i,o) 

— 

2-44 

•00136 

A 

T=300“ K. 

10-8 

•000208 

A (sPa) 

T^SO^K. 

15-9 

•000153 

He (2»Si) 

a == 1*65 

17-3 

•000059 

He (2»8i) 

a = 3-0 

11-1 

•000059 


Not very much that is definite can be said about the values 
of cr^ and ycj'^ in Table XLV. In the first place, the theory 
which enabled these quantities to be calculated has one serious 
deficiency. It was assumed that, after the removal of the 
excitation, no further rate of formation of metastable atoms 
took place. This means that all sorts of collision processes that 
might be present were neglected- It is conceivable, for ex¬ 
ample, that metastable atoms could be formed by recombina¬ 
tion of ions and electrons, or by collisions of atoms in higher 
states with either normal atoms or electrons. If such processes 
were taken into account, the exponential constant would not 
be represented by the simple Eq. (164) and would involve so 
many unknown quantities as to be useless. Furthermore, if 
colhsions with electrons play an important role, the electron 
temperature would have to be considered, since the experi¬ 
ments of Kopfermann and Ladenburg [ 39 ] and Mohler [ 68 ] in¬ 
dicate that this temperature determines the number of atoms 
in the different excited states when the electron concentration 
is high, and, therefore, would affect the results even at moderate 
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electron concentrations. An attempt was made by Anderson [il 
to formulate a theory, taking into account collision processes 
other than the one considered in the present theory, but with 
little success. The mathematical complications are great, and 
too many unjustified simplifying assumptions had to be made. 

If the present theory is at all justified, the values of can 
be regarded as satisfactory, except in the case of neon, where 
it is unexpectedly low. The values of ya^ can also be regarded 
as sensible with the exception of helium, where it is much too 
large, considering the fact that the metastable helium atom 
must be raised to the 2^So state, which is 0-78 volt higher. On 
the whole, neither the experimental nor the theoretical parts 
of this field have yet been developed to a point where they are 
capable of yielding very reliable information. 

13 e. Methods of studying Metastable Mercury Atoms 
IN Nitrogen. To produce metastable 6®Po mercury atoms in 
the presence of nitrogen, it is merely necessary to excite the 
mercury atoms to the state by illuminating with 2537, 

and then rely upon collisions with the nitrogen molecules to 
bring them to the 6 ®Pq state. The number of metastable atoms 
can then be measured in various ways, of which three have 
been used. Pool [77] illuminated a quartz cell containing a 
mixture of mercury vapour and nitrogen with the whole arc 
spectrum from a water-cooled mercury arc, and then, with a 
rotating wheel, cut this light off. A moment later, a beam of 
light of wave-length 4047 was allowed to traverse the tube. Py 
a photographic method, the absorption of the 4047 line was 
measured as a function of the time that elapsed after the 
excitation ceased. From Fig. 1 it is clear that the 4047 line is 
absorbed only by 6 ^Pq atoms, and therefore a curve of absorp¬ 
tion against time is an indication of the decay of O^Pq atoms. 
A rough determination of the exponential constant of decay 
at various nitrogen pressures [ii3] yielded a curve of p against p 
which had the same characteristics as that of neon and argon, 
i.e. as the nitrogen pressure was increased, ^ first decreased to 
a minimum, and then increased. More recently, Pool [78] re¬ 
peated these experiments under more advantageous conditions, 



INVOLVING EXCITED ATOMS 


251 


and found that the curves of absorption against time showed 
an anomalous behaviour, which he interpreted as being due to 
long-lived metastable nitrogen molecules. This interpretation 
is somewhat in doubt, for the reason that the method of trans¬ 
lating the values representing the absorption of 4047 into the 
number of metastable atoms is inaccurate. To understand this 
point, it must be emphasized that the lamp which emitted the 
4047 line was not like the emission lamps used by Meissner 
and Graffunder, Anderson, and Ebbinghaus. It was not con¬ 
structed and operated so as to emit a pure Doppler line, but 
instead, under conditions in which one is entitled to expect 
both broadening and self-reversal of the 4047 line. The rela¬ 
tion, therefore, between absorption and the number of ab¬ 
sorbing atoms was presumably quite different from the simple 
exponential one assumed by Pool. The anomalous character of 
the absorption-time curves is, in the opinion of the authors, to 
be attributed to this cause, rather than to the presence of 
metastable nitrogen molecules. 

A very ingenious method of measuring the decrease in the 
number of metastable mercury atoms present in a mixture of 
mercury vapour and nitrogen, after the removal of the excita¬ 
tion, was used by Asada, Ladenburg and Tietze[3]. They 
allowed the metastable mercury atoms to absorb the line 4047, 
and at the same time measured the intensity of the green line 
5461. It is clear from Pig. 1 that the intensity of the 5461 line 
depends on the number of 7 mercury atoms, which in turn 
depends on the amount of absorption of 4047. Asada [4] used 
this method to study the decay of metastable mercury atoms 
in nitrogen, but, unfortunately, did not give enough data to 
enable a calculation of and ya^ to be made. 

Webb and Messenger [102] and, at about the same time, Sam¬ 
son [84] studied the same problem by still a third method. They 
relied on collisions between 6 ^P^^ mercury atoms and nitrogen 
to produce metastables, and collisions between metastables 
and nitrogen to produce 6 ^Pj^ atoms again. The radiation from 
these 6^Pj atoms, after the optical excitation had ceased, was 
used as an indication of the number of 6 ^Pq atoms. The 
experiment was carried out in a very simple manner. The light 
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from a cooled meroiiry are was sent through a sHt past which 
a toothed wheel rotated at high speed. In the time interval 
when the slit was not covered, this light fell on a quartz cell 
containing mercury vapour and nitrogen. During the time 
interval when the slit was covered, a small hole in another 
wheel rotated between the other face of the cell and the colli¬ 
mator of a spectrograph. The radiation emitted by the cell 
during this time interval caused a circular trace on a photo¬ 
graphic plate, which represented the decay of the radiation. 
The decay was found to be exponential after about 10“^ sec. 
had elapsed, and the exponential constant was measured at 
various nitrogen pressures. The mercury vapour pressure 
remained constant during the experiment at a value corre¬ 
sponding to a temperature of 28° C. 


13/. Results and Interpretation with Metastable 
Mercury Atoms in Nitrogen. The theory of this method was 
worked out in great detail by Samson. On account of its com¬ 
plexity, only the salient features can be given here. First of 
all, both 6^Po and atoms were considered to diffuse 

through the nitrogen with the same diffusion coefficient, and 
to be destroyed at the walls. Second, the diffusion of the 2537 
radiation that was imprisoned in the mercury vapour was 
taken into account by calculating the rate at which this 
radiation would leave the mercury vapour if no nitrogen were 
present. This involved the calculation of an equivalent absorp¬ 
tion coefficient [see § 8 c] and the use of Milne’s theory [§ 126]. 
Finally, collision processes were considered in which nitrogen 
molecules produced the following transitions in C^Pq and B^P^ 
atoms: (1) e^Po^Bsp^, (2) Bsp^^-^e^Po, (3) and 

(4) 6^Pq-> 6^So. On the basis of these ideas, Samson obtained 
the result that the exponential constant, should depend 
upon the nitrogen pressure according to the relation 


X Yp+ Wp^ 
p p + Z 


(178), 


where W, X, Y and Z are constants at a given temperature. 
The experimental curves, which were obtained for three 
different temperatures, 301° K., 374° K. and 486° K., were 
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found to fit Bq. (178) very satisfactorily, enabling the values 
of the constants to be obtained. Bronx these constants the 
following results were obtained: the diffusion cross-section, 
0*^2, increased very slowly with temperature, being 15*5 x 10“^®, 
17-7x10“^® and 18*4 xlO-^® at the temperatures 301° K., 
374° K. and 486° K. respectively. The other cross-sections 
remained independent of temperature and were for 

o-o 2 = 6-7 X 10-18 cm.2, 

68p^->68P(j, = X 10-17 cm.2, 

6 8p^-^6iSo, Si2^2-2x 10-18 cm.2, 

6 8p^,-^6iSo, So2^2-Ox 10-22 cm.2. 

The value of 3*1 x lO-i’ cm.^, can be compared with 
Zemansky’s value of the same quantity [see Table XXIV], 
obtained by measuring the quenching of mercury resonance 
radiation by nitrogen, namely, 2*74 x 10”i7 cm. 2 . The agree¬ 
ment is quite satisfactory. 


13< 7 . Metastable Mercury Atoms in Mercury Vapour. 
Webb [100] showed that, when a metastahle mercury atom 
strikes a metal plate, an electron is liberated. Experiments of 
01iphant[75] on metastable helium atoms, and quite recent 
experiments of SonkinLOi] on metastable mercury atoms, con¬ 
firm this result. In Webb’s experiments, the electrons hberated 
from a plate by metastable mercury atoms were drawn to a 
positive grid, and the resulting current was used as a measure 
of the number of metastable atoms striking the plate. The 
metastable atoms were produced in another part of the tube 
by electrons liberated from a hot cathode and accelerated by 
a grid near by. By applying an alternating accelerating poten¬ 
tial, and another alternating potential between the plate and 
its grid, and by varying the frequency of these potentials, 
Webb was able to measure the rate at which metastable mer¬ 


cury atoms arrived at the plate after diffusing through mercury 
vapour. This same experiment was carried out in a more re¬ 
fined manner by Coulliette[i2], who was able to calculate from 
his experiments the effective diffusion ci'oss-section of a 
metastable mercury atom. The result was 20 x 10-^® cm. 2 . 
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Coulliette’s experiments also indicated that collisions between 
metastable and normal mercury atoms occur which destroy 
the metastable atom (probably by raising it to the state, 

from which it radiates). The value of ya^ for this process was 
found to he 0*016 x cm. 

13 k. The Simtjltaitbous Production and Destruction 
OP Metastable Atoms. During an arc discharge in an inert 
gas, or during the optical excitation of a mixture of mercury 
vapour and nitrogen, metastable atoms are being formed, are 
diffusing and are performing collisions, all at the same time. 
The situation is a steady state, where, in any unit volume, the 
rate at which metastable atoms are forming, due to excitation 
and diffusion, is equal to the rate at which they are being 
destroyed by collision. Many experiments have been per¬ 
formed on metastable atoms in the steady state, but they are 
not suited for quantitative treatment because of the lack of 
knowledge of the rate at which the metastable atoms are being 
formed. It is clear that, to calculate this rate, it would be 
necessary to know the electron concentration, the electron 
excitation function, and the number of transitions from higher 
states, in the case of an arc discharge; and, in the case of optical 
excitation, the intensity of the exciting light, absorption 
coefficient, etc. The advantage of experiments of the kind 
described in the preceding sections is that most of these pro¬ 
cesses, in the after-glow, do not exist or can be ignored. Chief 
among the experiments on the steady state should be men¬ 
tioned those of Eckstein [18] on neon and mixtures of neon with 
foreign gases. These experiments indicate that metastable neon 
atoms are destroyed by impact with foreign gas molecules, 
hydrogen being the most effective, then nitrogen, and helium 
the least. An attempt at a quantitative treatment of Eckstein’s 
experiments is to be found in a paper by Zemansky [ii3]. 

The measurements of ICopfermann and Ladenburg [39] of 
the number of metastable neon atoms in the positive column 
of a neon arc indicate that, at low current densities, metastable 
neon atoms are destroyedbycolhsions with normal neon atoms, 
and at high current densities, impacts of the second kind take 
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place with, electrons. As a result of collisions of the first and. 
of the second kind with electrons, at high current densities, 
neon atoms are distributed among the various excited states 
according to the Boltzmann equation, in which the tempera¬ 
ture is the electron temperature. 

The experiments of Klumb and Pringsheim [38] on the 
absorption by metastable mercury atoms of the 4047 line at 
various foreign gas pressures indicate very graphically the 
various collision processes that a metastable mercury atom 
can perform. Finally the works of Found and Langmuir [20], 
Kenty [ 35 ], and many others, show that metastable atoms may 
play a very important role in the maintenance of an arc dis¬ 
charge in an inert gas. 
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CHAPTER V 


THE POLABIZATION OP RESONANCE 

RADIATION 

1. INTRODUCTION 

It Eas long been known that the band fluorescence of sodium 
and iodine vapours is polarized if observed in a direction at 
right angles to the exciting light beam, but it was not until 
1922 that Rayleigh [40] discovered that the 2537 line of mercury 
was polarized if excited as resonance radiation by a polarized 
light source. This eidect was investigated more completely by 
Wood [53] and by Wood and Ellett[54]. They observed that if 
mercury vapour, at low pressure, is excited by polarized light 
from a quartz mercury arc, then (in zero magnetic field) the 
re-emitted resonance line is polarized with its electric vector in 
the same direction as that of the exciting light. In the absence 
of any magnetic field the resonance radiation was almost 
completely linearly polarized, whereas in the presence of small 
magnetic fields in certain directions the polarization was found 
to decrease. The addition of foreign gases was also found to 
diminish the degree of polarization. On the othei* hand, experi¬ 
ments on the polarization of sodium resonance radiation, con¬ 
sisting of the two D lines, showed that the D 2 line was about 
20 per cent, polarized and the other completely uni)olarized 
under all circumstances. To explain these difficulties, it will be 
well to start with the case of mercury and discuss some further 
experiments by Hanle [20] in the light of the classical theory and 
also on the Bohr theory. The modern quantum-mechanical 
theory can be shown to be in accord with the Bohr theory. 

2. GENERAL DESCRIPTION OF APPARATUS FOR 

POLARIZATION WORK 

Before discussing the various experiments which have been 
performed to show the polarization of resonance radiation, it 
will be necessary to describe the essential apparatus used. 
The arrangement of apparatus in the several experiments is 
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somewhat varied, but consists essentially of a light source, 
polarizer, resonance tube, analyser and spectrograph or photo¬ 
cell. 

In general, measurements on polarization of resonance radia¬ 
tion are made by observing the resonance radiation coming oi¥ 
from a resonance tube in a direction perpendicular to the beam 
of exciting radiation, as is shown in Fig. 69. Radiation from a 
source S is passed through a lens , and Nicol prism iV^, to 
polarize it, and is converged on the resonance tube T. In all 
polarization work the angular aperture, oc, of the exciting beam 
should be kept as small as possible- The reason for this is 



Fig. 69. Apparatus for studying polarization of resonaiioe radiation. 

axiparent, since the electric vectors of any ray of the beam are 
at right angles to that ray. Thus, if observations are to be made 
in a direction perpendicular to the direction of the exciting 
beam when the primary light is polarized with its electric vector 
perpendicular to the plane of Fig. 69, and is falling on the 
resonance tube under an angular aperture a, the primary light 
cannot be said to be 100 per cent, polarized, since its electric 
vectors have a maximum deviation a/2 from the xilane of 
polarization. A method of correcting for this effect has been 
given by Gaviola and Pringsheim [ic i and Heydenburg [25]. 

In case the activating wave-length of the x^rimary beam lies 
in the ultra-violet, a Nicol prism cannot be used, since the 
Canada balsam cement in such prisms absorbs all light of wave¬ 
length below 3200. In this case a Gians prism of quartz. 
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cemented together with glycerine, may be used for wave¬ 
lengths down to about 2000. In order to use this type of prism 
the light must pass through it parallel or under an angular 
aperture less than 6°. Otherwise the use of the Gians prism is 
similar to that of a Nicol. A calcite block, which transmits 
well down to 2000, may be also used as polarizer. When this is 
employed, the convergent light from the lens L-^ of Fig- 69 
passes through the block and two images of the source, polar¬ 
ized at right angles to each other, are formed on the resonance 
tube. One of these images is usually screened off, thus giving 
a polarized beam. 

For detection and measurement of polarization of the 
resonance radiation, a Nicol or a Gians prism can be used as 
shown in Fig. 69. In order to obtain the degree of polarization 
when using a Nicol prism it is necessary to measure the 
intensity of the hght passing through the Nicol for several 
different settings thereof. When the intensity of the light is 
measured photographically, the method is extremely tedious 
so that usually, when a Nicol is used, the light intensity is 
recorded on a photo-cell. Such an arrangement has been used 
by von Kleussler [49] to measure the degree of polarization of 
mercury resonance radiation. One may make a plot of photo¬ 
electric current against the setting of the Nicol (in degrees), 
from which the degree of polarization can be obtained by 
measuring the height of the maxima of the curve and com¬ 
paring them with a light source of the same intensity which is 
known to be fully polarized. 

When photographic measurements of intensity are to be 
made, using a spectrograph for example, it is found convenient 
to employ a double-image prism of the Wollaston or Rochon 
type. If hght from the resonance tube is made to converge 
through the prism on to the sht of a spectrograph two images 
of the line or Hues emitted in the resonance tube are seen on the 
photographic plate, the two images being polarized at right 
angles to each other. By measuring the relative intensity of 
these two images the degree of polarization of the light may be 
calculated. In using this method a certain amount of pre¬ 
caution must be taken, since the loss of light in the spectro- 
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graph due to reflection from the faces of the dispersing prism is 
dependent upon the polarization of the light striking it, which 
may easily falsify the results. When using the double-image 
prism the light leaving the prism must be depolarized, or 
calibration experiments must be made. A special double-image 
prism has been described by Hanle in which the two images are 
depolarized after leaving the prism. 

A more exact means of measuring the polarization is by the 
method of Cornu. In this method the light to be investigated 
is made parallel and sent through two Wollaston prisms. If 
partially polarized light is incident on the apparatus, four 
images will, in general, be formed. Suppose the two images 
formed by the first prism are polarized parallel to X and Y, 
respectively, and that the second prism makes an angle a with 
the first. Of the four images formed by the second prism, two 
will be polarized parallel to x and two parallel to y, where the 
angle (X, x) is a. The intensity of the four images will then be 

Jxx= Ix cos2 a; J= I^ sin^ a; 

J OC, Iy COS^ OC , 

where and I y a^re the intensities of the original radiation 
polarized parallel to X and Y, respectively. The procedure is 
to find the value of a for which J^yx ^ ^Yy • this 

value of a, the polarization is given by 

^ I I y 

p — -^ = 4 - cos 2a, 

Ix + Iy ~ 

depending on which images are compared. If a Grlans prism is 
used instead of the second Wollaston, two images are formed 
and a similar relation between the intensity of the images 
exists. The advantage of this method is twofold; (1) it is easy 
to find the setting of the prism for which two images are equal, 
and (2) there is no correction to be made to the polarization 
for loss of light due to reflection, since both Gians and Wollas¬ 
ton prisms are cut in such a way that the incident light tra¬ 
verses the prism perpendicular to its face. 

Another means of detecting polarized light, and this is 
especially good for detecting a small degree of polarization, is 
the Savart plate used in conjunction with a Nicol prism. If 
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plane polarized white light passes through a Savart plate and 
then through a Nicol prism, coloured fringes are seen for 
certain positions of the ISTicol prism. If the light is analysed 
by a spectrograph, the apparatus can be so arranged that each 
spectral line is crossed by light and dark fringes. The distinct¬ 
ness of these fringes gives the degree of polarization. The 
actual amount of polarization is usually obtained by placing 
a number of glass plates between the polarized light source and 
the Savart plate. The plates are rotated about an axis until the 
fringes formed by the Savart plate disappear, indicating that 
the polarization of the original light has been compensated. 
Trom the angle of rotation of the plates and their index of 
refraction, the degree of polarization can be calculated. If two 
lines are observed which are polarized at right angles to each 
other, the maxima of the fringes of the one line come at about 
the same place as the minima of those of the other line, if the 
wave-lengths of the hnes are not very different. 

In order to measure changes in the angle of polarization of 
resonance radiation a system of quartz wedges or a Babinet 
compensator may be used. The angle of rotation is obtained by 
measuring the shift of the position of the fringes formed in the 
system of wedges. 

It is hardly necessary to remark that when lenses are used 
between the resonance tube and the apparatus for detecting 
polarization they should be non-rotatory. In the ultra¬ 
violet region a fused quartz lens or a matched pair of crystalline 
quartz lenses of left- and right-handed rotation should be used. 

3. HANLE’S EXPERIMENTS ON MERCURY VAPOUR 

IIanle[20] made a thorough study of the polarization of the 
mercury resonance Une 2537. Bor this investigation he used a 
Gians prism as polarizer and a Savart plate arrangement as 
analyser. The apparatus was arranged in such a way that the 
exciting light was incident on a resonance tube in the Z direc¬ 
tion (Fig .70) and the resonance radiation is observed along O Y , 
with Savart plate, Nicol prism and a photographic plate. The 
resonance tube was placed in a system of coils in such a way 
that the earth’s magnetic field was always compensated and 
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magnetic fields of known strengths in given directions could 
be supplied. The pressure of mercury in the tube was mm. 

If the exciting radiation is polarized with its electric vector 
in the X direction and there is no magnetic field on the tube, 
the resonance radiation is found to be highly polarized (about 
90 per cent.) in the X direction. On the other hand, if the 
exciting light is polarized along Y, the resonance radiation is 
unpolarized and its intensity extremely weak. If the direction 
of polarization of the exciting light is changed slowly from Y 
to X, the polarization and the intensity of the resonance 
radiation increase. 

If the direction of the electric vector of the exciting light is 
kept constant and parallel to X, and a magnetic field (about 



25 to 100 gauss) placed in the X direction, the polarization of 
the resonance radiation remains unchanged, that is, parallel 
to X. With the field parallel to Z the polarization of the reso¬ 
nance radiation is again high and parallel to X. If, however, the 
field is parallel to Y, that is along the direction of observation, 
the resonance radiation is completely unpolarized but is strong- 
Suppose the field in the direction of Y is not strong but weak 
and can be varied from zero to a few gauss. With zero field the 
resonance radiation is, of course, 90 per cent, polarized in the 
X direction. On increasing the field the degree of polarization 
is found to decrease and, for small fields, its direction is changed 
slightly from the X direction. As the field increases still 
further the degree of polarization diminishes to zero. 

Finally, if the electric vector of the e.xclting light is parallel 
to Y, and there is a strong field parallel to X, the resonance 
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radiation is highly polarized parallel to Z, and on rotating the 
field from X to Z, the direction of polarization rotates from Z 
to X, being always perpendicular to the field and keeping its 
degree of polarization constant. 

Hanle also found that, on using circularly or elliptically 
polarized exciting light, and observing at an angle of 20° to the 
incident beam, the resonance radiation was circularly or 
elliptically polarized in the same manner as the incident beam. 

4. THEORY OF HANEE’S EXPERIMENTS 

4a. Classical Theory. It is obvious that the classical 
theory will roughly explain all the results if one considers the 
series electron of the mercury atom to act as a classical oscil¬ 
lator. Thus, the oscillator will vibrate parallel to the direction 
of polarization of the exciting light, and the radiation emitted 
by the oscillator will be polarized in the same direction as the 
exciting light, thus explaining the experiments in zero field 
with the incident beam polarized parallel to X. In the experi¬ 
ments where the incident light is polarized parallel to Y, one is 
looking along the direction of vibration of the oscillator and 
the theory says that the oscillator radiates no energy in this 
direction, in agreement with the facts. The experiments with 
various orientations of magnetic field are also explained on the 
classical theory when one remembers that the electron will 
process about a magnetic field giving rise to circularly polar¬ 
ized light when viewed along the field (classical Zeeman effect) 
or, when viewed perpendicular to the plane of the field, to 
linearly polarized light (perpendicular to the field), since only 
the simple harmonic components of the circular vibration are 
seen. Thus, when the electric vector of the exciting light is 
parallel to X, and there is a strong field parallel to Z, the 
electron of the classical model will process about the Z axis and 
the light observed in the direction Y will appear polarized 
parallel to X, since only the simple harmonic components of 
the circular vibration are seen. The case in which the plane of 
polarization of the emitted light rotates, when the direction 
of the magnetic field is rotated from X to Z, is also easily 
explained by these considerations. 
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In order to explain th.e fact th.at, when the resonance radia¬ 
tion is observed in the direction of the magnetic field, it be¬ 
comes depolarized with increasing field, it is sufficient to 
assume the classical model to be a damped oscillator. If the 
oscillator is excited by light polarized in the X direction it will 
start to vibrate parallel to the X axis but will precess about the 



Fig. 71. 


field, its amplitude of oscillation dying down with the time due 
to damping. The path described by the oscillator when viewed 
along the field will take the form of a rosette. If the precession 
velocity is large compared to the damping (that is, large mag¬ 
netic field), the rosette will be symmetrical, as shown in Fig. 71. 
In this case, since the rosette is perfectly symmetrical, it is 
clear that the light from the oscillator (resonance radiation) 

will show no linear polarization. 

On the other hand, if the damping is of the same order of 
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magnitude as the precession velocity, the form of the motion 
of the oscillator will be given by Fig. 72. 

In this case the rosette is incomplete, and shows asymmetry 
due to the fact that the oscillations have been damped out 
before a full period of precession takes place. Thus the resulting 
resonance radiation will be partially polarized (less than in a 
zero field), and its plane of polarization rotated with respect 



Fig. 72. 


to that of the incident light, since the plane of polarization 
of the resonance radiation will be given by the direction of the 
maximum electric vector. Making use of the electromagnetic 
equations of a damped oscillator in a magnetic field and the 
coherence properties of the light emitted, Breit[2] was able to 
show that the radiation emitted is partially polarized and its 
plane of polarization (the plane of maximum light intensity) 
rotated through an angle cj> to the X axis. If one measures the 
polarization by means of an apparatus which keeps the same 
position with reference to the electric vector of the exciting 
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light throughout the experiment (for example a Wollaston 
prism), the degree of polarization of the light is given by 



where P is the polarization observed with a field of intensity 
Pq that with zero field, r the mean radiation life of the atom, g 
a factor to take into account the fact that most atoms do not 
process with classical precession velocities but proportional to 
them, and e, m, c the charge and mass of the electron and 
velocity of light. On the other hand, one may measure the 
polarization, as von Keussler did, by rotating a Nicol prism 
and measuring the maximum and minimum intensities of the 

light, and use the formula, P — . In this case Breit 

has shown that the relation between the degree of polarization 
and the magnetic field is given by 



.(180). 


The rotation of the plane of polarization is given by 

(jT-J 

tan 2</> = 2 a>T (7 =- -rg .(181), 

pTT 

where co = —, the classical Larmor precession velocity. Thus 

2mc 

it is easily seen from Eq. (179) that, as the field increases, the 
degree of polarization decreases in agreement with Hanle s 
experiments. Measurements of both effects have been made 
by Wood and Ellett, BCanle, and von Keussler. 


46. Quantum Theory of Polarization and the Zeeman 
Effect. Although the classical theory is able to explain all 
the ^polarization phenomena exhibited by the mercury reso¬ 
nance line 2537, it cannot explain the polarization of sodium 
resonance radiation (as will be shown in a following section). 
Eurthermore, in order to be consistent, a quantum theory 
explanation must be given. 
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Hanle[i9] was the first to show that the phenomena can be 
explained on the quantum theory if one considers the Zeeman 
effect components of the line in question. From the quantum 
theory of the Zeeman effect it is known that any level of (total 
angular momentum) quantum number J splits into 2^* + 1 sub- 
levels in a magnetic field. The sub-levels are designated by a 
magnetic quantum number m which takes values differing by 
unity from —j to -{-j. In order for an atom to emit light in 
jumping from one state to another, the angular momentum 
quantum number I must change by one unit and m may change 
by ± 1 or 0. If m does not change (Am = 0), the line emitted is 
analogous to the unshifted or "‘'tt component” of the classical 
Zeeman effect which is polarized parallel to the field. If m 
changes by one unit (Am = ± 1) the frequency is not the same 
as that emitted by the atom in a zero field, but differs from it 
as do the a components” of the classical Zeeman effect. 
These a components can be shown to be circularly polarized 
about the field. Although in the weak fields used in experiments 
on resonance radiation (0-^200 gauss), the Zeeman com¬ 
ponents (of Hg for example) are not separated enough to 
measure except with apparatus of the highest resolving power, 
the polarization characteristics are clearly defined. This 
furnishes a powerful means of studying the Zeeman effect of 
resonance lines whose Zeeman separation is very small. 

To explain the experiments on the polarization of the 2537 
line of mercury it is necessary to draw a Zeeman diagram of the 
two states involved. The lower state 6 ^Sq is single with m = O; 
while the upper state is triple with m=-|-l, 0, —1, as 

shown in Fig. 73. The relative intensities of the several 
components corresponding to the jump from are 

given at the bottom of the diagram. 

Suppose the incident light is polarized parallel to AT and 
contains the frequencies of all the Zeeman components (that 
is, the exciting line is broadened due to Doppler effect and also 
due to the magnetic field usually applied to a mercury arc to 
give an unreversed hne). If a strong magnetic field is applied 
parallel to the X. axis and the resonance radiation observed 
parallel to Y, the electric vector of the incident light is parallel 



RESONANCE RADIATION 


269 


to the field, so that only the tt component is absorbed. Since no 
transitions can occur between the magnetic levels of the 6®Pi 
state, the radiation emitted will be a rr component and. will have 
its electric vector parallel to the field. If the field is parallel to 
the Z axis the a components will be absorbed in this case and 
will be consequently re-emitted, and these will be circularly 
polarized about the field. The observation direction is, however, 
along the Y axis perpendicular to the field, so that the radia¬ 
tion appears plane polarized parallel to X, as in the corre¬ 
sponding classical case. All other cases discussed under the 



Fig. 73. Zeeman diagram for the line . 

classical theory when the field is perpendicular to the observa¬ 
tion direction give analogous results. 

Two oases remain to be discussed, (1) when there is no 
magnetic field and the Zeeman separation vanishes, and 
(2) when there is a variable field parallel to the direction of 
observation. In the first case, when there is no magnetic field, 
all of the different m levels of the upper state fall together and 
the level is said to be ‘^degenerate”. In other words, one can¬ 
not tell whether the v or ct components will be excited, since 
their energy is the same. In order to get round this difficulty 
Heisenberg [24] suggested the “Principle of Spectroscopic 
Stability”, which postulates that, if a certain degree of polar¬ 
ization is obtained when there is a strong field in the direction 
of the electric vector of the exciting fight, then the same result 
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is obtained on decreasing the field slowly to zero. The reason 
for choosing the field in the direction of the electric vector is 
suggested by the classical theory, since the frequency and 
polarization of a classical oscillator are unchanged when a 
field is applied parallel to its direction of oscillation. Hanle’s 
and Wood and Ellett’s experiments in zero field are thus 
explained. 

Recently Dirac [7] has given a quantum theoretical treat¬ 
ment of an atom in a radiation field which has been very fruit¬ 
ful in giving correct expressions for dispersion and scattering 
of light. Weisskopf[51] has derived expressions for P and 
tan 2<j>, on the basis of this theory, for an atom showing normal 
Zeeman effect, that is, having one single lower magnetic level 
and three upper ones, as in the case of the 2537 line of mercury. 
Weisskopf’s expressions for this case agree with Eqs. ( 179) and 
(181). Recently Breit[4] has shown, by a generalization of 
Weisskopf’s results, that the formulas for the magnetic de¬ 
polarization of any resonance line are the same as the classical 
ones if the g factor is taken to be that of the upper level. 

5. EXPERIMENTAL VERIFICATION OF THE FORMULAS 
FOR MAGNETIC DEPOLARIZATION AND THE ANGLE OP 
MAXIMUM POLARIZATION IN THE CASE OF MERCURY 

Using the Nicol prism and photo-cell described above, von 
Eleussler measured the polarization and tan 2<j> for mercury 
resonance radiation as a function of the magnetic field applied 
in the direction of observation. The pressure of the mercury 
vapour corresponded to —21° C., and the incident radiation 
was polarized. His results, which will be discussed in detail 
in § 8, verify in general Eqs. (179) and (181) and lead to a value 
of the mean life of the state of IT3 x 10"'^ sec. 

Instead of using a magnetic field in the direction of observa¬ 
tion, Breit and Ellett [5] and Fermi and Rasetti [i4j studied the 
effect of an alternating field, produced by a vacuum tube and 
solenoid, on the polarization of mercury resonance radiation. 
The idea behind the experiment is the following. Suppose the 
mercury atom to be a damped classical oscillator which will 
process about a magnetic field with a Larmor frequency co . If 
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the reciprocal of the mean life of the oscillator (for Hg, lO'^seo."^) 
is of the same order of magnitude as the Larmor precession 
velocity, depolarization will occur in a steady field. If, how¬ 
ever, an alternating field of the same strength in gauss is used, 
and its frequency is much greater than the Larmor frequency, 
there will be no great effect on the polarization, since the 
Larmor precession will be first in one direction and then in the 
opposite direction, depending on the direction of the alter¬ 
nating field, and will be very small in either direction, since the 
field changes very rapidly. If the alternating frequency is less 
than the Larmor frequency, the oscillator will have time to 
process in the field before the direction of the field changes, and 
a consequent depolarization will appear. 

In Fermi and Rasetti’s experiments the magnetic field 
strength could be varied from 1*13 to 2-13 gauss. (1 gauss gives 
a Larmor precession velocity of about 1-4 x 10® seo.“^ for a 
classical oscillator.) The frequency of the field could be changed 
from 1*2 to 5 x 10® sec.“^. At 1*13 gauss and a frequency of 
5x10® sec.~^ they found practically no depolarization, whereas, 
at 1*87 gauss and the same frequency, depolarization was 
noted. At 2-13 gauss the depolarization was as large as in a 
stationary field. If the field strengths had been 3/2 as large as 
those given, the results could have been explained satis¬ 
factorily on the basis of the classical oscillator- The factor 3/2 is 
just the factor g which gives the relation of the classical Zeeman 
splitting to that observed; in other words, the precession 
velocity of the orbital electron of the 6 state of mercury is 
3/2 the classical Larmor precession velocity. The experiment 
gives an independent check on the factor g as well as on r, the 
mean life in the state. The equation for the polarization, 
as a function of the magnetic field strength and the frequency 
of the oscillator r, has been given by HreitL'^j and is 


r 2 / 

2iljLZ+ 

X — f/ Q I . I -i ~ - r * * • J 

\ P J 1 


ell 

where F is the polarization, = ^rrv, = y- — g 8 


J is the 


Bessel function of order n. 
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6. POLARIZATION OP SODIUM RESONANCE RADIATION: 
BREAKDOWN OP CLASSICAL THEORY 


6 a . Experimental Results on the Polarization of 
S oDitJM Resonance Radiation. The fact that the E> line 
fluorescence of sodium is polarized both in the absence of a 
magnetic field and with certain orientations of the field, was 
first shown by Wood and Ellett [54], and the experiments were 
repeated by Ellett [9] in the hope of getting more quantitative 
results. In these experiments both the D lines excited the 
fluorescence, and in observing the emergent light from the 
resonance tube no attempt was made to separate the two lines. 
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Fig. 74. Zeeman diagram for D lines. 


The values they obtained for the polarization, then, are to be 
taken for the two lines together. Pringsheim and Gaviola [38] 
used a spectrograph with Savart plate and Nicol prism in 
observing the polarization of the sodium fluorescence, and 
found that the line was always unpolarized and was un¬ 
affected by a magnetic field; whereas the D 2 showed 

polarization and was affected by a magnetic field. In their ex¬ 
periments the Dg never showed more than 25 per cent, 
polarization. In any theory derived from a classical isotropic 
oscillator one would expect 100 per cent, polarization for both 
lines, which is definitely not in agreement with the facts. 


6 b . The Zeeman Levels for Sodium; Van Vleck’s 
Formulas for Polarization. The Zeeman levels for the 
sodium T) lines are given in Fig. 74, and under each line is given 
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the relative intensity I of the line appearing in the pattern, 
together with the transition probabilities A.. 

From the considerations of § 46, it will be seen at once that 
the Djl line must be unpolarized, since both upper magnetic 
levels are connected with both lower levels. The absorption 
of 77 components, for example, populates both upper levels 
equally, and the return from these upper levels to the lower 
ones entails an emission of tt and a components of equal in¬ 
tensity, so that the resulting radiation is unpolarized. Due to 
the connection between both upper levels and both lower levels 
it is clear that the presence of a magnetic field in any direction 
will leave the polarization unchanged. When the Dg line, how¬ 
ever, is excited with light whose electric vector is parallel to 
the field (along OX. of Fig. 70), the two tt components are 
excited, populating the two middle upper levels. The atom 
returns to its normal state with the emission of two a com¬ 
ponents of intensity 1 each and two tt components of intensity 
4 each. The polarization observed (along O Y) is then 
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60 per cent. 


Van Vleck[48] has given formulas for calculating the polar¬ 
ization of any resonance line when the Zeeman transition 
probabilities are known. Consider plane polarized light exciting 
resonance radiation in a magnetic field H. Let 6 be the angle 
between E and H. Let be the transition probability of the 
linearly polarized Zeeman component originating in the upper 
magnetic state /x, and A^^^ be the sum of the corresponding 
probabilities for the two circularly polarized components. The 
number of electrons reaching the excited state p, is proportional 
to / (^^/^cos‘'^6+ l/2^jy/"'sin''^ 0), where / is the intensity of the 
incident light. This is true, since afc)sorption and emission 
probabilities are proportional to each other in non-degenerate 
systems and since linearly polarized light is only half as 
effective in exciting circularly polarized as plane polarized 
components. In returning from the state /x, a fraction of the 

electrons .— return by linearly polarized transitions, 

iS 


M Z 
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and a fraction 




by circularly polarized ones. If the 


resonance radiation is observed at right angles to the field, iJ, 
only half the circularly polarized light can be seen. The in¬ 
tensity of the components polarized along and perpendicular 
to the field is then 


^ - . {A^t^ cos2 e -h M sin2 6) 

■n=iio a - A . ?' !: - M cos^ e+iA„i^ sm^ e) 

.( 182 ), 


where the sum is to be taken over all Zeeman transition prob¬ 
abilities of the line in question. The polarization is, then, 

P = |^ .(183). 

i+v 

The transition probabilities A^f^ and A^i^ can be obtained from 
the Zeeman pattern intensities with the convention that 
A^f^ = intensity of a tt component and A^f^ = twice the intensity 
of a CT. The intensity of the tt and a components can in turn be 
calculated from the sum rule of Ornstein and Burgers. 

Since the total chance of leaving any upper magnetic level 
fjL is the same for each level, we may write 

A„f^ + A„i^ = A .(184). 

It is therefore seen at once that the denominators of the ex¬ 
pressions for ^ and 77 in Eq. (182) drop out of the calculation of 
P in Eq. (183). The expression for the polarization, as given by 
Van Vleck, maybe still further simplified when one remembers 
that there are 2j + 1 upper magnetic levels, so that 

'E{A„t^^A„^^) = {2j+l)A .(185). 

Furthermore, since, for an atom excited by isotropic radiation, 
the intensity of all the tt components must be equal to that of 
all the cr components, we have 


(186). 
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Substitution in (183) gives the relation 

(as ^ A (3 cos2 e-1) 

p_. \ _£_/_ 

(3 cos2 0 - 1) S A^(3- cos2 5) 

.(187). 

This formula has two very interesting consequences. In the 
first place, if the angle between the electric vector of the 
exciting light and the applied magnetic field is such that 
3cos^^= 1 (^ = 54° 45') the line will be unpolarized. This will 
be true for all resonance lines, as was first pointed out by Van 
Vleck. The so-called angle of no polarization has been measured 
by Hanle for mercury, and by Wood and Ellett for sodium, and 
found to be in agreement with theory. The second result to be 
obtained from Eq. (187) is a relation between the polarization 
to be expected when the electric vector of the exciting light is 
parallel to the field {0 = 0) and when it is perpendicular to the 
field (0 = 7r/2). Calling the two polarizations Pn and Pj_> 
respectively, one finds the general relation 

p • .(188), 

P |,-2 V 


which is again true for all resonance lines. 

When resonance radiation consists of two related resonance 
lines, as in the case of the D lines of sodium, the total polariza¬ 
tion of the two lines taken together may be calculated by 
choosing the transition probabilities in such a way that the 
chance of leaving any upper magnetic level /x of any upper state 
j is the same for any such level, and by taking care to bring in 
the correct relative intensities I of the two lines in the exciting 
source. 

In the case of the D lines of sodium a short calculation shows 
that the polarization is given by 


F 


9 cos‘^ 0—3 


(189), 


7 “I- 4^ -f" 3 cos“ 0 

where q is the ratio of the intensity of to in the source. 
Several interesting cases arise for computation. Let the in- 
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cident beam travel along OZ (Fig. 70) and the resonance 
radiation be observed along O Y. 

(1) It follows from Eq. (187) that the line alone is un¬ 
polarized. This also follows from Eq. (189) by putting g == oo. 

(2) For the Dg hne alone, q = 0. Let the electric vector of the 
exciting light and the magnetic field be along JT. Then ^ — 0 
and we have P= 60 per cent. 

(3) For Dg alone, let be parallel to the exciting beam, then 
6 = TT12 and P=: 43 per cent. This result holds also if the light is 
unpolarized. 

(4) For both lines together, when q= 112; under conditions 
of (2) above, P = 50 per cent.; and for (3) above, P = 33 per cent. 

When there is no magnetic field the polarization can be 
calculated by putting 6 = 0, on account of spectroscopic 
stabihty. Other interesting cases can be calculated at the 
pleasure of the reader. 

6c. Further Comparison op Experiment with Theory. 
In two experiments the polarization of the two D lines was 
measured separately. Pringsheim and Gaviola [38] separated 
the two D lines in the fluorescence by means of a spectrograph, 
while Datta [6] separated the two lines in the exciting beam by 
means of rotatory dispersion of a quartz crystal and measured 
the fluorescence visually. Both observers agree that the 
is always unpolarized in accordance with theory. 

For the Bg alone, Datta made observations of the polar¬ 
ization as a function of the pressure of sodium vapour in the 
resonance tube. The results of his experiment, made in the 
absence of a magnetic field, are given in Table XLVI below. 


Table XLVI 

Efeect op vapour pressure 0]sr polarization 


Temperatures 

°C. 

Polarization 
(per cent.) 

Pressure of Na 
(mm. Hg) 

150 

24 

4-8 X 10-« 

140 

26 

2-2 X 10-« 

135 

27-5 

1-6 X 10“« 

125 

31 

8 X 10-’ 

115 

1 

33 

3 X 10-’ 
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It will be seen from the table that the polarization depends 
markedly on the vapour pressure of sodium. The explanation 
of this fact will be fully discussed in a following section, but it 
is sufficient to point out here that this phenomenon is due to 
disturbing effects of neighbouring atoms. At the lowest pres¬ 
sures at which Datta could work, the polarization was never 
more than 33 per cent., whereas the theory predicts 60 per cent. 
He believed that the polarization-pressure curve was approach¬ 
ing 60 per cent, asymptotically, and that if experiments could 
be made at lower pressures the theoretical value of 60 per cent, 
would be obtained. This argument is not convincing when one 
looks at the polarization-pressure curve in question. Ellett [lO], 
on the other hand, measured the polarization of the two D 
lines together and found a polarization of 16*3 per cent. This 
degree of polarization remained the same for vapour pressures 
of sodium from 3 x 10~'^mm. (115° C.) to 1-9 x 10“®mm. (80° C.), 
i.e. much lower pressures than used by Datta. Assuming that 
the exciting source gave the D lines with the ratio g = 1/2, Ellett 
calculated the polarization for Dg alone to be 20T per cent, 
instead of the 33 per cent, found by Datta. More recent experi¬ 
ments of Heydenburg, Larrick and Ellett [26] give 16*48 ± 0*33 
per cent, for the two D lines together, and about 20*5 per cent, 
for the Dg line alone. Ellett’s work shows that decreasing the 
vapour pressure certainly did not lead to the theoretically 
expected value of the polarization (for both lines g=l/2, 
P~ 50 per cent.). 

In this connection, we shall discuss an experiment by 
Hanle[22], who excited polarized sodium resonance radiation 
by means of the circularly polarized light of both D lines. The 
exciting light contained only the left-handed circularly polar¬ 
ized components of the two D lines. The resonance tube was 
placed in a magnetic field parallel to the exciting light beam 
and observations were made in a direction nearly parallel to 
the exciting beam. With this arrangement one would expect 
only the — 1/2 and — 3/2 levels of Dg and the — 1/2 level of D^^ 
to be excited. In fluorescence one should obtain two left- 
handed circularly polarized components and a linearly polar¬ 
ized component (parallel to the held) from D.^, and one left- 
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^Landed circularly polarized and one linearly polarized com¬ 
ponent from D^. Since the linear components are polarized 
parallel to the magnetic field and hence to the direction of 
observation, one should see no light from these, and the reso¬ 
nance radiation should be 100percent, polarized (left circular). 
After making suitable corrections for the fact that observations 
were made at a small angle to the fluorescent beam, Hanle was 
able to show that the polarization, in zero field and at the 
lowest vapour pressures at which the experiment could be 
carried out (100° C.), was only 60 per cent, instead of 100 per 
cent, as expected. With large magnetic fields the polarization 
was not more than 85 per cent. 

With a magnetic field parallel to the electric vector of the 
exciting light EUett[9] observed 45 per cent, polarization 
{H = 60 gauss) for the two D fines, whereas Datta observed 
56 per cent, polarization for the D 2 fine alone {H — 250 gauss). 
For large magnetic fields, then, it would appear that the 
theoretical values of the polarization as given by the Zeeman 
effect theory have been approached (see § 8/). 

We must remark at this point that the polarization found 
by experiment is usually less than that predicted by the simple 
Zeeman effect theory. This discrepancy may be due to diffi¬ 
culties in carr37ing out the experiments or to an over-simplified 
theory. The experimental difficulties, such as the pressure 
effect, will be discussed in following paragraphs, as will also 
theoretical difficulties, such as the effect of hyperfine structure. 
The discussion in the preceding sections is meant to show the 
development of the theory in its broad outlines and to correlate 
polarization measurements with the simple Zeeman effect 
theory. 

7. POLARIZATION OF RESONANCE LINES OF OTHER 
ELEMENTS: MEAN LIVES OF SEVERAL 
EXCITED STATES 

7 a. Hesonance Lines. The only other elements, with lines 
having simple Zeeman patterns like mercury, that have been 
investigated are cadmium and zinc. MacNair [30] and Soleil- 
let[44] investigated the resonance fine 3261 (S^Sq-S^Px) of 
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cadmium. The former, using rather high vapour pressures 
(temperature of cadmium reservoir 210° C.) and a sealed-ofE 
resonance vessel, found only 30 per cent, polarization. Later, 
Soleillet found higher values for the polarization. At 210° C. 
he verified MacNair’s value of 30 per cent., but on decreasing 
the pressure of cadmium vapour to a vapour pressure corre¬ 
sponding to 170° O., he found the polarization to be 73 per 
cent, and to remain constant as the temperature was lowered 
to 115° 0., in a zero magnetic field. Later experiments, in 
which the resonance tube was always attached to the pumps, 
gave 85 per cent, polarization in a zero field or in a field in the 
direction of the exciting beam (no polarizer was used in these 
experiments). These last experiments of Soleillet are probably 
better than the earlier ones, since the resonance tube was freer 
from any gaseous impurities than in the former. Ellett and 
Larrick[i2], by very careful experiments, found 85—87 per cent, 
polarization when the vapour pressure of cadmium in the 
resonance tube corresx>onded to 146° C. They found that at 
168° C. the depolarizing effect first set in. The expeiuments 
were performed in a strong magnetic field in a direction parallel 
to the exciting light beam, which was unpolarized. On the 
basis of the simple theory the cadmium 3261 line should show 
100 per cent, polarization in a zero field or one parallel to the 
exciting light beam, since the line is entirely analogous to the 
mercury 2537 line. 

Tabujs XLVII 

CAl)MHI!Vr 3261, magnetic bepocarization 


Magnetic field 
(gaii8s) 

l;*olaT*izafvion 
(poi- cent.) 

o-oo 

85 

0014 

55 

0-028 

27 

0-056 

7 


Soleillet, using unpolarized exciting light, found that very 
small fields in the direction of observation of tlie resonance 
radiation had a large depolarizing effect. From the data given 
in Table XLVII, and using f/ = 3/2, Soleillet found the mean 
life of the 5^Fj^ state to be 2 x 10“® sec. 
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Soleillet also investigated the singlet resonance line of cad¬ 
mium at 2288 and found a polarization of 60 per cent, in the 
absence of a field. According to the theory, this should also 
show 100 per cent, polarization. Ellett and Larrick found 
76*3 per cent, polarization for this line at low pressures and in 
a magnetic field parallel to the exciting light beam. Soleillet 
found, however, that much larger fields in the direction of 
polarization were necessary to depolarize the radiation than in 
the case of the 3261 line, as is shown by Table XLVTII. 

Table XLVIII 

Cadiviitjm 2288 , mag-netio depolarization 


Magnetic field 
(gauss) 

Polarization 
(per cent.) 

0 

60 

O-03-^l 

49 

25 

43 

50 

38 

100 

31 


From these data he computed a short mean life, of the order 
of 10~® sec., for the state of cadmium. Soleillet [45] also 

measured the polarization of the two resonance lines in zinc, 
3076 and 2139. For the 3076 line, he found a maximum polar¬ 
ization of 67 per cent, in the absence of a field or in a field 
parallel to the exciting beam. Extremely small fields in the 
direction of observation were found to depolarize the resonance 
radiation completely, so that he calculated a mean life of 
■r— 10~^ sec. for the 4^1^^ state. The singlet line 2139 showed 
about 50 per cent, polarization in a magnetic field parallel to 
the exciting beam. 

7 b. Line Fluorescence, According to the theory of the 
classical isotropic oscillator, one would expect that, if reso¬ 
nance radiation were polarized, the direction of polarization 
would be parallel to the exciting hght beam. In direct con¬ 
tradiction to this, and in qualitative agreement with the 
simple Zeeman theory, are the experiments of Giilke[i8] on 
thallium line fluorescence. According to our discussion of this 
phenomenon given in Chap, i, we note that excitation is due 
to the absorption of the lines 3776 and 2768, and that the 
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emitted line fluorescence contains the four lines 3776 ( 6 ^Pi/ 2 ~ 
72 S 1 / 2 ), 5350 ( 62 P 3 / 2 - 72 S 1 / 2 ), 3530 and 2768 

The Zeeman levels of the states in question are 
given in Pig. 75 with only one-half the number of transitions 
drawn. It will be seen at once that, since and 7 have 

only two magnetic levels each, both magnetic levels of 7 
will be equally populated, independent of the polarization of 
the incident beam. Consequently, the lines 3776 and 5350 
emanating from the 7 state will show zero polarization in 


2768 3330 rn 

i 



TT cr <rncr crircr TTo-aTrar 



20 40 60 40 20 

Fiff. 75. Zeeman diagram for thallium. 


all cases, analogous to the Dj^ line of sodium. The state, 

on the other hand, has four magnetic levels, so that differential 
population of the upper levels may occur. Making use of the 
transition probabilities of the various Zeeman components as 
given in Fig. 75, it is easy to show that, in a zero magnetic field, 
2768 should be 60 per cent, polarized parallel to the electric 
vector of the exciting beam (since the intensity of the tt com¬ 
ponents is greater than of the o-’s), and 3530 should be 75 per 
cent, polarized perpendicular to the direction of polarization 
of the incident 2768 beam. 

Using a polarized light source, and observing the resonance 
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radiation with a double-image prism and spectrograph, Gulke 
found that 5350 and 3776 were unpolarized and that 2768 was 
polarized to the extent of 55 per cent, parallel to the polariza¬ 
tion of the exciting beam, and that 3530 was 60 per cent, 
polarized perpendicular to it, in qualitative agreement with 
the theory. Giilke also found that high vapour pressures of 
thallium caused the percentage polarization of both lines to 
decrease. The figures given above refer to the percentage 
polarization at the lowest vapour pressure at which the experi¬ 
ment could be made, and probably represent the maximum 
polarization observable in a zero field. 

Formulas for calculating the polarization of any fluorescent 
line may be derived from considerations similar to those given 
in %6b. Consider a fluorescent line be (Fig. 76) which may be 




excited by absorption of the line ab. Let a given magnetic sub- 
level of b be designated by jul, and similar magnetic sub-levels 
of a and c by m and m'. Let the chance of reaching a given 
magnetic level of b by the absorption of tt- or o- components of 
ab be and respectively. Similarly, let the chance 

of leaving the level by a tt or o- component of the line be be 
and The ^ and 77 components of the intensity of the 

line be will be given by 




cos 2 0 H- i-sin 2 6) 




V = i^ab ^ bep, cos2 $ + ^A^^^ siii^ 6) 




.(190). 

% 
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Helations similar to Eqs. (184), (185), (186) hold for ah and 6c, 
so that a calculation shows that 


he 


^3 S (3 cos2 ^ — 1) 


S (3 cos2 ^ - 1) + (3 

IX. 5 


and for the important case of ^ = 0 , 


cos^ 0) 
.(191), 


iO = 0 ) 


IX 


2j>5 4- 1 j^hc J^cth 


S AJ«=V-A^<^V- + ^6o_4af> 

ju, 3 

.(192). 

In this formula A^^ is the total chance of leaving a level p:, of 6 
by the path ah, and A^^ that by the path he. If the polarization 
of only one fluorescent line is to be calculated, one can make 
A^^ — A^^ and weight the transition probabilities of the various 
Zeeman components in such a way as to give this result. When 
two or more iiuoresent lines are not resolved, a case which 
rarely arises when hyperfine structure is not considered, the 
transition probabilities of the Zeeman components must be 
weighted in such a way as to ensure that the relative intensities 
of the fluorescent lines will conform to the sum rule for in¬ 
tensities. 


8. EFFECT OF HYPERFINE STRUCTURE ON THE 
POLARIZATION OF RESONANCE RAUIATION 

8a. i>ETAiLED Experimental Investigation of the 
Polarization of Merourv Resonance Radiation. Before 
going on to a description of f urther experiments on the polar¬ 
ization of line fluorescence and to a detailed discussion of the 
effect of collisions and imprisoned resonance radiation on 
polarization, it will be well to make a more careful examination 
of the agreement between the observed degree of polarization 
of the lines so far discussed and that to be expected from the 
simple theory. Certain discrepancies between experiment and 
tlie simple theory are apparent at once. The experimentally 
observed degree of polarization of the 2537 resonance line of 
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mercury and that of the 3261 resonance line of cadmium are 
about 80 per cent, and 86 per cent, respectively, whereas the 
theory predicts 100 per cent. For the Da line of sodium, on the 
other hand, the theoretically predicted degree of polarization 
is 60 per cent, and that observed not more than 20-5 per cent. 
It seems certain that these differences are real and are not due 
to the effect of imprisoned radiation, depolarization by colli¬ 
sion, or finite aperture of the exciting and fluorescent beams. 
Thus, the degree of polarization has been measured as a 
function of vapour pressure to such low vapour pressures that, 
in this region, the polarization was found no longer to depend 
on vapour pressure. It is of interest, therefore, to find a reason 
for the difference for the existing discrepancy. 

Von Keussler [49] suggested that the discrepancy, in the case 
of mercury, might be due to the hyperfine structure of its 
resonance line. MacNair [3i] measured the Zeeman effect of 
these h.f.s. components. In a zero field he found the wave¬ 
lengths of the components to be —25*4, —10-3, 0-00, 11*6, 
21*5 mA. In magnetic fields up to 5800 gauss, the latter four 
became triplets with 3/2 the normal separation, the parallel 
(tt) components of each ‘dine” maintaining the same relative 
positions as the field is increased. The h.f.s. line at — 25*6 is not 
so simple, however. The perpendicular (a) components of this 
line behave as the perpendicular components of a 3/2 normal 
triplet which starts at —25*6, but the parallel (tt) component 
increases in wave-length with increasing field. He suggested 
that the anomalous behaviour of the —25*4 mA. component 
might account for the fact that mercury resonance radiation 
is only 80 per cent, polarized instead of 100 per cent., as would 
be expected for a 3/2 normal triplet. 

Ellett and MacNair [13], therefore, investigated the h.f.s. and 
polarization of mercury resonance radiation. Their apparatus 
was as follows: a resonance bulb, containing mercury vapour, 
was placed in a large coil capable of producing fields from 0 to 
3460 gauss. The bulb was radiated from either side by polarized 
light from two water-cooled and magnetically deflected mer¬ 
cury arcs. The resonance radiation was observed in a direction 
perpendicular to the two exciting beams by means of a 
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Wollaston prism and Liimmer-Gehrcke plate. The fringe 
system, formed in the Lummer-Gehrcke plate, from both 
images from the Wollaston prism was photographed simul¬ 
taneously on a photographic plate. 

In one experiment the mercury vapour pressure corre¬ 
sponded to — 18° C., the electric vector of the exciting light 
was vertical, and the bulb was in zero field. Hyperfine- 
structure pictures of the resonance radiation, previously shown 
to be 80 per cent, polarized with E vertical, showed that the 
vertical component consisted of the four lines — 10*4, 0*00, 11*5 
and 21-5 mA. and the horizontal component of only one line 
— 25*4 (perhaps also 21-5). With the mercury vapour pressure 
corresponding to 0° C. the jDolarization was less, and the added 
intensity in the horizontally polarized beam was distributed 
over all five h.f.s. components. This shows that the depolariza¬ 
tion is due to imprisoned resonance radiation or collision. With 
a strong magnetic field parallel to the exciting hght vector, and 
at the lower mercury vapour pressure, the results remained 
the same as in the first experiment for fields up to 3450 gauss. 
Later exf)eriments by Ellett[iij showed that, when mercury 
resonance radiation is excited by polarized light containing 
only the two outer h.f.s. components, the polarization is 
markedly less than 80 per cent. 


85. Theory op the Effect of Hyperfine 8truotijre on 
TH E Polarization of Resonance Radiation. The formulas 


for tlie polarization of a resonance line which consists of several 
h.f.s. components may be derived with the help of our discus¬ 
sion of the nature of h.f.s. gi ven in Chap, i and the apx>lication 
of the formulas given in §06 of this chapter. Let us first ex¬ 
amine the very siinjile case of a resonance line of an element 
consisting of only one isotoiie of nuclear spin i. Each electronic 
level y will therefore sjilit into a number of hyperfine levels/, 
and oidy those Iv.f.s. com]ionents will ajixiear for which the 
selection rule is obeyed. 

Now, it can be shown that, in the jiresence of a small 
magnetic field, every hyjierfine level / will split into 2f+ 1 
magnetic sub-levels, such that the quantum number m of each 
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sub-level has values differing by unity and ranging from 
/ ^ m ^ —/. With these considerations in mind, it is a simple 
matter to construct the Zeeman diagram of any given h.f.s. 
component. It is apparent that the diagram for a h.f.s. com¬ 
ponent, having an upper level and a lower level , will be 
entirely analogous to that of a gross line not showing h.f.s., and 
whose upper state has a quantum number ^‘2 numerically equal 
to /a and a lower state with a quantum number numerically 
equal tof ^. The relative intensities and transition probabilities 
of any Zeeman component can be calculated in a manner 
analogous to that for a line not showing h.f.s. by substituting 
/ for j in the intensity formulas. 


a h A 



If a line consist of several h.f.s. components which are not 
resolved by the apparatus employed, it is necessary to re¬ 
arrange the transition probabilities of each line so that the 
relative intensity of each h.f.s. component will be in accord 
with the sum rule. This may be done in a variety of ways, but 
is best accomplished by making the total transition probability 
from any upper magnetic sub-level of any h.f.s. level the same 
for all such levels. This process is illustrated in Fig. 77, patterns 
cc and 6, for a hypothetical line of the form with i = 1/2. 

The numbers at the bottom of the diagram are the transition 
probabilities for the Zeeman components in question. It will 
be noticed that the chance of leaving any upper magnetic 
sub-level is in this case 6. 

We may now calculate the polarization to be expected for 
the simple case of an element consisting of one isotope having 
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a spin i. Let the lower state have a quantum number Jo with 
fine quantum numbers/^, each divided into magnetic sub- 
levels designated by m, and the upper state a quantum number 
jjy with fine quantum numbers , each divided into magnetic 
sub-levels designated by /x. The number of atoms associated 
with any hyperfine stateof Jq will be 

A/"' = (^/g'b ^ 

(2io+l)(2i+l)’ 

where N is the total number of atoms. The number of atoms in 
any one magnetic level m of the lower state is 



N 

(2Jo +l) (2^4-1) 


(193). 


Now the chance of an atom arriving in an upper state /x of 
will be proportional to the number of atoms in the lower level 
to the intensity of radiation of suitable frequency to 
excite the h.f.s. component Ip{fb,fa)> transition 

probabilities The chance of reaching a magnetic 

sub-level /x of is therefore 


NI Ah Ja) 

(2io+ 1) (2'^ + 1) 


\_Ajt^i^ cos^ 6 -4- hAJbi*' sin^ 


(194), 


The relative chance of leaving the level p. by a component is 
A 

, with a similar expression for the a components. 

The contribution to the intensity of the radiation which is 
polarized along or perpendicular to the field and comes from 
the level/,, is 

^ ^ GNIALJa) V _ 1 

{■2j„ + 1) + + 

cos'”^ 0 + sin/^ 0 ] 

" (^0 + iRa*-f I) ■ 'IT A„hi--+Ahi- 

6 + sitf'^ 6^] 

.(195). 
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Since a great number of experiments are performed under 
conditions in wliicli the excitation is of type A, the resonance 
tube is in zero magnetic held, the incident light is polarized 
with electric vector vertical, and the observation direction is 
perpendicular to the exciting beam and the direction of the 
electric vector, it will be worth while to write down the 
formula for this case. Here 9 = 0, Ip > 


etc.: 


N 


OL 


Po 


(2^q,+ 1) I 


1 3 2 


H- 




ESE 


( 202 ). 


Sc. Theory op the Eppect op Hyperfinb Stritctore on 
THE Polarization op Line Pltjohesobnce. The problem of 
the polarization of hne fluorescence may be treated in a 
similar manner to that of resonance radiation. Consider three 
atomic energy levels a, b, c in Eig. 76. Let each level be divided 
into hyperfine levels designated by /^, /<.. We wish to 

calculate the polarization of the line be excited by the absorp¬ 
tion of ab. By the usual calculation it follows that 

I^bc {fb^) 

= 32 A‘^A‘’A (Scosafi*- 1) 

+• a 1 jx 3 J 

-- 2 { 2 (3 cos® 0-1) 

+ ^ — A <^(3 - cos^ 6 )I .(203), 

if broad hne excitation is used. Here is the chance of 

reaching the magnetic sub-level ju of/j,“ by the absorption of 
a '7T component in the line ab\ is the total chance of 

leaving p. of/j, by making sH possible tt transitions to all states 
/e of c. Similarly is the transition probability for any level 

ju, of/* with regard to the hne ab, and is the total chance of 
leaving any level fj. oifj, with regard to the hne he. Since ah is 
a resonance hne, AJb^^> and may be calculated according 
to the rules for resonance hnes. Since be is a fluorescent line. 
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care must be taken in calculating so that the correct 

relative intensities of the h.f.s. components of he will be 
preserved. In general, several h.f.s. components may be 
excited by the absorption of one h.f.s. component of ah. 
Since, however, the gross line ah is usually separated from 
the gross line 6c, it is sufficient to let be numerically 

equal to 


^ d . Comparison of Experiment with Present Theory 
OF Polarization. Cad^niurn. Schuler and Xeyston[43j have 
shown that the h.f.s. of the cadmium lines may be accounted 
for by assuming that the even atomic weight isotopes have no 
nuclear spin, while those of odd atomic weight have a spin 
i= 1/2. The Zeeman diagrams for the two resonance lines 3261 
and 2288 will be similar and are given in Fig. 77. In this 
diagram the non-spin isotopes are denoted by A and those with 
spin i~ 1/2 are denoted by a and b respectively. The adjusted 
transition probabilities for the nr and a components are given 
at the foot of each diagram. The calculation of the polarization 
for various types of exciting sources and of magnetic field, has 
been carried through by Mitchell [331 and more correctly by 
E1 lett and Larric k [ i'2 \. 


Measurements of the polarization of the two lines 2288 and 
3261 were made by Ellett and Liirrick. The polarization was 
observed at riglit angles to tlie e.xciting l> 0 am, which was un- 
]>olarized. The resonance vessel was situate<l in a magnetic 
field of 4-6 gauss parallel to the exciting beam, and the vapour 
pressure of cadmium in the resonance tube was ke|>t as low as 
[)ossible (PO-lor)"’ O. fV)r 2288; 14(P (1. for 3261). The observed 
polarization in the case of 2288 was 7(>-3 ])et.* cent, and in the 
case of 32()1 was 86-87 i>er cent. 

The calculation may he carried out with the following as¬ 
sumptions. The al>sorj)tion coefficient for the line 2288 is liigh 
enough, so that tlie source used may l)e considered as giving 
broad lines. In the case of the 3261 line, however, the exciting 


lain]) was o])erated in such a, way (small amounts of cadmium 
in a hydrogen discharge) that the authors believe that it ex¬ 
hibited narrow line characteristics. If we assume that the 
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li.f.s. component due to the even isotopes {A) coincides with 
the stronger line (a) of the odd isotopes, then the relative inten¬ 
sity of the exciting lines will he = 2 -h 3y; /^ = 1, where 

y is the ratio of the even to the odd isotopes. One can immedi¬ 
ately calculate the polarization to be expected if y is known. 
Schuler and Keyston obtained the value y —3*34 from their 
measurements on the h.f.s. of certain cadmium lines. Using 
this value of y, 6 = 7 r/ 2 , and I—— Eqs. (200) and (201) 
give P = 80*5 per cent, for 2288, which is not in good agreement 
with thd observed value of 76-3 per cent. Taking the observed 
polarization as correct, a value y==2-53 is calculated, which, 
when used to calculate the polarization of the 3261 line under 
the above assumptions concerning the source, gives P = 86-l 
per cent., in good agreement with the observed values. The 
reason for the discrepancy between the value of y obtained 
from measurements of the intensities of h.f.s. components of 
visible cadmium lines and that obtained from the polarization 
of ultra-violet lines is not apparent. 

Mercury. As has been shown in Chap, i, § 8, the h.f.s. of the 
2537 resonance line of mercury is complicated by the over¬ 
lapping of components due to various isotopes, so that the 
calculation of the polarization becomes rather involved. The 
calculation has, however, been carried out by Larrick and 
Heydenburg [29], von Keussler [so] and Mitchell [34]. The Zeeman 
diagram for all the h.f.s. levels involved is given in Fig- 7 8. The 
letters A, A, P, a, etc. above each diagram correspond to the 
various h.f.s. components given in Fig. 12 of Chap. i. The 
numbers at the bottom of each Zeeman transition are the 
transition probabilities for the line. In the case of the isotopes 
199 and 201, only half of the transitions are drawn. 

In the case of broad line excitation, the intensity of each 
h.f.s. component is placed equal to unity, and the relative 
numbers of atoms of given isotopic kinds are given by 
(even atomic weight) = 0*6988, = 0-1645, ^ 20 ^= 0-1367. 

For narrow line excitation, the relative intensities of the 
various components are given in Fig, 12 of Chap. i. The cal¬ 
culation is then carried out with the help of Eqs. (200) and 
(201). The results of the calculation are given in Table XEIX- 
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The results are in substantial agreement with experiment. 
Von Keussler, using the usual mercury arc, found 79*5 per cent, 
polarization, while Olson [37] varied the current in his source 
and found 79 per cent, with a current of 3*5 amperes, 84 per 
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Fig. 78. Zeeman diagram for 2537 (showing h.f.s.). 


Tablk XJLIX 
POLAKIZATION OF 2537 


Excitation 

1 ’'olarization (per 

cent.) 




Ilroad lint‘ 

Narrow lino 

84-7 

88-7 


73-5 

81 2 


cent, at 1 ampere, and 86 per cent, at 0*4 ampere. Both experi¬ 
ments were performed in a zero magnetic held ((? —O). 

The experiments of Ellett and MadSTair [13], on the polariza¬ 
tion of the separate li.f.s. components of 2537, showed that the 
three inner components (11*5, 0, — 10*4 mA.) were practically 
completely polarized, whereas the two outer components 
showed incomplete polarization. Table B gives the results of 
the calculation for the polarization of each h.f.s. component in 
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zero magnetic field. Tlie agreement between tbeory and experi¬ 
ment may be considered as satisfactory. 

Table L 

Polarization of separate h.f.s. components of 2537 


Component 

Polarization 
(per cent.) 

21-5 

55-9 

11-5 

lOO 

0-0 

lOO 

- 10-4 

84-8 

-25-4 

51-4 


Sodium. Sodium has but one isotope. The D lines of sodium 
are known to show h.f.s. components, but owing to experi¬ 
mental difficulties an unambiguous -value of the nuclear spin 
i has not until recently been found from direct measurement 
of its structure. Heydenburg, Larrick, and Ellett [26] used the 
method of polarization in an attempt to determine the spin. 
By the use of the Cornu method they found the polarization of 
the two D lines together to be 16-48 ±0-33 per cent., and of the 
Dg hne alone to be 20*5 per cent. They calculated the polariza¬ 
tion to be expected for various values of the nuclear moment, 
and their results are given in Table LI below. The value i = 3/2 


Table TI 
SOBITTM D LINES 


i 


P 1>2+T>i 

0 

60 

50 

1/2 1 

40-54 

33-33 

1 

20-50 i 

16-6 

3/2 

18-61 

15-07 

2 

17-33 

14-02 

5/2 

16-47 

13-32 

3 

15-91 

12-84 

7/2 

15-54 

12-56 

4 

15-28 

12-35 

9/2 

15-09 

12-19 

5 

1 14-28 

{ 

11-54 

i 

Observed 

16-48±-33 
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V 

has been obtained from three independent methods by Rabi 
and Cohen [39], Granath and Van Atta[i7], and XJrey and 
Joffe[47]. It appears certain, from the work of these in¬ 
vestigators, that the value ^ = 3/2 is the correct one. It may 
be seen from Table LI that the experiment appears to be in 
agreement with a value i=\. Owing to the fact that the 
separations of the upper h.f.s. levels are small, certain cor¬ 
rections have to be made to the calculation. The necessary 
corrections have been pointed out by BreitM, and a calcula¬ 
tion, performed by Heydenburg and Ellett, appears to show 
that the experimentally observed value of the polarization 
is in accord with a value of ^ = 3/2. 

Thallium. Ellettlioj has carried through similar calculations 
for the slightly more complicated cases of thallium resonance 
radiation and line fluorescence. He used the h.f.s. data of 
Schuler and Ilrlick[ i2 i who found a moment i= 1/2, and made 
the calculation for a magnetic field parallel to the electric 
vector of the exciting light (and hence also for a zero field). 
He further assumed that the two isotopes (203 and 205) be¬ 
haved as one entity with a moment i— 1/2. In calculating the 
relative intensities of the h.f.s. components for a narrow ” line 
source, he used those obtained from tlie h.f.s. sum rule. The 
results of the ca lculation are com pared with experiment in the 
folio wing table. 

Tab L IS IjII 


Line 


Pt)lixrization (j>cn' co.nt.) 


Nucioar moment 





1/2 

( ) l)B('rVtHl 



vl 

B 


27(58 

1 <)() 

4 33-2 

1- 3r>-1 

(470" 0.) 


-7o 

41 « 

-48-8 

- (50 (470" 0.) 

;{77(> 

0 

0 

0 

0 

o'Am 

0 

0 

0 

0 


+ nKiaiiH paralU'l to electrit- voclior of c^Kcititig light. 

— mc'a.iiH ))orp<^ll(li(■ular to olootric voctor of (vxciting light. 
/I, l>roa(l liiK-^ ox<utation; //, narrow liiic. 


l^he exj)erimonits used for comparison in the case of 2768 and 
3530 are those of GiilkoiiHi, taken at the lowest pressure at 
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which he worked. The experiments on 3776 and 5350 are due 
to EUett [8], It will he seen from the table that the polarization 
of 3776 and 5350 is always zero, independent of the assumed 
nuclear moment, and the results agree with experiment. The 
quantitative agreement between theory and experiment for 
the two polarized lines is, however, not good. 

8 e. Effect of Hypebfihe Steuottjiie on Maonetio 
Depolabxzation and the Anole of Maximum Polari¬ 


zation. It is of interest now to discuss the effect of h.f.s. on 
the magnetic depolarization of resonance radiation, especially 
since the problem has an important bearing on the value of the 
mean life of a given state as measured by the depolarization of 
a fluorescent line coming from that state. We have seen that 
the classical theory gave a formula connecting the mean life 
with the polarization of a line when it was measured in a weak 
field parallel to the direction of observation. Recently Rreit [4J 
has applied the quantum theory of radiation to the problem 
and has derived formulas for the magnetic depolarization and 
angle of maximum polarization of a resonance line in weak 
magnetic fields. 

If plane polarized light is incident on a resonance tube, and 
the resonance radiation is observed in a direction at right angles 
to both the exciting beam and its electric vector, and if a weak 
magnetic field H is applied parallel to the direction of observa¬ 
tion, the polarization as a function of the field is given by 


P{H)^ 


S ■ 




,(204), 


In the formula, P (H) is the polarization of a resonance or 
fluorescent hue in a field iT, Pq {fiP) is the polarization in zero 
field of the components coming from an upper hyperfine state, 
of an isotope a, g^^a. is the hyperfine p-factor for that state, 
and T is its mean life. The values of Pq (/{>“) may be obtained 
for any line from Eq. (202), or Eq. (203) in the case of 
fluorescent lines, and the p-values in question may be calcu¬ 
lated from the usual formula***. The angle of rotation of the 

* See Li. Panliag and S. Gondsmit, The Structure of Line Sspectra, McGraw 
HiH Book Company, p. 219. 
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plane of polarization, i.e. the angle of maximum polarization 
</>, is given by 


where 


E^sin 2</> cos 2<j> (/^“) 
tan 2</) = — 

^ E Po(/5“)co8-2(/)(/^“) 

0^,fb^ 


tan 2^ (/^“) = 


eP 

me 


. 9 ^/< 


“•T 


(205), 


(206). 


Mitchell [35] has used these formulas to calculate the mean 
lives of several excited states from already existing data for 
P (H) and tan 2<j>, and to see what error may have been made 
in T owing to the neglect of h.f.s. In carrying out the calcula¬ 
tion, it is assumed that r is the same for any h.f.s. state of each 
isotope and is equal to the mean life of the atom in the excited 
state ('/?-, I, j). This assumption has theoretical justification, 
although a direct experimental proof of it is lacking. Indirect 
evidence as to the validity of the assumption is, however, con¬ 
tained in the fact that calc illations made usi ng the assumption 
are in accord with experimental facts, as will be evident from 
the following discussion. 

The calculation has been made for the 2537 resonance line 
of mercury, using the data given in Table Till together with 
the value of t = 1*08 x 10“'^ sec. This value of r is that obtained 
by Garrett, and has been shown to be in agreement with 
absorption coefficient data by Zemanaky and Zehden (see 
(diap. III). The values of Po (./),“) given in the tatile are calcu¬ 
lated with the help of Tq. (202). The results of the numerical 
calculation of P {H) and tan 2f/) are plotted in Tig. 79 and 
Tig- 80. Idle ujipei* curve of Fig- 79 gives P (//) as a function of 
magnetic field obtained from Kq. (204). '"fhe lower curve is a 
hypothetical curve obtained on tlie aBsumption that the line 
2537 was due to isotojies having no nuclear spin and with a 
(/-value for the 6‘fTj state of 3/2, but that, for some unknown 
reason, the polarization in zero field was only 84*7 per cent, 
instead of the expected 100 per cent. Some experiinentalists 
have made exactly this assum|)tion in calculating t for mer¬ 
cury and cadmium resonance radiation. The lower curve, 
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Table LIII 




Pig* 79. Polarization of 2537 as a function of weak magnetic fields. 
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therefore, shows the error in such a procedure for the case of 
2537 ; and it is seen to be quite small. The experimental points 
plotted for comparison with the theory are those obtained by 
Olson [37] and by von Keussler [lO]. The circles represent experi¬ 
ments made by Olson with his mercury arc operating under 
such conditions that the polarization in zero field is that given 
by theory. It will be seen that the points fit the theoretical 
curve, with r = 1*08 x lO-"^ sec., within the limit of experimental 
error. Olson obtained a value for t of 0-98 x 10“'^ sec. from a 
method of handling his results which did not involve the con¬ 
sideration of h.f.s. The triangles on the diagram represent ex¬ 
perimental points in which the exciting arc was run with 
higher ciirrent densities, while the squares give von Kleussler’s 
results. It is to be noted that, in this case, in zero field the 
experimentally observed polarization is not in accord with 
that predicted by theory. As the depolarizing field is increased, 
however, the points lie well on the theoretical curve. This is 
probably due to the self-reversal of the h.f.s. components in 
the arc operated at high current densities. 

In Fig. 80 the lower curve gives tan 2<^ as a function of the 
magnetic field H, calculated from Eq. (205). The upper curve 
is that obtained assuming that the entire radiation of the line 
2537 is due to non-spin isotopes having a {/-value 3/2. The 
experimental points are tliose of von Keussler, from which he 
calcxilated the value of t— 1T3x lO""^ sec. The disagreement 
between experiment and theory is ])rob{i,bly due to the 
intensity distril)ution in the source. 

Mrozowski [3r> i has measured the angle of maximum polariza¬ 
tion as a function of magnetic field for certain separate Iv.f.s. 
components of the line 2537. In particular lie has made 
measurements on the 0*0 and H-11*5 mA. components to¬ 
gether (each due to non-spin isotopes) and tlie 25'4mA. 
component. The latter comjionent is diie to the lines A. and c 
coming from isotopes 199 and 201, respectively (see Eig. 12). 
The line c is, liowever, un|)ola.rized, so that the contribution to 
the polarization, and henc;e to the angle of maximum polariza¬ 
tion, is due entirely to the component A. The f/-value for the 
upper state corresponding to the 0-0 and -|-ll*5mA. com- 
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ponents is 3/2, while that for the component ^ is 1. In these 
special cases Eq. (206) reduces to 



Pig. 80. Angle of maximum polarization (2537). 


If one plots, therefore, tan 2<f> against H, for the components in 
question a straight line should result. If is the same for both 
isotopes, the slopes of the lines should be in the ratio of the 
9^(/6“) upper states, or in our case as 3/2:1. Plots of 

Mrozowski’s points for tan 2</> against H do yield straight lines, 
and the ratio of the slopes for the central components to that 
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for the — 25’4mA. component is 1*50. This value is in exact 
agreement with theory, and would appear to show that 'r is 
the same for both isotopes and is not dependent on which state 
/ ov j is involved as the upper state. 

A similar calculation to that given above was made for 
cadmium by Mitchell. The results of a plot of P {H) against H 
give results in fair agreement with Soleillet’s values, listed in 
Table XLVII, if r is taken to be 2-5 x 10~® sec. 


8/. Effect of Large Magnetic Eields; Pasohen-Back 
Effect of Hyperfine Strltctgre. In our treatment of the 
effect of h.f.s. and polarization we have supposed, so far, that 
the vectors i and j are coupled together to form a resultant f, 
and that, in a magnetic field, this vector may have 2/-f-1 pro¬ 
jections on the field direction, giving rise to the magnetic 
quantum number mf , which we have previously called simply 
m. If now the magnetic field is sufficiently strong, the coupling 
between i and j will be broken, and each vector will orient itself 


in the field independently of the other. Such an effect is called 
the complete Paschen-Back effect of h.f.s. We may call these 
projections and nij respectively, and their vector sum m. 
The selection rules which no w apply are: (1) m.i does not change; 
(2) Am^ — 0, ± 1. The poiaiization rules in this case are now 
given by the change in nij (A'm-j — 0 , rr components ; Am.j — ± 1, 
or components). A schematic diagram for a line of tlie type 
with i = 1/2 is shown in Fig. 81, wliich should l)e com¬ 
pared witli Fig. 77, showing the same line in weak fields. It may 
be seen from Fig. 81 that, if an atom, situated in a, very strong 
magnetic field, al)sorbs radiation whicli is polarized parallel to 
the field, the levels with nij = 0 will l)e reaclicd. Hince no tran¬ 
sitions can occur to levels with nij different from zero, tt com¬ 
ponents will accordingly be re-radiated. One would ex]>ect, 
therefore, that a resonance line showing this type of structure 
would be 100 jier cent, polarized if observoMl in a vei\y strong 
magnetic field. From tlie above discussion it ft)Hows that tlie 
effect of h.f.s. on the |)olarization of resonaiice radiation dis- 
appears if the experiment is ciirried out in very strong fields. 
This will be true for iiny resonance or fluorescent line, so that 
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the degree of polarization calculated by means of the simple 
theory should be in agreement with experiment, provided the 
magnetic field is large enough. 

The strength of field necessary to obtain complete Paschen- 
Back effect of h.f.s. depends on the ratio of the separation of 
the h.f.s. levels in zero field to that due to the Zeeman effect on 
the multiplet level. When this ratio is large compared to unity, 
the Pasohen-Back effect of h.f.s. will be complete. If, on the 
other hand, the ratio is of the order of unity, intermediate 
coupling schemes must be used. In this case formulas have 



Pig. 81. Paschen-Back effect of k.f.s. 


been developed giving the transition probabilities for various 
TT and cr components as a function of field strength^. 

This efiect has been shown by various experiments. Von 
ICeussler [49] showed that, whereas mercury resonance radia¬ 
tion was about 80 per cent, polarized in fields ranging from O to 
500 gauss, the polarization increased to about 100 per cent, 
in a field of 7900 gauss. Systematic determinations of the 
polarization of sodium resonance radiation as a function of 
magnetic field strength have been carried out by Larrick[28]. 
In his experiment, the B lines were excited by polarized light 
and the resonance tube placed in a strong magnetic field 
parallel to the direction of the electric vector of the incident 

T-r-ti S- Ooudsmit, TJie Structure of Line Spectra, McGraw 

Hill Book Company, p. 219. 
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light. The polarization of both D lines together was measured 
by observing in a direction at right angles to the magnetic 
field and to the direction of the incident light beam. The results 
of the experiment, showing degree of polarization as a function 
of field strength, are given in Table LIV. It may be seen from 

Table LIV 


Polarization of D lines in strong fields 


H 

PDi l i >2 

Error 

{) 

l()-48 

±0-38 

10 

U)-2(> 

0-30 

20 

21-37 

0-38 

50 

34-54 

0-33 

70 

38-8(> 

0-33 

90 

43 

— 

170 

44-5 

-- 

915 

40-25 1 

— 


the table that the degree of polarization increased from 16-48 
per cent, in zero field to 4(>-25 per cent, in a field of 315 gauss. 
Since we have sho wn th at tlie degree of polarization of the two 
D lines together should be 50 per cent., if calculated on the 
basis of no h.f.s., it seems probable, from Larrick’s result, that 
a field of 315 gauss hiis caused an almost c<)m])lete Paschen- 
Back effect of the h.f.s. of the 1) lines. Larrick used the 
theoretical formulas for calculating the degree of polarization 
in the intermediate field range, and, by comparing theory with 
experimental results, has determined cei-tain consta,nts having 
to do with tlie nucleai* sjiin of sodium. 

Heydenl)urgt2r) i j)erfoi’med a similar experiment on the 22SS 
line of cadmium. He excited the resonance line with iin- 
|)olarized light, api)lied strong magnetic (ields in the direction 
of the incident liglit bciun, and measured tlie polarization of 
the resonance radiation (observed in a- direction j)eri)endicular 
to the field) liy the method of crossed Wollaston |)r*isms. 
TVible luV, taken from liis ]>a.i)er, shows tlie results of tlie 
experiment. In column 1 is given the oliserved jxilarization for 
the lines from both even and odd isotopes, and in column 2 the 
obsei’ved data of column 1 have lieeii corrected for angular 
aperture of the exciting light beam. By the metliods given in 
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this chapter, the degree of polarization for the odd isotopes 
alone was calculated from that observed for the total radiation. 
By use of Eq. (188) P|jfor the odd isotopes was calculated from 
the data in column 3. The results show that the radiation from 
the odd isotopes is about 43 per cent, polarized (-Pn) in ^ zero 
field and increases to about 90 per cent, in a field of 563 gauss. 
From the intermediate field data he was able to calculate the 
constants of Goudsmit’s equation. 


Table LV 

Polarization of Cd 2288 m strono fields 


p 

observed 

Po 

corrected 

P j_ odd 
isotopes 

P|l odd 
isotopes 

P 

(gauss) 

P/ 

/o 

% 

/o 

o/ 

/o 

0 

, 76-3 

76-7 

27-3 

42-7 

76-8 

77-3 

28-8 

44-7 

75 

79-3 

79-9 

360 

530 

144 

81-9 

82-5 

43‘-4 

60-5 

200 

85-5 

86-2 

54-4 

70-5 

255 

88-5 

89-1 

63-4 

77-6 

315 

91-3 

92-1 

730 

83-7 

375 

1 94-0 

4 

95-0 

82-6 

90-5 

563 


9. STEPWISE PABIATION 

9 a. Polarization of Stepwise Raeiation. The stepwise 
radiation of mercury (see Chap, ii), notably the visible triplet 

ultra-violet triplet 6 

recently been shown to exhibit polarization if excited by 
polarized light from a mercury arc. The phenomenon of 
polarization of stepwise radiation was discovered in a rather 
striking way by Hanle and Richter [23]. They sent light from 
a water-cooled quartz mercury arc through a calcite block, and 
focused the two images as beams in the resonance tube con¬ 
taining mercury vapour and about 2 mm. of nitrogen. They 
noticed that the two beams, seen as fluorescence, were of 
different colours; the beam with electric vector parallel to OX 
being blue green, the other (parallel to OY) being yellowish 
green. They immediately recognized this phenomenon as being 
due to polarization. 
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Quantitative investigations of the polarization of the visible 
lines were made by Hanle and Richter, and of both ultra-violet 
and visible lines by Mitchell [32j and Richter [4ij. The results of 
Richter’s observations are given in Table LVI. 

The calculation has been carried through by Mitchell [35]^ 
using Eq- (203) and the h.f.s. analysis of the mercury spectrum 
of Schuler and Reyston. It will be s ufficient to mention certain 
assumptions of the calculations. The main contribution to the 
intensity of the stepwise lines is due to the non-spin isotopes, 
since they constitute 70 per cent, of the mixture. Since the 
calculation involving h.f.s. is rather tedious, we may discuss 

4047 4358 5461 



Fig. 82. Zt^einan Icv'cIh of visiblo triplet of Hg. (Even i.sotopes.) 


the problem first in terms of the non-spin isotopes and then 
make the necessary corrections to accoimt for the h.f.s. 

The magnetic energy level diagrams for the various states 
of the even isotopes and the allowed Zeetna.n transitions for 
the several lines in cjiiestion are given in Tig. 82. It will be 
noticed at once that the Ostate is single so that, as far as any 
subsequent absorption |)rocess is concerned, tlie way in which 
the G'IPq state was reached is of no consequence. Hie polariza¬ 
tion of the original 2537 line, therefore, need not l)e taken into 
account, nor need tlie ell’ect of tlie collision between the (>‘'^1*^ 
mercury atom and the nitrogen molecule introduce ctny com¬ 
plications. The level may then bo treated as the ground 

level and the phenomenon resolves itself into a simple case of 


* Earlier caloulatioiiH by Miteliell 1311 and von IvouHalor (;')(»i led to 
erroneous numerical va,luc'H for the j>ola.rizu.liion dtie to incorreet methods of 
calculation. The correct values for thci polarization are given in Table IjVI. 


M z 


2 O 
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the polarization of line jlnorescence. Since the and 6 ®I> 3 ^ 

levels have the same type of magnetic splitting, and since the 
three states are involved in either the visible or ultra-violet 
triplet, the polarization of the visible lines ending on the 
various states will be the same as the ultra-violet lines 
ending on the same states. 

Starting then with atoms in the G^Pq state, illumination 
with 4047 (or 2967) (Electric vector parallel to the field, i.e. 
JEJ II OX\\H of Pig. 70) leads to the absorption of the tt com¬ 
ponent of 4047 (or 2967), and to the population of the middle 
level of the 7^8^ ( 6 ^Di) state. Prom this state the tt component 
of 4047 (2967), two o- components of 4358 (3131), and various 
V and a components of 5461 (3663), may be re-radiated. A short 
calculation shows that, under these circumstances, 4047 (2967) 
should be -i-lOO per cent., 4358 (3131) —100 per cent., and 
5461 (3663) 4 - 14-3 per cent, polarized, when observations are 
made perpendicular to the field and to the direction of the 
incident radiation (along OP of Fig. 70). These results also 
hold in the absence of a field. If the field is perpendicular to 
both the electric vector of the exciting beam and to the obser¬ 
vation direction (jj OZ), then one would expect 100 per cent., 
— 33 per cent., 7 per cent, for the three lines 4047, 4358 and 
5461 respectively. A sufficiently strong field parallel to the 
observation direction should give zero polarization for all lines. 
In the above notation the (-i- ) means polarization parallel to 
that of the exciting beam and (—) perpendicular to it. 

In considering the effect of h.f.s. one sees immediately that 
there is more than one magnetic level connected with the 6 
state. The effect of the nitrogen on the transfer of atoms from 
the to the 6 ®Pq state must therefore be re-investigated. 

If one assumes an equal mean radiation life for each h.f.s. state 
of the resonance line (2537), and that the chance of transfer to 
the 6 ®Pq state by collision with nitrogen is the same for all 
isotopes, it follows that the relative number of isotopes in the 
6 state after the collision process will be the same as that 
in the ground state (G^Sq). It must be assumed further that 
collision with nitrogen leads to an equal distribution of atoms 
among the magnetic sub-levels of a given hyper fine state. 
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Since has the same structure as the ground level, the dis¬ 

tribution of atoms among the magnetic sub-levels may be 
taken to be the same as in the ground state. With these assump¬ 
tions in mind, the Zeeman diagrams of the h.f.s. components 
of the various lines in question may be drawn and the calcula¬ 
tion made with the help of Eq. (203). Table LVI shows the 
result of the calculation, together with Richter’s experimental 
results, taken in zero field. 


Table LVI 



Polarization 

Mean life 

Line 

Obs. 

Calc. 

<f> (Obs.) 

T (Richter) 

T (Calc.) 

4047 

72 ±6 

84-7 

17^^ 

4-8 X 10-8 

7-2 X 10-» 

4358 

- 49 -i;6 

-67-0 

29-^ 

4-6 X 10-8 

1-69 X 10-8 

5461 

13 ±1 

8-6 

29-5° 

1-7 X 10-"^ 

1-53 X 10-8 

2967 

67 ±7 

84-7 


-- 

— 

3131 

-29 ±7 

-67-0 

— 

— 

— 

3663 

42 ±4 

8-6 

— 

— 

'- 


H = 2-81 gauss. The minus sign ( — ) indicates that the lino is polarized with 
its electric vector at right angles to the eloetrio vector of the incident light. 


One may see from the table that the agreement between 
theory and experiment is not good. The phenomenon is a com¬ 
plicated one, and further work must be done to clear up present 
existing difficulties. Such work is now in progress, and it is to 
be hojjed that it will lead to a successful solution of the various 
difficulties. 

96. Mean Life of the State of Hg. By applying 

small magnetic fields in tlie direction of oliservation and keep¬ 
ing the nitrogen pressure constant, Richter measured the 
magnetic depolarization and rotation of the plane of polariza¬ 
tion of the visible triplet. Erorn the angle of rotation, </), 
Richter calculated the mean l ife of the state as measured 
by 4047, 4358, 5401 to be r 4 o,i 7 = x sec., = 4-(> x IQ-^ 
sec., = 1-7 X 10”“'^ sec. 

These figures are only qualitative, since the mean life was 
found to depend on the nitrogen pressure. The interesting 
thing, however, is that the mean life of the state as 

measured by 4047 and 4358 at 1-77 raiti. nitrogen pressure is 
the same, but as measured by 5461 is four times larger. 


20-2 
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These results, if correct, would he in disagreement with 
present theories of atomic structure. One would expect, 
theoretically, the mean life of a given electronic state n to he 
a property of that state, since by definition = (EAnjc)~^- If 

Ic 

the mean life of a state n be measured by experiments, such as 
those described above, on individual lines coming from that 
state the result should be the same for all such lines. 

In making the calculation from the measured angular rota¬ 
tion <j>, Itichter neglected the efiect of hyperfine structure and 
also used incorrect formulas for the calculation, and further¬ 
more made a numerical mistake in the computation. Mitchell 
has recalculated Richter's results with the help of Eq. (205) 
and the hyperfine structure data and has obtained results 
quite different from those given above. These are shown in the 
last column of Table LYI. It appears from the results that 
further measurements will have to be made in order to be sure 
of the mean life of this state. One must point out that the 
apparent confirmation of Randall’s [39 «] results by Richter 
must be considered to be no confirmation at all, due to an 
erroneous method of handling the experimental data. 

10. DEPOLARIZATION BY COLLISION 

We have seen in the foregoing sections that the polarization of 
resonance radiation decreases when the vapour pressure in¬ 
creases, and have ascribed this phenomenon to the disturbing 
efiect of neighbouring particles on the emitting atom. Leaving 
aside the question of the depolarizing effect of high vapour 
pressure of an element on its own resonance radiation—~a 
problem which ofiers some difficulties—it will be well to con¬ 
sider first the effect of foreign gases on the polarization of 
mercury and sodium resonance radiation. 

In the first place, Wood measured the polarization of mer¬ 
cury resonance radiation as a function of the pressure of added 
gas, using the character of the polarization fringes from a 
Savart plate arrangement as a measure of the polarization. He 
found that with 0*65 mm . of air in the resonance tube the 
polarization fringes were strong and with 1 cm. of air they dis- 
appeared entirely; with 2 mm. of helium they were faint, while 
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with 1 cm. of hydrogen they were strong. These results were 
only qualitative and showed the influence of added gases on 
the polarization. 

Quantitative experiments were performed by von Kleus- 
sler[49]. With the mercury vapour pressure at 2 x 10“^ mm. 
( — 21° C.) various pressures of several foreign gases (Og, Hg, 
A, He, Ng, CO 2 , HgO) were added and the percentage polariza¬ 
tion measured as a function of the gas pressure. The results of 
the observations are given in Fig. 83, from which it will be 



Foreij^n jiias prCHaure (mviti.) 

S3. De{)(>larizaiioii by colliHion. 


noticed at once tlijit (and H .2 have the smallest depolarizing 
effect, while. H.,!) and 00.» have the largest, with the other 
gases ranging in between in the order Tiamed above. 

In Chap. TV it was sliown that H 2 and O 2 are the most 
efficient in quenehing inereury resonance radiation. Other 
gases are much less efficient in removing mercury atoms from 
the state, and kinetic theory calcidations showed that, in 

some cases, a numlTor of collisions were necessary before the 
state became depoj)nlated. (^,ualitatively, the low de- 
X)olarization action of H 2 ami O 2 rc-isults from the fact that when 
an excited mercury atom is struck by an 112 ^^2 nioleciile it 

j)ractically always loses its power to radiate, and the remaining 
iinstruck atoms, l)eing [Tractically un<listurl)ed, can radiate 
light sliowing a higli degree of polarization. With argon, on 
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the other hand, the excited mercury atom may endure several 
collisions without losing its power to radiate, but when it does 
emit radiation the polarization properties will have been 
destroyed by these collisions. 

The mechanism of depolarization is usually thought of in 
terms of the Zeeman levels. In small fields the Zeeman levels 
are not widely separated and the energy difference between 
them is small. A colliding atom may give or lose a certain 
amount of kinetic energy to the excited atom, transferring it 
from one Zeeman level to another and thus causing a decrease 
of polarization of the emitted radiation. An increase in the 
magnetic field, however, causes a greater separation of the 
Zeeman levels, and the colliding atom is then not so efficient in 
transferring excited atoms from one magnetic state to another, 
due to the greater energy required, so that the polarization is 
not decreased to such a great extent by the addition of a given 
pressure of foreign gas. This has been shown by Hanle [ 22 ] for 
the case of sodium resonance radiation and argon, neon, 
hehum and hydrogen. In every case, it took a greater pressure 
of added gas to depolarize the resonance radiation a given 
amount when there was a field of 600 gauss on the resonance 
tube, than in zero field. 

The effect of collision on the depolarization of resonance 
radiation may be represented by a formula similar to the 
Stern-Yolmer formula, namely 


1 -f tZ- 


.(207), 


where P is the polarization observed with foreign gas pressure 
Pq the polarization when no foreign gas is present, and 'rZj^ 
is the number of depolarizing collisions per lifetime of the 
excited atom. Since in von Keussler’s experiments the mer¬ 
cury vapour pressure was kept very low (corresponding to a 
temperature t= — 21° C.), the effect of imprisoned resonance 
radiation may be neglected. It has been shown in § 1 of 
Chap. IV that 


( 208 ), 
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where can he regarded as an effective cross-section for 
depolarization. From von Keussler’s experimental results and 
the use of Eqs, (207) and (208) values of have been found 
and are given in Table LVII. By comparing these figures with 

Table hVII 

Depolarizing cross-section por Hg resonance radiation 


Foreign gas 

a„- X 

o.> 

5-28 


8-29 

CUo 

49*5 

H„0 

47*7 

No 

He 

3:5-8 

9*92 

A 

17-() 


(Chap. IV, §8), it will be seen that there is no relation 
between the effective cross-section for depolarization and that 
for quenching. It may be seen from Table LVII that the 
values of (7^ are of about the same order of magnitude as the 
usual kinetic theory diameters. Abnormally large values of o-j, 
(10^ times the kinetic theory value) were found by Batta for 
the depolarization of sodium resonance radiation by potas¬ 
sium. Usually, large values of are found for the depolariza¬ 
tion of resonance radiation by iitoms of the same kind as the 
emitting atom. 

The extremely large value of <jy, for the case of the depolar¬ 
ization of sodium resonance radiation by potassium was of 
unusual intei'cst to the chemist at the time the work was 
puVilished. The chemist had been looking for evidence of the 
transfer of energy by collision over large distances in order to 
account for the lates of first order rnonomolccular reactions. 
That the huge value of a^ found by Datta is not really duo to 
a transfer of energy by a, kinetic tlieory collision wa.s shown, by 
Foote [irri. He notic;ed tliat most atoms such as argon do not 
lead to large de|)ola,rizing diameters for sodium resonance 
radiation, and that these atoms have closed outer electronic 
sliells and consequently no magnetic moment. Potassium, on 
the otlier hand, has only one valence electron in the outer shell 
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and consequently shows a magnetic moment. From this re¬ 
mark of Foote’s, it is quite easy to explain the large depolar¬ 
izing effect of potassium. Thus, from the fact that it has a 
magnetic moment, potassium acts like a small magnet and the 
magnetic field due to the potassium atom is quite considerable 
at small distances (10~® to 10~® cm.). With a zero applied field 
the sodium atom might find itself in the field of a potassium 
atom, which could have a random direction with respect to the 
electric vector of the exciting light and thus cause depolariza¬ 
tion of the resonance radiation. With large applied magnetic 
fields the depolarizing effect of potassium on sodium resonance 
radiation decreases. This effect is undoubtedly due to the 
setting in of the Paschen-Back effect of hyperfine structure in 
sodium. 

In the case of the depolarization of resonance radiation by 
atoms of the same kind as those emitting the radiation, two 
factors come into play: (1) the effect of imprisoned resonance 
radiation; and (2) the effect of collisions. It is known that in¬ 
creasing the vapour pressure of gas has a large depolarizing 
effect on its own resonance radiation- In the past this has been 
ascribed to a large effective cross-section associated with 
depolarizing collisions. In view of the unknown effect of 
imprisoned resonance radiation it is unwise at this time to 
make any definite statements until further experimental work 
is done. 


11. EFFECT OF EEECTEIC FIELDS ON 
RESONANCE RADIATION 

11 a . Measurements on Frequency (Stark Effect). 
Two major accomplishments in the development of physics 
have been the discovery and explanation of the Zeeman effect 
and the Stark effect- The former has been extensively dis¬ 
cussed in the preceding sections, and is concerned with the 
behaviour of emission and absorption lines in magnetic fields. 
Somewhat similar phenomena take place in strong electric 
fields, as was shown originally by Stark. The original experi¬ 
ment consisted in showing that an emission line of an element 
splits into several components if the emitting source is placed 
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in a strong electric field, the separation and number of the 
various components depending on the line in question, and the 
strength and direction of the electric field. For light atoms, the 
separation of the Stark effect components is measurable with 
apparatus of ordinary resolving power. In the case of heavy 
atoms, such as sodium or mercury, the splitting is too small to 
be measured with the usual spectroscopic apparatus, even in 
the highest fields obtainable. For this reason indirect methods 
of measurement have been devised which depend on the 
properties of absorj^tion lines discussed in Chap. iii. 

Ladenburg[2T] investigated the effect of electric fields up to 
160,000 volts/cm. on the absorption of the sodium D lines by 
sodium vapour. Light from a discharge tube containing sodium 
and an inert gas was sent through an absorption cell containing 
sodium vapour, which could be placed in a strong electric field, 
and was examined visually with a Lummer-Gehrcke plate and 
spectroscope. The light source was operated in such a way that 
the light intensity from it was continuous and uniform over 
each D line (breadth of line about OTSA.), i.e. it exhibited 
neither self-reversal nor hyperfine structure. Observations on 
the 1)2 line with the absor])tion cell in place, but in zero applied 
field, sliowed an absorption minimum at the centre of the line. 
In fields of from 95,000 to 160,000 volts/cm. the absorption 
minimum shifted toward the red by an amount between 
0-009 A. and 0-025 A., increasing approximately as the square 
of the field strength. 


An attempt at a. (piantitative measurement of the Stark 
effect broadening of tlie 2537 line of mercury was made by 
Brazdziunasl i 1, wlio used the metliod of comparing the form 


of an emission line from a resonance lamp with that of the 
absorption line in jm absorption vessel (see Chap, in, §4//). 
A mercury arc excited radiation in a. resonance lamp, and the 
light emitted therefrom was sent tlirougli an absor[)tion cell, 
containing mercury vapc)iir, and its intensity measured by 
means of a ])hotoelectric cell. Tlie resonance lamp wms fitted 
with brass plates, to whic*,h could be a|)plie(l a potential suffi¬ 
cient to give a field of 1(>(),090 volts/cm. The experiment con¬ 
sisted in measuring the change of intensity of the resonance 
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radiation transmitted through the absorption cell as a function 
of electric field applied on the resonance lamp, and comparing 
this with results obtained by supplying a magnetic field of 
known strength to the resonance lamp. Taking the Zeeman 
splitting as known, and neglecting complications due to hyper- 
fine structure, the Stark effect splitting was calculated. Sraz- 
dziunas found a shift of 5*4x10~^ A. for the a components (those 
polarized at right angles to the electric field) in a field of 
100,000 ’volts/cm., and of 1*9 x 10“^ A. for the tt component in 
a field of 140,000 volts/cm. He further showed that the wave- 
length shift was proportional to the square of the applied 
electric field strength. 

The results of the experiment are open to the criticism that 
the hyperfine structure of the 2537 line was not considered in 
making the calculation. Since the splitting due to Stark effect 
is less than the hyperfine structure splitting, and since the 
calculation was based on the assumption that the 2537 line 
splits into one tt and two a components in a magnetic field, the 
absolute values of the wave-length shifts obtained may be in 
error. 

The Stark effect of some of the higher states of mercury was 
investigated by Terenin[46]. He investigated the intensity of 
the stepwise radiation produced in mercury vapour by strong 
illumination as a function of an electric field applied to the 
resonance vessel. He found that the intensity of certain lines, 
coming from higher states, decreased when the electric field 
was applied to the cell. The explanation is, of course, that the 
position of a given absorption line of the vapour is displaced by 
the field to such an extent that excitation by the corresponding 
line from the arc is impossible, the intensity of the fluorescent 
line being thereby decreased. The lines showing this effect 
were 5770, 5790, 3650, 3655, 3663, 3126, 3131 and 2967. 

Measurements on Polarization. Hanle[2i] made 
an investigation of the effect of electric fields on the polariza¬ 
tion of mercury resonance radiation. The resonance vessel con¬ 
sisted of a glass bulb into which were fitted two brass plates, 
which, when charged by an electrostatic machine, were capable 
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of producing an electric field, in the region between them, of 
100,000 volts/cm. The vessel was equipped with suitable quartz 
windows so that mercury vapour contained therein could be 
excited and the resonance radiation observed. 

With the incident light progressing in the Z direction, and 
the electric field parallel to X (see Fig. 70), the following 
experiments were made: 

1 . Observation parallel to Y. 

(a) Electric vector parallel to X. The resonance raciiation 
was linearly polarized parallel to X independent of the presence 
of the electric field. 


(b) Electric vector parallel to Y. The radiation was weak 
and unpolarized in the absence of a field; strong and polarized 
parallel to Z in the presence of the field. 

2 . Observation direction at an angle of 25° to the incident 
beam (in YZ plane). 

(a) Electric vector parallel to X. The resonance radiation 
polarized parallel to X independent of the presence of the 
field, as in 1 {a). 


(b) Electric vector parallel to Y. Resonance radiation 
polarized parallel to Y in zero field, and slightly strengthened 
by the presence of the field. 

(c) Electric vector at an angle of 45° to the X axis. In zero 
field the resonance radiation was yiolarized in a direction 
parallel to the incident electric vector. In the presence of a 
field of 100 ,OOO volts/cin. the radiation was entirely unpolar¬ 
ized. In weakei- fields the radiation was elli|)tically polarized. 

The e.xy)lanation of tliese ex[>eri!nents may be attempted on 
the basis of the Stark effect diagram for mercury (Fig. 84). 
Xeglecting com])lications which may arise from hyperfine 
structure, the state of mercury splits into three levels in 

an electric field: viz. //.j —O; r/ 3 — + 1 ; these ia,st two coincide, 
however. From these states -tt a,nd a components may be 


produced by transitions to the f> hS,) state. 

If the electric vector is ])a.ralle[ to the field, a mercury atom 
will absorb only the rr com{)oncnt reaching the upper state 
and will hence radiate a tt com}>onent, so that the 
resonance radiation will be ])olarized as in experiment 1 (a). 
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Experiment 1 ( 6 ) is definitely not in agreement with, the theory. 
In this case, the electric vector of the incident light is perpen¬ 
dicular to the electric field, so that only a components are 
absorbed, and the states '^ 3 = ± 1 will be reached. These states 
have the same energy, but the radiation given ofi when the 
atom drops hack to the ground state will be circularly polar¬ 
ized about the field in either a right-handed or left-handed 
sense depending on the sign of . In the language of quantum 
mechanics we may say that, on the average, the atom has as 
good a chance of being in one of the two states as the other. 
The radiation emitted should then consist of two circularly 

^3 

0 - 

+ 1 -- 


Cr TT 

0-U- 

Fig. 84. Stark effect for 2537. 

polarized components of the same frequency and equal in¬ 
tensity, and these two components should be capable of inter¬ 
fering with each other. If one observes the resonance radiation, 
as in experiment 1 {b), at right angles to the direction of the 
electric field, the theory predicts that the radiation should have 
exactly the same appearance as regards intensity a^ndi polariz,a- 
tion as if no field were applied. This is in disagreement with 
experiment, which showed that both the intensity and the 
polarization increased on applying the field, the direction of 
polarization being parallel to Z. 

A similar experiment was performed on sodium resonance 
radiation by Winkler [52], who found the same type of efiect as 
that found by Hanle, which in this case is again in disagree¬ 
ment with theory. 
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The reason for the discrepancy between theory and experi¬ 
ment is possibly that the theory may have to be altered to take 
nuclear spin into consideration. It is to he hoped that this 
point will be investigated in the near future. 
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APPENDIX 


I. Absorption Coefficient of a Gas. On the basis of 
the electron theory of dispersion, Voigt [Ref. 75, Chap, iii] 
showed that the absorption coefficient of a gas, when Doppler 
effect and natural damping are present, is given by 


mcDobn 


2y arc tan 7 . 7^7 


bv'y 


dy ...( 20 ^ 


^ +p,2_52^2 


where n = index of refraction, 

nK = electron theory absorption coefficient, 
cjD() = freq[uency at the centre of the line, 
a>o 

c V Af ’ 

v' = atomic damping constant, 

= frequency distance from centre of line. 

In the notation of this book, the above quantities are as 




follows: 


n = 1 , 
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^'0 J„ 
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from which it is evident that 
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\/ 111 2~ a [see Dq. (3h)J, 


and 




Vln2=:a> [see Eq. (38 
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In the notation of this book, Voigt’s formula then becomes 

Hay 


^ _1 2 /In 2 Tre^V/ 


rr 


Av 
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7T 


me 


i: 


Hyer^ arc tan 


+ cij^ — y^ 


dy. 


and in virtue of Eq. (35), namely 
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2 ^® arc tan 


Voigt’s formula becomes finally 

.V = -‘' 22^6 

J 0 

Now it can easily be shown that 

2 ^ 2 / _ o}+y 
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whence, Voigt’s formula becomes 
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and upon integrating by parts 
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which is identical with Eq. (40). 
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-which is the form given by Eeiche [Ref. 60, Chap. in]. 
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II. VALlJTi 


Cl r 

3 OF 


e~y'^dy 


EOR SMALL VALUES OF a. 


'CTj 

Using Reiclie’ s form, of this integral and assuming that a < 0*01, 
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cos ‘‘lootdl — 

*•>. 


J ' rxj /' CO 

e sin '‘2cotdi = I v/'^dx — (oj), 

0 J 0 

the absorptioii Goeflicion t a.ssu mos the form givon hy (I I), 

namely 

k,. .. 2(1 .. . . 
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The following tal)le of values of A^(<o) was ol)ta.iiu'!<l froni tho 
very complete tal)le of VV. hash Miller and A. It. (.ioi'doiii in tho 
Journal of Physical Okf'/ti/lsbrty, 35, 2.S7S (1931). 


It is interesting to note that 
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CO 
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III. Line Absorption Aj^. The line absorption Aj^ is de¬ 
fined as [see Eq. (58)] 
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and is evaluated by means of the series 
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The following table was taken from the papers of H. Kopfer- 
mann and W. Tietze, Z.f. Phys, 56, 604 (1929), and R. Laden- 
burg and S. Levy, ibid. 65, 189 (1930). 
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IV. The Absorption This is defined as [see Eq. (61)] 
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The following table is the result partly of the use of the above 
series, partly of graphical integration and partly of graphical 
interpolation. 
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V. The Function S. This is defined as [see § 4/, Chap, iii] 
s = -- 1- r“ 

V^TtICqI J —CO 

2!'v/2 3! Vs 4!V4 

The following table of values of S was obtained from the 
paper of R. Ladenburg and S. Levy, Z. f. PJiys. 65, 189 (1930). 
A convenient relation exists between S and , namely 
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VI. The Absorption This is defined as [see 

Eq. (59)] 
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whence expanding the expression (1 — in a series and 

making use of the function A ^, we get 


A' 


S{7co'V) 


Ai {7 cqI) 




2 1 


H- 


(K'n 


3 ! 




4 ? V4"^i/V4(^oO + 



The following table was obtained from the above series and 
with the aid of the reciprocal relation 

X jS (a:) AJ (y) ~y S (y) Ay (x). 


Values of 



0 

•5 

10 

1-5 

2-0 

2-5 

3-0 

40 

0 

0 

0 

0 

0 

0 

0 

0 

0 

•25 

•1()0 

■ 15() 

•153 

•149 

•147 

•145 

•144 

•135 

•50 

•291 

•285 

•279 

•273 

•267 

•262 

•258 

•246 

1-0 

•48() 

•475 

•405 

•454 

•445 

•437 

•429 

•419 

1-5 

•019 

•(>08 

•597 

•583 

•573 

•562 

•551 

•540 

2-0 

•711 

•700 

•087 

•()74 

•062 

•651 

•642 

•020 

3 0 

•820 

•811 

•800 

•78<) 

•770 

•764 

•750 

•740 

4 0 

•87H 

•870 

•8<>1 

•850 

•839 

•828 

•817 

•800 

4-5 

•897 

•889 

•880 

•809 

•858 

•848 

•839 

— 


VII. Kfiin’s I'liEORY OF Magneto-Rotation. [Ref. 32, 
Chap. III.] According to the classical dispersion theory, and in 
agreement with the quantum theory, the index of refraction n 
of a gas at the frequency v in the neighbourhood of an absorp¬ 
tion lino at the frequency Vq is given by [see Eq. (87)] 

. 

47 Tmr() ( r— Vq) 


■ti 


If the gas be placed in a magnetic field and lie traversed by 
a beam of ])lane polarized l ight travelling in the direction of the 
lines of force, there will result a rotation of the plane of polar¬ 
ization, because of the difference in magnitude between the 
index of refraction for riglit-handed circularly polarized light 
and that for left-lianded. 

In order to calculate the index of refraction for right-handed 
circularly polarized light travelling ])arallel to a magnetic field 
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of strength. H, it is necessary to take into account that, in 
place of the undisturbed absorption line at vq , there are various 
right-handed circularly polarized Zeeman components with 
intensities and at frequencies vq + aa^, where the subscript 
refers to the particular Zeeman component, a represents the 
normal Zeeman separation 

_ He 
^ 4:Tr'mc ’ 


and the splitting factor of the sth component. The index of 
refraction for right-handed circularly polarized light at the 
frequency v is then given by 

Ps 


n. 


1 = ^2 


47T WIVq q — 1^0+ OCOCq ' 

From the principle of spectroscopic stability, the ySg or 
relative intensities of the various Zeeman components satisfy 
the condition that 

For left-handed circularly polarized light at the frequency 
the index of refraction is given by 


, Nfe^ „ 

71, — 1 = -- - - S 

4:77 mVr 


'0 


'0 S y — Vi 

If Xv denote the rotation of the plane of polarized light in 
traversing a layer of gas of thickness I, then 


Z c 


{n_ — n,) 


_Nfe^ ^ 

{ Ps 

A \ 

4:mc s 

\^— Vo + CCOf.^. 

V — Vq— OCQfiJ 


Nfe^oL 

^mc 


S 




(v — Vq)^ — OC^ Of./’ 


If we limit ourselves to the edges of the absorption line, so that 


(v— 


a 


s » 


then we can write 


I 

and introducing 
and 


2mc(v-i/o)2 3 

_ He 
4:77 me ’ 

/x=27r(v—V q), 
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there results 


__7re^m ^ 

^''~2m2c2>2-^“sPs> 


which in comparison with Eq^. (72) shows that 

z = .( 216 ). 

s 

The quantity 2 ; indicates how much bigger the observed 
magneto-rotation will be in the neighbourhood of an absorp¬ 
tion line with anomalous Zeeman effect (characterized by the 
splitting factors and the intensities of the circularly 
polarized components) than the magneto-rotation in the neigh¬ 
bourhood of a line of the same intensity but with normal 
Zeeman effect. Since the splitting factors and relative in¬ 
tensities of the Zeeman components of all normal multiplets 
are known, can be easily computed. They are given in the 
following table: 


Ijine 

I ’So -2M>i 

US, 






1 

I .•> 




1 

I 

I 

-I 

1 

■I- 


CC*Ti 


1 1 

\ r> 


^2 


1 

4 : 


1 


T 


z — 


A... 

4-.. 




The values of in the above table are strictly accurate only 
for values of the field strength II in the neighbourhood of 
1000 gauss or more. The experiments of Minkowski show, how¬ 
ever, in the case of the sodium D lines that no error is introduced 
at 300 gauss, and even as low as 30 gauss a difference of only 
5 per cent, was noted by Weingeroff. This is due to the fact that, 
in the neighbourhood of 300 gauss, the Paschen-Ilack effect 
of the hyperfine-structure components sets in [see Chap. v]. 


V III. Effect of HYPERifiNE Stritcture on the Value of 
It was shown by AVeingeroff [Ref. 81, Chap, iii] that when 
a spectral line consists of hyperfine-structure components of 
which the ith component is at the frequency v ,-, the magneto¬ 
rotation may be calculated by the method of ICuhn, provided 
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one sums over all Zeeman components of all hyperfine- 
strnctnre components. Therefore 


n. 


1 = 21 






477 m Vo 5^ V — Vf + aa^ 

h 

and the magneto-rotation is 


Xv 






2mc (j,_v^)2_oj,2q^ s 


At the edges of any component where 

(v —V£)2^0c2a 2 , 


we have 




and finally, if we denote by vq the frequency of the centre of 
gravity of the hyperfine-structure components, we can write 
approximately 

_ Nf^ rr ^ . p 

c^ ' ^ ’ 

% S% 

where K.^ is defined by the formula 


f.-KJ 

and must satisfy the condition that 

sa:^= 1 . 

In comparison with Eq. (72), it is apparent that, in this case, 

2 : = SA^Sa ^ .(217), 

% Si 

which shows that z depends not only on the relative intensities 
and splitting factors of the Zeeman components, but 
also on the relative /-values of the hyperfine-structure com¬ 
ponents. 


tat - cl ( e-y^dy 

IX. VALUE OF — ———-—FOR Labge Values OF 

J -cod ^-lr{io—y)^ 

a/. A series expansion was used to evaluate this integral for 
a' = 0*5, 1*0 and 1*5 according to a method due to T. H. Gron- 
wall and given in a paper by M. W. Zemansky, F*hys. Rev. 36, 
919 (1930). The values for a' — ’2, and 10 were obtained from a 
table in Born’s O'ptih^ p. 486. 
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a 


:0 


fc^, 

*0 


•0000 
•9608 
•8521 
•6977 
•5273 
•3679 
■2369 
r 1409 
•0773 
•0392 
•0183 
•0079 
•0032 
•0012 
-0004 
■0001 


a 


1-5 


CO 

C If 

-o 

•321(> 

.2 

■3180 

•4 

•3097 

-() 

•2958 

•8 

•2779 

l-O 

•2571 

1-2 

•2349 

1*4 

•2123 

1-6 

• 1902 

1-8 

-1095 

2-0 

•1504 

4-0 

•0487 

(vO 

•0228 

8-0 

-0131 

10 0 

■0083 


.. ...... 



:0-5 

a' = 

= 1 





Ic^ 

CO 



CO 

/^O 

-0 

-6157 


-0 

•4276 

*2 

•6015 


-2 

•4215 

-4 

•5613 


•4 

•4038 

-6 1 

•5011 


-6 

•3766 

-8 

•4294 


-8 

•3425 

1-0 

•3549 


1-0 

•3047 

1-2 

•2846 ! 


1-2 

•2662 

1-4 

•2233 


1-4 

•2292 

1-6 

•1728 


1-6 

•1954 

1-8 

•1333 


1-8 

•1657 

2-0 

•1034 


2-0 

•1402 

4-0 

•0183 


2-2 

-120 

00 

•0081 


2-4 

•102 

8-0 

-004 


2-6 

•088 

10-0 

•003 


2-8 

•078 




30 

•066 



3-2 

•057 



3-4 

•051 



3-6 

■045 



3-8 

•041 



40 

•037 



00 

-016 



8-0 

•009 



10-0 

•005 


a'=2 

a' 

=-10 


CO 

k . j 


CO 

1 ^* fj 

K 

•o 

•257 


0 

■0561 

•4 

•252 


2 

•0541 

•8 

•23(> 



•048(> 

1-2 

•212 


<) 

•0414 

!•() 

•178 


8 

•0344 

2-0 

• 148 


10 

•0283 1 

2-4 

• 123 


12 

•0232 

2-8 

• 10 1 


14 

-0191 

3-2 

•0850 


16 

■0159 

3-6 

•0708 


.18 

•0134 

4-0 

■0598 


20 

•0114 

4-4 

•0505 



•00965 

4-8 

-0440 


24 

•00835 

' 5-2 

■0378 


2(> 

•00728 

5-(> 

•0330 


28 

' •00(i37 

6-0 

-0291 


30 

■00564 

(>•4 

-0259 


32 

•00502 

(>•8 

-0231 


34 

•00451 

7-2 

•0208 


3(> 

•00406 

7-() 

•0186 

■ 

38 

•00366 

8-0 

•0169 

1 

40 

•00333 
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X. Dieeused Transmitted R/ESonanoe Radiation. 
When a collimated beam of resonance radiation of frequency 
between v and v + dv and intensity K is incident in the positive 
X direction upon the face a? = 0 of a slab of gas whose absorption 
eoefdcient for this radiation is fc, the intensity of the radiation 
emitted in the positive x direction from the face a; = Z is given by 

ttI^{x = 1)-= KG {kl^'rZQ) [see Eq. (141)], 
where O {hi, tZq) 


2(l-3r.ZJ 


6 \/ rrZ^ (1 -{- tZq ) + e“*^^sinh 2kl 


tZ 


Q 


l+'rZ 


Q 


sinh ( 2kl 


tZ 


Q 


+ 2 sinh~^\/ 'tZ 




3e 


-Id 


\ 'v 1 H- tZq 

where t = lifetime of the excited state, 

Zq^ — number of quenching collisions per second per 
excited atom. 


The following table of values of Q was obtained from a paper 
by M. W. Zemansky, PTiys. Rev. 36, 919 (1930). 


Values of O {hi, rZ^). 









kl 

•0 

•05 

•10 

-20 

•333 

-50 








0-5 

•194 

-175 

•164 

-143 

•126 

-107 

10 

•290 

•260 

•236 

-198 

•160 

•128 

15 

•332 

-282 

•244 

-195 

•150 

-118 

20 

•344 

-273 

•227 

•168 

•124 

•092 

2-5 

•334 

— 

— 

— 

•0968 

_ 

30 

•320 

-219 

•163 

•106 

•0704 

•0488 

3-5 

■300 

— 

— 

— 

•0504 


4*0 

•280 

-158 

•104 

•0590 

•0351 

•0224 

4-5 

•260 

— 

— 

— 

•0241 


50 

•243 

-108 

•0628 

-0308 

•0163 

•00968 


XI. ^mson’s Eqdivalent Opacity. The equivalent 
opacity, Jcl, is defined by Samson as follows [see Eq. (142)]: 


-Tcl _ 


J oo 

— oo 


. e- 




/ OO 

— oo 


e dcxi 


7 
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where I is the thickness of the absorbing layer. The following 
values were obtained by graphical integration. 


Kl 

1 

0 

0 

1 

0-065 

2 

1-241 

3 

1-715 

4 

2-104 

9-7 

3-29 

14-4 

3-76 

19-9 

4-15 


XII. EIbxty’s Equivalent Opacity. The equivalent 
opacity kl is defined by Xenty as follows [see Eq. (158)]: 


Id 


rr 


h() I 


4V 2 N V2FVivik^l-FV^\rik^i 


where 


F (a>) = c' 


-a>“ 


CO 


eF^dx, 


o 


The following table was obtained with the aid of the table 
of values of F {co) given in Appendix II. 


Kl 

fd 

Kl 

Id 

1-5 

:{-05 

100 

212 

2 

2-76 

200 

31-4 

3 


500 

.54-2 

4 

:{-:{i 

1000 

77-8 

5 

:i-70 

2000 

1 14 

10 1 

5-:59 

3000 

142 

1.5 1 

6-85 

4000 

1(56 

20 i 

8-10 

.5000 

18() 

:jo I 

1 

10-4 

(>000 

205 

40 ; 

12-.2 

7000 

223 

,50 

!...... 

8000 

240 


XIII. Polarization of Resonanch: Radiation excited 
BY Unpolarized Light. In malving experinients on the 
polarization of resonance radiation, it is sometimes convenient 
to use an unpolarized exciting source, on account of the gain in 
light intensity thereby alTorded, and to be able to convert this 
data into a form which will be comparable with the expressions 








332 


APPENDIX 


developed in Cliap. v. Suppose that a parallel beam of exciting 
light is progressing in the Z direction (Fig. 70) and that obser¬ 
vations of the polarization of the resonance radiation are to be 
made along Y. In this case the electric vectors of the exciting 
light lie in the X.Y plane. Three interesting cases arise for 
computation. 


(1) /Strong Magnetic Field in Direction of Incident Beam. 
In this case the electric vectors all lie perpendicular to the 
field so that 6 —v 12, and the polarization is P ^ . 


(2) Strong Magnetic Field at Might Angles to Incident Beam 
and Observation Direction. With the field parallel to X we may 
resolve the incident light into two polarized components. One 
polarized parallel to the field (Jn) and one perpendicular to this 
{I s_). To calculate the polarization, we write down the following 
equations, which follow from Eq. (182): 


A ^ 

- ^ 


cr 




A ^ 




/ 

" 2 ^A^i^ + A„h- 


A ^ 

cr 




o 




A 

_ " 4 (» 

4 ^ 


The polarization is now P, defined by 

p_ l(I'||) + |(Ij_) —T7(/||)-7^(/ 1 ) 
i{I\\) + ${lA.)^rj{I\\)^'g{I^)' 

Remembering that = and using Eq. (187), a short 
calculation shows that 


P = 


.(218), 


4-P„ 

where P\\ is the polarization observed with the incident light 
polarized parallel to the field H which is also parallel to X. 


(3) Zero Magnetic Field. If the resonance tube is situated in 
a zero magnetic field, we must make an application of the 
Principle of Spectroscopic Stability. Let the incident beam be 
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resolved into two components polarized at right angles to each 
other, the one parallel to X, the other parallel to Y. Let their 
intensities he and ly respectively. Consider first the reso¬ 
nance radiation due to excitation by the component polarized 
parallel to X. On account of spectroscopic stability we must 
assume, in this case, that the resonance tube is situated in a 
small magnetic field parallel to X. This will give rise to reso¬ 
nance radiation one component of which will be polarized 
parallel to X, and which we shall call The other com¬ 

ponent will be circularly polarized about the field, but we shall 
see only the projection of this, since we observe in a direction 
perpendicular to the held. This radiation will be polarized 
along ^ and will be called T'or excitation by ly ? how¬ 

ever, we must assume a small field parallel to the observation 
direction. The emitted resonance radiation will then consist of 
a part linearly polarized along Y, which will not be seen by the 
observer, and a part which will be circularly polarized about Y. 
This latter may now be resolved into two components of equal 
intensity polarized parallel to X and Z, respectively, which we 
may call 77 ^ (-^y) and 77^ (iy)- Furthermore, it is obvious that 

Vx ( ^ y )~ Vz ( ^ y)“'’?;? ( ^x) • 

The intensities of the comx)onents polarized x^arallel to X and 
Z, respectively, may be called 

^ i^x) ■!“'Hx ( ^y) “ ^x i^x) b Vz i ^x) 
and V = 'nzi^Y)-^Vzi ^x) = ^x )• 

The polarization is then given l)y 

7 > ^ V X (^ X) Vz ('^x) 1 <n 

€ + v'^^x(ix) + -ivAJ^) . 

If, on the other hand, we had measured tlie polarization (in zero 
field) of resonance radiation, excited by light of intensity 
polarized in the X direction, we should have found a com¬ 
ponent polarized parallel to X, ixi^x)^ and components 
circularly |)olarized about X, of wliicli we sec only the projec¬ 
tion 77^ (Ty)- The |7olarization in this case is 

P „ ^x ( ^x) x) 

^ ^x(/x) + '>?;^(^x) 


( 220 ). 





APProix 




INDEX 


Absorption, 118, 323 If. 
by excited atoms, 44 
in magnetic field, 127 
of hyperfine structure components, 
126, 127 

of resonance radiation, 165 
stimulated by collisions, 113, 114 
Absorption coefficient, 92, 93, 97, 

99 f¥., 117, 128, 130, 319 
area under the, 116, 117 
at the centre of a resonance line, 117 
at the edges of a resonance line, 128 
equivalent, 200, 201 
Absorption line, 92 
central region of, 102 
form of, 185 
half breadth of, 93 
shift of, 174 

Angle of maximum polarization, 267, 

' 297, 299, 300 
Angular momentum, 4 
Anomalous dispersion, 141 if. 

Arcs with circulating foreign gases, 25 
with stationary foreign gases, 22 ff. 
without foreign gases, 21 
Argon, metastahle atoms of, forniation, 
243 

metastable atoms of, lifetime, 240 
As, fluorescence of, 17 
Asymmetric broadening, 174 
Asymmetry of a line, 180, 182 

IBa, resonance line of, anomalous dis¬ 
persion, 144 
Bi, fluorescence of, 17 
Breadth of tlio absorptitjn line, 93 
Broad line excitation, 289 
Broadening of an absorption line, 98 

Ca, resonance line of, auomaloxis dis¬ 
persion, 144 

Cario-Lochte-Holtgrcvcn lamj), 26, 27 
Cd, absorption coelficient of, 124 
energy levels of, 55 
excitation curves of, 149, 150 
hyperfine structure of, 291 
Cd arc, 22 

Cd excited atoms, mean life, 280 
quenching by collisions, 225 
Cd hydride, 79, 80 

Cd lines, magnetic, depolarization of, 
279, 280 

polarization of, 304 


Cd resonance line, /-value, 135 
half lifetime, 135 
Cd resonance radiation, 15 
polarization of, 279, 280 
cj[uenching of, 190 
Cd stepwise radiation, 54 
Central region of the absorption line, 
102 

Classification of the states, 4, 5, 6, 7 
Collision, connected with photo-ioniza¬ 
tion, 215 

involving the enhancement of spark 
lines, 217 
meaning of, 154 
of the first kind, 57 
of the second kind, 57, 69, 166 ff., 
220 

of the second kind, cross-section, 
214 

of the second kind, efficiency of, 66 
perturbing, 156 

stimulated emission and absorption, 
113,114 

Conservation, of angular momen¬ 
tum. 78 

of multiplicity, 69, 70 
Cross-.section, depolarizing, 311 
effectivo, 155 

for Lorontz broadening, 170, 171 
of metastahle atoms, 247, 249, 253 
of quenching, 206, 210, 211, 213 
of second kind collisions, 214 
Crossed specti'a, 17 

Cs, photo-ionization by collisions, 215, 
216, 217 

polarization of the roBonanec line, 
143 

Cs ihiorcscenec, 19, 20 
Cs resonance line, /-value, 135 
half lifetime, 135 

Damping, 186 

Decay constant of resonancje radia¬ 
tion, 229 If. 

Decay of motastablo. atojns, 238, 239, 
251, 263 

Dc<!omposition by excil.ed atoms, 83- 
86 

Degenerated levels, 269 
Degree of pcxlarization, 267, 271, 275, 
288, 289 

Depolarization, by collision, 308, 309 
magnetic, 270, 271 
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Diffuse l)ands associated, with, resonance 
radiation, 89 
Diffuse series, 5 

Diffusion of metastable atoms, 246 ff. 

cross-section, 247, 249, 253 
Dispersion electrons, 96 
Dispersion fornaula, 140 ff. 

Dissociation, of by excited atoms, 

72 ff., 80 
of Nal, 204, 205 
Doppler breadth, 99 
Doppler broadening, 160 
Doppler line, transmission of, 201 
Doublet spectra, 6 

Edges of tbe absorption line, 103, 104 
Einstein A coefficient, 94 ff., 110 
Einstein B coefficient, 94 ff. 

Einstein theory of radiation, 93 ff. 
Electron excitation function, 149 
Ellett tube, 22 

Emission, of a resonance lamp, 106 
stimulated by collisions, 113, 114 
Energy discrepancy, 220, 221, 225 
Energy level diagrams, 8 
Enhancement of spark lines, 217 
Excitation curve, 150 
Excited atoms, absorption by, 44 
rate of destruction (quenching), 198 
rate of formation, 196, 197 
Excited state, mean life of, 10, 11 

Eluorescence, 11 

effect of foreign gases on, 47 ff. 
sensitized, 67 

sensitized, intensity relations in, 68 
Flux of radiation, 196 
Franck-Condon curves, 176 
Fiichtbauer’s experiment, 45, 46 
/-value, 96, 146, 147 

H 2 -I-C 2 H 4 reaction by excited Hg 
atoms, 82 

H 2 + CO reaction bv excited Hg atoms, 
82 

Ha + EgO reaction by excited Hg 
atoms, 82 

ElsOg formation by excited Hg atoms, 
81 

Ho + O 2 reaction by excited Hg atoms, 
74 

Half breadth, natural, 161, 180 
Half lifetime, 123, 135 
He metastable atoms, formation, 244, 
245 

lifetime, 240 


Hg, absorption coefficient of, 123, 126 
energy interchange with molecules 
of, 221 , 222 
energy levels of, 8 , 9 
excitation curve of, 149, 150 
hyperfine structure of, 292 
index of refraction, 141 
Hg arc, 21 

Hg excited atoms, 71 
activation of Hg by, 76 
chemical reactions effected by, 74, 
81, 82, 83, 84 
decomposition by, 85, 86 
half lifetime, 123, 307 
quenching by collisions, 223, 224 
Hg hydride, 77, 78, 79 
Hg 2537 line, depolarization, 298 
hyperfine structure, 37—39, 294 
hyperfine structure, Zeeman levels, 
293 

polarization, 262 
pressure broadening, 162, 163 
Stark effect, 313, 314 
Zeeman effect, 268, 269 
Hg 2656 line, 52 
Hg metastable atoms, 235 
diffusion cross-section, 253 
formation, 250 
HgO formation, 83 
Hg quenching cross-section, 204 
HCg- rare gas bands, 87, 88 
Hg resonance line, anomalous disper¬ 
sion, 143 

Hg resonance radiation, 14, 15 
Lorentz broadening by A, 169 
quenching of, 188 
quenching curve, 95 
Hg stepwise radiation, 44 ft’., 304 
hyperfine structure of, 52 
Hg Zeeman levels, 305 
Holtsmark broadening, 183 
theory of, 183 ff. 

Hook-method, 142 
Houtermans’ lamp, 25 
Hyperfine structure, 34 
absorption of, 126, 127 
Hyperfine structure pattern, 37 
Hyperfine structure of resonance radia¬ 
tion, 39—42 

Hyperfine structure of stepwise radia¬ 
tion, 52 

Hyperfine structure quantum number 
(/)> 35 

Hyperfine structure Zeeman levels, 286 


Index of refraction, 96, 325 
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latensity, of a line, 11 

of a resonance line, 115, 116 
Interval rule, 8 
Isotopic shift, 37 

j-selection rule, 6 

K. resonance line, anomalous disper¬ 
sion, 143 
/-value, 135 
half lifetime, 135 

Larmor precession, 267, 270, 271 
Li resonance radiation, 14 
Lifetime measurements, 110 tf., 146 ff. 
Lifetime of excited atoms, 94 
Lifetime of metastable atoms, 236-238, 
240 

Light sources for exciting resonance 
radiation, 20 
Line, intensity of, 11 
self-re versed, 194 
Line absorption, 118 ft'., 322 
Line fluorescence, 16 ft. 

Line spectra, 2 
Lorentz broadening, 158 ft. 
effect on quenching, 193 

frequency distribution, 182 

quantuni theory of, 175, 177 11. 
Lorentz half-breadth, 160 
Z-selection rule, 4 

Magnetic depolarization, 270, 271 

effect of hyperlinestructureou, 296 ft. 
Magneto-rotation, 133 ft., 325 
Mean life of an excited state, lO, 11 
Mercury, sea Hg 
Metastable atoms, 65 

decay of, 238, 239, 251, 253 
diffusion of, 246 If. 
lifetime measurement, 236—238 
Metastable states, 10 
Monochromatic ligl»t, 20 
Multiplets, 7 
Multiplicity, 7 

Na, energy levels of, 11, 12 

e.xcited atoms of, qucnc-hing, 226, 
227 

Na D line. Stark effect of, 313, 314 
Na flame, Ijorcntz broadening of, 
170-173 

Na fl\iorescence, 18, 19, 62 
Na lines, polarization of, 302, 303 
Na metastable atoms, formation, 241 
lifetime, 240 


Na quenching cross-section, 209 
Na resonance line, anomalous dis¬ 
persion, 143 

asymmetric broadening, 175 
Na resonance radiation, 12, 14 
Lorentz broadening of, 164, 166 
polarization of, 272 If. 
quenching of, 189, 206 
Na sensitized fluoreseeiice, 62, 67 
Na Zeeman levels, 272 
Nal, optical dissociation of, 204, 205 
Narrow line excitation, 289 
Natural broadening, 160 
Natural damping, 100 
Natural damping ratio, 101 
Natural half-breadth, 161 
Normal state, 8 
Nuclear spin, 35, 36 

Oj-formation, 82, 83 
Opacity, 199, 233, 234, 330, 331 

Paschen-Back effect of hyperfino 
structure, 301, 302 
Pauli-Houston formula, 150 
Pb fluorescenee, 17 
Photo-ionization by collisions, 215 
Idiotosensitized reaction, 71 
Photosensitizer, 71 
Pi rani’s lamp, 24 

1 Polarization of the resonance radia¬ 
tion, 259 if., 331 If. 
effect of an electric field on, 314, 315 
effect of hyperfino structiu’e on, 
284 tf. 

effect of pressure on, 276, 277 
theory of, 264 ft'. 

1 Potassium, .see iv 
IPressuro broadening, 98, 161 
fprineipal series, 5 

iPrinciple of inicroscopie rcvorsLbility, 
56 

l*roba,bility of transition, 11 

tiiuantum mcclmnical resonance, 66 
Quantuni nntnbcr/, 35 
t,),uantum number i, 35 
, tjiuaatum number/, 5 
CJiuantum nviml)er I, 3 
Quantum mim!a;r w, 268 
Quantum number n, 4 
ciuanturn number .s, 5 
C^,uantum weight, 8 
Quont; lung, 33 

8 tern-Volmer formula, 192 
Quenching ability, 191 
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Quenching collisions, number of, 208 
theory of, 218 fif. 

Quenching cross-section, 202, 204 
dependence on velocity, 210, 211, 
213 

Quenching curve, 188, 201 
Quenching of excited atoms, 198 
Quenching of resonance radiation, 
187 ff. 

Quenching of sensitized fluorescence, 
65 

Radiation, scattered, 199 
Radiation density, 94 
Radiation dijflusion, 196 ff. 

Radiation intensity, 94 
Rb resonance line, anomalous disper¬ 
sion, 143 

Reactions sensitized by excited metal 
atoms, 86 

Resonance, quantum mechanical, 66 
Resonance bulb, 32 
Resonance lamp, 28, 29, 30, 31, 107 
Resonance line, intensity of, 115, 
116 

Resonance radiation, 12, 16 
absorption of, 165 
decay constant, 229 fl. 
hyperfine structure of, 39—42 
polarization of, 264 ff. 
quenching of, 187 ff. 
secondary, 106—108 
Ritz combination principle, 3 
Rydberg constant, 3 

Satellites, 34 
Sb energy levels, 18 
Sb fluorescence, 17 
Scattered radiation, 199 
Schuler tube, 23 
Selection rules, 4, 6, 35 
Self-reversal, 21, 194 
Sensitized fluorescence, 59 ff. 
intensity relations in, 68 
quenching of, 65 
Sharp series, 5 


' Shift of the absorption line, 174, 180 
Sodium, see !Na 
Specular reflection, 31, 32 
Spin, 5 

Sr resonance line, anomalous disper¬ 
sion, 144 

Stark effect, 312 fl. 

Stepwise excitation, 44 ff. 

Stepwise radiation, 45 
Stem-Volmer formula for quenching, 
192 

Subordinate series, 5 
Sum rule, 8 

Tl, sensitized fluorescence of, 61 
T1 energy levels, 16, 212 
Tl excited atoms, quenching by colli¬ 
sion, 228 

Tl fluorescence, 16, 61 
Tl line fluorescence, 280, 281 
Tl resonance line, /-value, 135 
half lifetime, 135 
Tl vapour, quenching by, 65 
Tl Zeeman levels, 281 
Total absorption, 130 
Total angular momentum /, 5 
Transition probability, 11 
Transmission of a Doppler line, 201 

Vector model, 35 

Wave number, 8 

Xenon, excited atoms, 80 

Zeeman effect, 268 

Zeeman levels, hyperfine structure of, 
286 

Zeeman transition probability, 273 ff. 
Zn arc, 22 

Zn excitation curve, 149, 150 
Zn hydride, 80 

Zn resonance line, polarization of, 280 
Zn resonance radiation, 15, 16 
Zn sensitized fluorescence, 63, 64 
Zn stepwise radiation, 56 
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